SECT [ON 1 

MECHANICS AND 
HYDRAULICS 

By J. J. CIARK, M.E. 

(PART 1) 

STATICS 

NEWTON’S THREE LAWS OF MOTION 

1. Mechanics is that branch of science that treats of forces and 
their action on bodies to produce equilibrium or motion. Me¬ 
chanics is usually treated under two main headings: statics and 
dynamics. 

Statics treats of forces that produce equilibrium; that is, of the 
conditions that cause a body to be at rest or to be in uniform recti¬ 
linear motion when acted on by forces. Dynamics treats of the 
motion and change of motion of bodies when acted on by forces. 

2. Force was defined in Elements of Physics, and was there 
shown to be equivalent to a push or a pull. Throughout this 
Section, under the head of Statics, force* will be considered as 
equal to equivalent weights; that is, a force of, say, 10 pounds will 
be considered as equivalent to a weight of 10 pounds. 

3. Comparison of Forces.—In order to compare forces, it is 
necessary to know four things regarding every force, viz.: 

(o) The magnitude of the force (the value of the equivalent 
weight). 

(6) The line of action of the force (the right line along which 
the force tends to move the point of application). • 

(c) The direction along the line of action. 

(d) The point of application (the point of the body at which 
the force acts or may be considered as acting). 

The necessity for the fulfillment of these four requirements will 
be made evident by what follows, 
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4. Representing a Force by a Line.—A right line combined 
with an arrowhead will completely represent a force. Thus, in 
Fig. 1, if R is the point of application, the arrowhead 
indicates that the force acts from B toward A, along BA, the 
line of action—the line along which the force tends to move the 
point of application. Now, if the length of the line bo such that its 
length multiplied by some number will give a product having the 

same value numerically as the 
Pv. ^ number of pounds weight that 

/ the force equals, then the line 

BA represents the force com- 
pletely. If the length of BA is, 
/ say, .97 in., and 1 inch repre- 

/ sents 60 pounds, BA represents 

j .97 X 60 = 68.2 lb. the magni¬ 

tude of the force. The arrow¬ 
head shows that the force acts from B toward A; if it acted 
from A toward B, the direction of the arrowhead would bo 
reversed, and would then point toward B. The line BA is 
called the line of action or action line, and like all right lines, 
is indefinite in extent. 

To draw a force, first draw the line of action; locate on this line 
the point of application; place an arrowhead on the line, to 
indicate the direction in which the force tends to move the point 
of application; and, lastly measure off in the given direction a 
length that will represent the magnitude of the force. Thus, 
suppose several forces arc to be laid off to a scale of 60 lb. = 1 
in.; if one of those forces were 68.2 lb., its point of application 
were B (Fig. 1) its line of action BA, and its direction from B 
toward A, draw a line through B parallel to BA (it will coincide 
with BA in this case), place the arrowhead as shown, 
and measure off 58.2 -t- 60 = .97 in. from B; then BA 
will represent the force. If the magnitude of this force had 
boon 160 lb., the length of the line to the same scale would be 
160 ^ 60 = 2.6 in. 

Suppose it were desired to draw a force of 114 lb. at right 
angles to BA, acting toward and at the point C, the scale being 
the same as before. From C, draw CD at right angles to BA, 
lay off from C 114 -r 60 = 1.9 in. = CD, draw the arrowhead 
pointing toward C, and DC represents the force. (The line is 
read in the same direction that the force acts.) 
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6. Three Laws of Motion.—The laws connecting force and 
motion were first stated by Sir Isaac Newton (1642-1727), the 
discoverer of the law of universal gravitation; they are called 
Newton’s three laws of motion. These laws were first stated in 
Latin, and consequently the wording in English by different 
authors varies sli^tly. As here stated, the language is that of 
J. Clerk Maxwell, one of the greatest of modern mathematicians 
and scientists. 

First Law.— Every body ■perseveres in its state of rest or of moving 
xyniformly in a straight line, except insofar as it is made to change 
that state by external forces. 

■ This law means that if a body is free to move in any direction 
and has motion, the direction of motion will be a straight line 
and the velocity will be uniform. To change the direction of the 
motion or to change the velocity requires that some force or forces 
outside of the body {external forces) act on the body; no force 
acting within the body {internal force) can have the slightest 
effect in changing the motion of a body, either in direction or 
velocity. The reason that a locomotive moves is because the 
steam, an internal force, moves the piston, which causes the 
connecting rod to turn the crank and with it the drivers; the 
friction between the drivers and the rails causes the locomotive 
to move ahead. All the forces are here internal forces except 
the friction, which is an external force. If the rails were per- 
, fectly smooth, there would be no friction, and the locomotive 
would not move. It is to be understood that change of motion 
here means change cither in direction or velocity or both. 

The first law of motion is frequently called the law of inertia 
(see definition of inertia in Elements of Physics), and it states 
that only the action of an external force can change the state of 
rest or of motion of any body. The law does not apply, of 
course, to gases, all of which expand and fill vessels of any size, 
no matter how large, but it does apply to every liquid and solid. 

6. Second Law .—Change of motion is proportional to the im¬ 
pressed force, and takes place in the direction in which the force is 
impressed. 

This law may otherwise be stated as follows: change of motion 
is proportional to the acting force, whether it act alone or in com¬ 
bination with other forces, and whether the body be at rest 
or in' motion; and the acting force tends to move the body in the 
direction of its action line. 
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According to this law, if a body is acted on by two or more 
forcea, the final result will be the same, however the forces act. 
That is, the forcra may all act simultaneously or one may act, 
then another, and so on until all have acted. For example, if a 
stone be thrown in a horizontal direction from a height, say a 
height of 20 feet, and another stone be dropped from the same 
height at the same instant, both will strike the ground at the 
same time, because the acceleration due to gravity being the 
same and the height of the stones above the ground being the 
same, gravity acts with the same specific force (force per unit of 



mass) on both stones and pulls them to the ground in the same 
time. The force acting to make one stone move in a horizontal 
direction is at right angles to tlie force of gravity (a vertical force) 
and has no influence in altering the effect produced by gravity, 
lieferring to Fig. 2, lot 0 be the stone acted on by the horizontal 
force F, and let OC be the height of the stone above the ground; 
let t be the time it takes the other stone to fall through the height 
OC. Now suppose the force F is just sufficient to cause the 
stone to strike the ground at B. Draw BA vertical and OA 
horizontal, the two lines intersecting at A; then OABC is a 
rectangle, and AB = OC; also, OA = CB. If gravity did not 
act, the force F would carry the stone to A in the time t; but 
since gravity does act during the entire time t and produces a 
variable velocity (acceleration) downwards, the path of the body 
will be the curved line OB. One stone travels a much greater 
distance than the other, but they both travel the same vertical 
distance under the action of gravity. 

That both stones will strike the ground at the same time-may 
be easily proved by direct experiment. 
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7, Third Law of Motion.— Reaction is always equal and oppo¬ 
site to action, that is to say, the actions of two bodies upon each other 
are always equal and in opposite directions. 

This law may otherwise be stated thus: to every action (force) 
there is always opposed an equal action (force), called the re¬ 
action, which has the same line of action as the acting force, but 
is opposite in direction. 

Examples of this law are everywhere. A book rests on a table; 
the book presses against the table, and the table reacts and presses 
against the book. This is readily seen in the case of a mass of 
soft dough or putty; the reaction flattens it out at the surface of 
contact and changes the shape throughout the mass. One cannot 
lift one’s self by pulling on one’s boot straps, because the pres¬ 
sure of the fingere against the straps is balanced by the force 
(reaction) with which the straps press against the fingers, one set 
of forces acting upwards and the other set downwards. This 
explains why, in accordance with the first law, an internal force 
cannot change the motion of a I)ody. Unless great care is exer¬ 
cised, a person cannot jump from a small row boat in open water; 
the downward force exerted on the boat has a reaction, but the 
force opposing the movement of the boat is so small that, unless 
the jump is a vertical one or very nearly vertical, the boat will 
move from under him and ho will fall into the water. If the boat 
is immovable, however, then the jump can be made, because the 
reaction will then be balanced by an equal force holding the 
boat. 

The whole science of mechanics rests on the principles just 
explained in connection with the three laws of motion; and since 
frequent applications will be made of these principles, further 
discussion of them will not be given here. 
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COMPOSITION OF FORCES 

8. Definition.— By composition of forces is meant the process 
of finding a single force that will have the same effect on the body 
as the several forces that are considered as acting on it. Unless 
otherwise stated, all forces will be considered as acting in the same 
plane, and their lines of action will be assmned to pass through 
the center of gravity of the body. 
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The single force that is equivalent in effect to the action of 
several forces is called the resultant of those forces. The method 
of finding the resultant of two forces will first be considered. 

8. When Two Forces Have the Same Line of Action.—In Fig. 3, 
let BA and DC represent in magnitude and direction two forces, 
of 156 and 108 lb. respectively, the lines of action being parallel 
and the point of application being A'. As indicated by the arrows. 
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both forces act in the same direction. Through A', draw B'A' 
parallel to BA = 156 lb. If the scale is 1 in. = 80 lb., make 
B'A' equal in length to 156 -5- 80 = 1.95 in. Place an arrow¬ 
head on B'A', as shown. Since DC has the same direction as BA, 
produce A'B', lay off B'D' = 108 80 = 1.35 in., and place the 

arrowhead on D'B' = D'C, as shown. Then B'A' = 1,56 
-|- 108 = 264 lb., is the resultant of the two forces, and it will 
produce the same effect on the body as the two forces. 

If, however, one of the forces, say DC be reversed, so that the 
two forces act in opposite directions, draw B'A' (Fig. 4) as before; 
then, if A' is the point of application, lay off B'D' =DC= D'C'. 

Evidently, D'C' destroys 

4 « US. , . jj ^ B'A', 

p 108 It. ^ _p the remaining part D'A' = 

It. »' 

'* * B' *“ c' resultant, which is equal in 

Fiu. 4. magnitude to 156 — 108 = 

48 lb. *1116 result is similar 


in effect to the action of two forces, one of 156 lb. acting on one 
side of a body and another of 108 lb. acting in the opposite 
direction on the other side of the body. The greater force tends 
to make the body move in the direction in which the force acts, 
and its value is equal to the original force minus the opposing 
force. The method of drawing the resultant for this case is 
indicated in Fig. 4. 


If care has been exercised in drawing Figs. 3 and 4, it will be 
found that the length of D'A' in Fig. 3 is 3.3 in.; and since 1 in. 
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= 80 lb., jyA' = 3.3 X 80 = 264 lb. SimUarly, D'A' in Fig. 4 
will be found to have a length of .6 in., and D'A' = .6 X 80 
= 48 lb. 

10. When Two Forces Have Different Lines of Action.—^Let 
the magnitudes of the two forces be the same as before, both 
having the same point of application, but with the directions 
indicated by BA and DC in Fig. 5. If 0 is the point of applica¬ 
tion, draw OE parallel to BA; using the same scale as before. 



make OE = 156 -5- 80 = 1.95 in., and place the arrowhead as 
shown. Through 0, draw F'F. If arrowheads are placed on 
OF' and OF, it remains to be determined which of these two seg¬ 
ments of F'F is to be taken as representing DC. This point is 
settled by always drawing the two forces so that both wiU act 
toward or both away from the point of application. Here OF and 
OE both act away from the point 0; but OF' acts toward 0, 
while OE acts away from 0; hence, make OF = 108 -s- 80 
= 1.35 in. Now draw EG parallel to OF and FG parallel to OE; 
they intersect in 6, and the four lines make up the parallelogram 
OEGF. From 0, the point of application, draw the diagonal OG, 
and OG will represent the resultant in magnitude, direction, and 
position; in other words, it represents the resultant completely. 
This result follows at once from the second law of motion; 
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because the force BA would carry the body from OioE, and the 
force DC would carry the body from E to G, EG being equal to 
OF = DC. Measuring OG, its length is found to be 1.2 in.; 
hence, the magnitude of the resultant is 1.2 X 80 = 96 lb., and 
its direction is from 0 toward G. 

If the direction of one of the forces, as DC, be reversed, draw 
OE = BA from the point of application 0, as before; then, 
referring to Fi^. 5 and 6, the force CD must be laid off in the 
direction OF', making OF = CD if both forces arc to act away 
from 0. Complete the parallelogram as shown in P'ig. 6 and 
draw the diagonal OG, which is the re.sultant, between the two 
forces OE and OF. Measuring OG, its length is found to be 
3.1 in., which multiplied by the scale gives 3.1 X 80 = 248 lb., 
the magnitude of the resultant. The direction of this resultant 
is from 0 toward G. 



11. To understand why the resultant is so much larger when 
the forces act as in Fig. 6, suppose EOF to be a flexible rope and 0 
to be a round pin; a pull on the end E of 166 lb. and on the end 
F of 108 lb. will produce a pressure on the pin of 96 lb. in the case 
of Fig. 5, and the pressure will tend to move the pin in the direc¬ 
tion OG, the resultant. In the case of Fig. 6, the pull on the pin 
is 248 pounds, and tends to move the pin in the direction OG, 
the resultant. If the two parts of the rope, OE and OF, were 
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parallel, the resultant would be parallel to both forces, and its 
magnitude would then be the sum of the two forces, or 156 + 108 
= 264 lb. As the ends of the rope spread outwards, the pull on 
the pin becomes less and less, until when the two parts of the rope 
become one, their center lines coinciding, as in F'OF, Fig. 5, the 
pressure on the pin becomes 0, and there is no tendency for the 
pin to move except in the direction of the greater of the two 
forces acting along the same line. In Fig. 6, the two parts of the 
rope are more nearly parallel than in Fig. 5; conse<iuently, there 
is a greater pressure on the pin in the case of Fig. 6 than in the 
case of Fig. 5. 



Exampm.—R eferring to Fig. 7, P is a pulley around which a rope is 
passed, one end of the rope being fastened to a staple in the floor and the 
other end having a weight IT of 54 lb. attached to it; what is the pressure 
on the axle 0 of the pulley and in what direction does it act? 

Solution. —Tlie force of 54 lb. is transmitted to every part (section) of 
the'rope, and must therefore exert a pull on the staple d of 54 lb. By the 
third law of motion, the staple pulls on the rope with an equal and opposite 
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force treaction) of 54 lb.; consequently, the part AB of the rope is pulled 
by the staple with a force of 54 lb. in exactly the same manner as though 
the staple were replaced by a force of 54 lb. acting in the direction BA. 
To draw the parallelogram of fo.-ces, it is convenient to produce AB and 
WC (B and C being the points of tangency of the rope and pulley) until 
they intersect in 1>. Assume /> to be the point of application and lay off 
DF = DE “ 54 lb. If a scale of 1 in. =30 lb. be selected, DE ~ DF ■= 

= 1.8 in. Complete the parallelogram by drawing EG parallel to DF and 
FG parallel to DE; they intersect in (7; draw DG, and it will be the resultant, 
it will act from D towards G, and will pass through the center of the axle O. 
Measuring DG, its length, in this case, is 3.5 in.; hence, the magnitude of the 
resultant is 3.5 X 30 = 105 lb., and it has the direction DG through the 
center of the axle. Ana. 

Note. —It may happf'n in aomn raaUB that when the lines on a eut are measured aecu- 
rately, their Icnatbs will be found to differ slightly from the lengths specified in the text. 
This is caused uy the fart that the original drawing was made to a larger scale than that 
given in the text and the engraver did not reiluee to the exact sise specified. The meas- 
urenicnts recorded in the text are correct, however. 

If the reader is doubtful about the correctness of the above 
reasoning, let him tie a string to a small weight, say the handle 
of a flatiron; lift the weight by pulling on the end of the string. 
Now tie the free end of the string to a nail or staple in the floor 
and raise the weight by means of a round stick, say a broom 
handle, by allowing the string to pass over the stick. He will 
note that it will require about twice as much of an effort as when 
he lifted the weight by pulling on the string. 



12. Triangle of Forces.—Referring to Fig. 6, the diagonal 
(resultant) OG divides the parallelogram into two equal triangles 
OEG and OFG; the sides OE and FG are equal, the sides OF and 
EG are equal, and the side OG is common. Since EG is parallel 
to OF, it must be parallel also to DC; hence, if 01? be drawn 
parallel to BA, 0 being the point of application, and the length 
of OE be made such that it will represent to some scale 156 Ib., 
it will represent the force BA fully. Now, having drawn OE 
= BA parallel to BA, draw EF from E, Fig. 8 (o), parallel 
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to DC, and make it equal to 108 lb. Joining 0 and F, the triangle 
OEF is equal in all respects to the triangle OEG, Fig. 5.; in other 
words, OF is the resultant of the forces OE — BA and FE = DC. 

To determine whether E'E or EF shall represent DC, note that 
in the triangle of forces and the polygon of forces (to be described 
presently), the sides representing forces follow one another so 
that, at any common meeting point, as E in Fig. 8 (a), the arrow¬ 
head on one force points toward the point of intersection and on 
the other force avMy from the point of intersection. Note that 
this is contrary to the rule for the parallelogram of forces. Hence, 
it is necessary to draw the line representing the second force from 
E to F; then OE points toward E and EF away from E; if drawn 
from E' to E, both forces point toward E. The appKcation of 
common sense will show whether two forces are acting so that 
one tends to increase or decrease the effect of the other. 

To determine the direction of the resultant, start with the 
point of application or the point that corresponds to it in the 
triangle, the point 0 in this case, and go around the triangle 
(as though tracing it) until the starting point 0 is reached; then 
make the arrowhead point in the opposite direction. Thus, 
starling at 0, move to E, then to F, then to O; hence, the arrow¬ 
head must point in the opposite direction, from 0 toward F. 

Fig. 8 (h) shows the application of the triangle of forces to the 
case of Fig. 6. OE is parallel and equal to BA, EF is parallel and 
equal to CD, and OF is the resultant. Either force may be 
drawn first; thus, drawing OE' parallel and equal to CD, and 
E'F parallel and equal to BA, OF is the resultant, as before. 
OE' points toward E', E'F away from E', and the resultant OF 
points from 0 toward F, which is opposite to the general direction 
OE'FO around the triangle. 

It wdl be noted that in the parallelogram of forces, the lines 
of action of all the forces and of the resultant pass through the 
point of application; but, in the triangle of forces, the second 
force does not pass through this point; it is, however, paraJkl to 
the line of action of the force passing through the point of 
application. 

The triangle of forces is a simpler figure to construct than the 
parallelogram of forces, and the principle can be better adapted to 
finding the resultant of more than two forces. It will give the 
resultant correct in magnitude, direction, and position, and that 
is all that is required. 
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13. The Polygon of Forces.—Suppose five forces, all in the 
same plane, to act on the point 0, Fig. 9, in the directions indi¬ 
cated by the arrowheads, and to have the magnitudes indicated. 
The line of action of the resultant will pass through 0, and it is 
recjuired to determine its magnitude and direction. Adopting 
a scale of 1 in. = 200 Ih., through any convenient point 0, draw 



t 
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OA parallel to one of the forces, say OM = 235 lb. Make the 
length of OA 235 -r 200 = 1.175 in. From A, draw AB parallel 
to the force ON (any other force might have been selected), 
and make the length of AH 155 -r 200 = .775 in. Selecting 
another force, say OQ, draw BC parallel to OQ and make its length 
210 -T- 200 = 1.05in. From C, draw CD parallel to PO and make its 
length 180 -i- 200 = .90 in. From D, draw DE parallel to SO and 
make its length equal to 170 4- 200 = .85 in. As there are now 
no more forces, join E and 0, and EO will represent the resultant 
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in magnitude; its direction will be from 0 toward E, in the op¬ 
posite direction to that of the forces around the polygon OAB- 
CDEO. Draw OT through the point of application, make it 
equal in length to OE, place the arrowhead so it points from T 
toward 0, and TO represents the resultant in magnitude, direc¬ 
tion, and position; it will produce the same effect on the body as 
the five forces MO, ON, PO, OQ, and SO. Finally, check up 
the sides of the polygon to be sure all the forces are included in 
direction and magnitude. 

That this method of finding the resultant is correct is easily 
shown. The resultant of MO and ON is R' — OB, and its direc¬ 
tion is from OtoB, combining this resultant with one of the other 
forces, as OQ, the resultant of R' — OB and OQ = BC is R" 
= OC, and its direction is from 0 to C; hence, R" is the resultant 
of the three forces OA, AB, and BC. Combining R" with one 
of the other forces, as PO, the resultant is R'" = OD, and its 
direction is from 0 to D; hence, R'" is the resultant of the four 
forces MO, ON, OQ, and PO. Finally, combining R"' with the 
last remaining force SO, R — OE is the resultant of all the forces, 
and its direction is from 0 to E. Measuring OE, its length is 
found to be 1.875 in., in this case; consequently, its magnitude 
is 1.875 X 200 = 3751b. 


14. The polygon OABCDEO is called the force polygon. 
When drawing it, it does not matter what force is used to begin 
with or the order in which the forces are 
• taken; if the drawing is accurately made, 
the resultant will be of the same length 
and will have the same direction, the 
only difference being in the shape of the 
polygon. Thus, in Fig. 10, the force MO 
was selected to begin with, as before; 
then FG = PO, GH = OQ, HI = SO, 
and IJ = ON were drawn, the resultant*^ 
being OJ. If the two force polygons 
OABCDEO and OFGHIJO are drawn to 
the same scale of forces on the same sheet, 
it will be found that OJ and OE are 
parallel and that their lengths are equal. 

This must be the case, since all five 
forces may be replaced by the single force TO, the resultant, and 
the resultant can have but one value. 



Fio. 10. 
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ExAUFUi.—Fig. IX is a scale drawing showing an arrangement of three 
pulleys over which a rope passes in the manner indicated. What pull at 
the free end Q is required to raise the weight W = Si pounds, and what is 
the resultant force acting on the axle 0 " of the middle pulley? 

Solution. —Assuming that there is no friction between the rope and 
the pulleys and that no force is required to bend the rope, the pull at (r is 
exactly the same ns the force exerted by the weight W, or 84 lb. TTiis force 
is transmitted through the entire rope between W and G and exists at any 
section between those points. The pull due to TF is indicated in the different 
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parts of the rope by the arrowheads o, b, d, and /; the reactions, or pull duo 
to G are indicated by the arrowheads, g, e, c, and o'. There are, therefore, 
two forces of 84 lb. each acting on the middle pulley, one along CBfrom C 
toward B and the other along VE from D toward E;A,B, C, I), E, and F are 
the points of tangenoy of the rope and pulleys. Prom 0", the point of 
application, draw 0"P parallel to CB; if a scale of, say, 1 in. = 100 lb. be 
adopted, the length of 0"P is 84 + 100 = .84 in. From P, draw PQ 
parallel to DE and make its length the same as 0"P. Join Q and 0", and 
0"Q is the resultant in magnitude, direction and position. Measuring 
0"Q, its length is found to be 1.225 in., in this case. Hence, the resultant 
0"Q = 1.225 X 100 = 122.5 lb. Ann. 

'The same result might have been obtained by means of the parallelogram 
of forces, but the method of triangle of forces is simpler and the figure is 
easier to draw. 


KSSOLUTIOH OF FORCES 

16. Resolving a Force into Two Components.—Let ABC, 
Fig. 12, be a horizontal plane surface, on which rests an iron 
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block H. Suppose the surface to be smooth and frictionless 
and to be hinged at B, so that the part BC can be raised and 
occupy positions making various angles with the horizontal. 
Let the weight of the block be 30 lb.; then, when in the position 
BC, the whole weight of the block presses downwards against 
BC with a force of 30 lb., and there is no tendency for the block 
to move in any other direction. If, now, the surface BC be 
raised to the position BC', carrying the block with it, the block 
will tend to slide down toward B, ajid the pressure against the 
plane will be less than before. If raised still farther, to BC", 
there will be a still greater tendency for the block to slide down. 



and the pressure against the plane will be still less also. When 
the plane has reached the position BC'" and is vertical, the entire 
force due to the weight of the block urges it downwards, and there 
is no pressure against the plane. The only force acting on the 
block is the force of gravity, which is in this case 30 lb.; but when 
the plane is in positions C and C", there is a force acting parallel 
to the plane, which tends to move the block downward. To 
find this force for position C', draw ON vertical through 0, the 
center of gravity of the block, and make it equal to 30 pounds 
to some scale; if the scale is 1 in. = 40 lb., the length of ON ■= 30 
-j- 40 = .76 in. Through 0, draw OB parallel to BC', and 
through N, draw NR perpendicular to BC'; then, ON may be 
considered as the resultant of two assumed forces, OR and BN. 
The force OR represents the force urging the block down the 
plane, and the force RN represents the force with which the block 
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presses against the plane, and both may be measured to the same 
scale as that used to lay off ON. 

The force ON is said to be resolved into two forces, called 
components, OR and RN. The components OR and RN might 
have been drawn in any direction, so long as they intersect, but 
if the pressure agiiinst the plane and the force acting down the 
plane arc desireil, they must be drawn as here described. For 
instance, if OR' be taken as representing in magnitude the force 
acting to move the block down the plane, join R' and N; then, 
OR' ami R'N arc components of ON. But R'N may be resolved 
into the two components R'R and RN, R'R coinciding with the 
action line OR and destroying the portion RR' of OR', thus 
leaving the force acting down the plane as OR, the value previ¬ 
ously found. Similarly, if OR" be taken as the force acting 
down the plane, join R" and N ; then R"N may be resolved into 
the two components R"R and RN. Since R"R and OR" have 
the same line of action and act in the same direction, the total 
force urging the block down the plane is OR" + R"R = OR, 
as before. 

For the position C", draw OS parallel to and PS perpendicular 
to BC"; then OS is the component of the force OP that mges the 
block down on the plane and SP is the component that presses the 
block against the plane. For the position C", OQ is the compo¬ 
nent urging the block down the plane; its value is the total force, 
30 lb., and there is no component perpendicular to the plane; in 
other words, this component is 0, because the component parallel 
to the plane coincides with the resultant. 

16. The foregoing serves to explain why it is, in general, haiyer 
to push a wheelbarrow than to pull it. Thus referring to Fig. 
13, let the circle represent the wheel, 0 the center of the axle, 
and AO the center line of the handles; suppose the ground MN 
to be level and that A'O is parallel to MN. Usually, the center 
line of the handles is above the horizontal A'O, in which case, 
let BO represent to some scale the force exerted in pushing the 
barrow with its load; its direction is indicated by the arrowhead 
o. Resolve this force into the horizontal and vertical components 
BC and CO, which act in the directions indicated by the arrow¬ 
heads b and c. The load carried by the barrow acts downward 
also; hence, this load is increased by a force represented in 
magnitude by the component CO. If, on the contrary, the bar- 
row is pulled, and OD, acting in the direction indicated by the 
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arrowhead a', representa the force exerted through the handles in 
pulling it, resolve OD into the horizontal and vertical components 
ED and OE, which act in the directions indicated by the arrow¬ 
heads 6' and d. Here OE acts upwards, and counteracts a part 
of the load, which acts downwards; this makes the force exerted 
through the handles less than when pushing the barrow. 

If the center line of the handles were horizontal, it would evi¬ 
dently make no difference whether the barrow were pushed or 



pulled, since there would then be no vertical component, the 
entire force acting in a horizontal direction. If the line of action 
were in the position A"0, below the horizontal, the conditions 
would be reversed and it would be easier to push than to pull; 
the vertical component then acts upwards against the load, when 
pusliing, as indicated by the arrowhead c". 

17. When several forces act on a body and their lines of action 
all pass through a common point, the forces are said to be concur¬ 
rent and are called concurrent forces. If the forces are con¬ 
current, they can always be replaced by a single resultant. Thus, 
the five forces in Fig. 9 arc concurrent and can be replaced by the 
single resultant TO, which is also concurrent with the five 
forces at the point 0. 

Since any number of concurrent forces has a single resultant, 
it follows that a single force may be resolved into any number of 
components; thus, if it were so desired, the resultant OE in 
Fig. 9 might be resolved into the forces OA, AB, BC, CD, and 
DE; then assuming a common point of application 0, the forces 
may be drawn as indicated in the left-hand part of the figure. 
Usually, however, a force is resolved into two components only, 
and it usually happens that the total force acting in some par¬ 
ticular direction is required. In such case, from one end of the 
2 
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given force, a line is drawn parallel to the required direction and 
from the other end, a line is drawn perpendicular to the line first 
drawn. The distance from the point of intersection to the end 
of the line representing the force, measured in the required direc¬ 
tion, is the magnitude 
of the desirctl com¬ 
ponent measured to 
the same scale as the 
given force. Thus, in 
Fig. 11, if it were 
desired to find the 
force tending to lift 
the middle pulley 
vertically, find the 
resultant 0"Q as be¬ 
fore; from 0", draw 
0"Q' vertical (the 
desired direction) and 
from Q, draw CIO'per- 
i pendicular to 0"Q'; 
t then 0"0' = 118 lb. 

is the force that tends 
‘•“’to move the pulley 
vertically upward, 
and Q'Q = 33 lb. is a 
force that tends to 
move the pulley side- 
wise in a horizontal 
direction. The action 
of both these com¬ 
ponent forces tends 
to move the pulley 
along the line 0"Q, 
and it would move along this line if the pulley were not restrained, 
that is, kept in place by some means, in this case, the bearings 
that enclose the axle of the pulley. 
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Examplb.— Referring to Fig. 14, ABC is a bracket attached to a vertical 
wall; from the vertex B, a weight of 600 lb. is suspended, what forces act in 
the arms AB and BC and in what direction? 

SoLOTiON.—Selecting a scale of say 1 in. ■= 260 lb., draw OX vertical 
and make its length 600 + 260 - 2 in. From 0, draw OM parallel to AB-, 
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from Nf draw NM parallel to CB^ thou OM repreaenta (to the aame scale) 
the force acting in the arm AB, and its direction is from A to B; JIf iV rep¬ 
resents the force acting in the arm CB, and its direction is from B to C. 
There is, therefore, a pull in the arm A B and a push in the arm CB. Measur¬ 
ing OM and MN and multiplying by the scale, 2,50, the force in AB is found 
to be SIS pounds, and the force in CB is found to be 590 pounds. Ans. 

Referring again to Fig. 14, if OM be resolved into its hori¬ 
zontal and vertical components PM and OP, and MN be also 
resolved into its horizontal and vertical components QN and 
MQ, it will be noted that MQ is parallel and equal to PN, and 
since OP and MQ act in the same direction, the total downward 
force due to the components OM and MN is OP -1- PN (= MQ) 
= ON = ,500 lb., as it should. 

That the total force acting in AB is represented by OM is 
easily shown. The force acting in AB due to the weight W of 
500 lb. is found by drawing OS parallel to AB (coinciding with 
OM) and NS perpendicular to OS; then 1F(= ON) exerts a 
force OS, acting from 0 to S as indicated by the arrowhead b, in 
the arm AB, But this arm is also acted on by a component of the 
force acting in the arm CB. Considering ON (= IF) and OS 
as two separate and distinct forces, their resultant is SN, which 
acts from S toward N, as indicated by the arrowhead c. This 
resultant force SN may be resolved into the two components 
SM and MN, which act in the directions indicated by the arrow¬ 
heads / and o. Then, the total force acting in AB is equal to 
OS -f SM = OM. That the force acting in OM is greater than 
that due to the weight W will be apparent when it is considered 
that the weight W produces a downward force in MN, acting 
from M toward N; this produces a reaction at N that acts from 
N toward M, which can be resolved into the two components 
NS and SM. In a similar manner, it can be shown that lie total 
force in BC acting from B to C is represented by MN. 

Note that PM, the horizontal component of OM, and QN the 
horizontal component of MJV, are equal in magnitude, but opposite 
in direction; this fact will be referred to later. (Art. 29.) 

18. The Equilibraat.—^Referring again to Fig. 9, the resultant 
of the five concurrent forces is TO. Produce TO to T', making 
OT' equal to TO. The action of the five forces, as represented 
by the resultant TO, tends to move the body along the line OT'. 
If, now, a force T'O acting from T' toward 0 and equal in magni¬ 
tude to TO be applied to the body, it will counteract the result- 
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ant TO completely, and the body will have no tendency to move, 
that is, it will be in equilibrium under the action of 
the six forces MO, ON, PO, OQ, SO, and T'O. This force T'O, 
required to produce equilibrium, is called the equilibrant; it is 
always equal and opposite to the resultant. In the force 
polygon, the force T'O will be represented by EO, and its direc¬ 
tion will be represented by an arrowhead pointing from E 
toward 0. There will then be no resultant, because the poly¬ 
gon is dosed and there will be no side to draw to complete 
it. In Fig. 10, the equilibrant is JO, acting from J toward 0. 
Note that the equilibrant has the same general direction around 
the polygon as the other forces. 

Whenever the force polygon closes, there is no resultant; but 
when the polygon does not close, it must be made to close, as in 
Figs. 9 and 10, and the closing side is the resultant. A force 
equal and opposite to this is the equilibrant. Therefore, to 
produce equUihrium, the force polygon must close. This statement 
is a very important law. 


questions 

(1) When rowing a boat, what causes the boat to move? Explain in 
accordance with the laws of motion the effect pmduced by the oars. 

(2) What is the force called that is equal and opposite to the resultant, 
and how is it determined? 

(3) Show that the principles governing the composition and resolution 
of forces are a direct consequener! of the second law of motion. 

(4) What is meant by concurrent forces, and when are forces said to 
concur? 

(5) State the third law of motion, and give a practical illustration showing 
how it is applied. 

(6) Suppose four forces to concur at a given point. Draw lines to indi¬ 
cate their directions (which may be selected at pleasure), and mark on them 
their magnitudes (state the scale chosen); then construct the force polygon 
and find the magnitude and direction of the equilibrant. 

(7) Draw a line in any direction except vertically or horisontally, make 

its length represent a force to some convenient scale, and resolve this force 
into two components, one component perpendicular to the other and equal 
in magnitude to one-sixth the force; what is the value of the other 
component? Ane. .986 given force. 
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MOMENTS 

19. Taming Force or Torque.—^Fig. 15 shows a round iron bar 
of uniform cross section and density throughout and balanced on 
a knife edge over its center of mass (center of gravity), thus mak¬ 
ing OA = OB. At points C and D, near cither end, and equally 
distant from 0, equal weights W and Z arc suspended. The 
weight Z tends to make the 
bar revolve about 0 as a 
center in the direction of 
the hands of a watch; the 
weight W tends to cause 
the bar to rotate alwut the 
same center 0 in a direc¬ 
tion opposite to that of 
the hands of a watch. 

Since the two weights are equal and their distances from 0 are 
also equal, the tendency to rotate in one direction is counter¬ 
acted by an equal tendency to rotate in the other direction, with 
the result that the bar and the weights are in equilibrium. 

20. When looking at a revolving body, the plane in which it 
revolves, called the plane of rotation, is assumed to be perpendic¬ 
ular to the line of vision (like the dial of a watch or clock); if the 
rotation is in the direction of the hands of a watch or clock, it is 
called clockwise or right-hand rotation; but, if in the opposite 
direction, it is called counterclockwise or left-hand rotation. 
Further, right-hand rotation is usually considered as positive or 
•f and left-hand rotation as negative or —. In Fig. 15, Z tends 
to produce right-hand rotation, and W tends to produce left-hand 
rotation. 

21. If W, Fig. 15, be moved to the position W', it is evident 
that the tendency to right-hand rotation will be greats than the 
tendency to left-hand rotation; but, by increasing the weight of 
W until the bar again balances, the two rotative effects will again 
be equal, and since they are opposite m direction, the system will 
be in- equilibrium. 

As- can be readily proved by experiment, the turning forces will 
be equal numerically when the weight on one side of 0 multi- 
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plied by its distance from 0 equals the weight on the other side 
multiplied by its distance from 0; that is, 

Z XL W XL =‘ W' XL' = W" XL" = etc. 


Hence, to find W' when Z, L, and L' are known, ZL = W'L', 
from which 


W' = 


U' 


For example, if Z = 24 Ib., L = 15 in., and L' = 12 in.. 


F' = 


24 X 15 
12 


= 30 lb. 


The product Z XL \s called the moment of Z about 0 as a 
center; the moment of W about 0 is WL; of W' about 0 is W'L'-, 
etc. The point 0 is called the center of moments (sometimes 
called the origin of moments), and is the point about which the 
force is supposed to turn the Ixxly. 

22. Unit of Measurement of a Moment.—^The moment of any 
force about any point assumed as the center of moments is the 
product of the force by the length of the perpejidicular drawn 
from the center (origin) to the lino of action 
of the force. In Fig. 15, the lines of action 
of the various forces arc all vertical and 
the perpendiculars from 0, the origin, are 
consequently horizontal. In Fig. 16, four 
forces A, B, C, and D are represented in 
direction, position, and magnitude, the last 
being indicated by the full lines. Suppose 
that it were required to find the moments 
of these forces about a specified center of moments 0. Draw Oa 
pcrp<>ndicular to the line of action of A, 06 perpendicular to the 
line of action of B, Oc perpendicular to the line of action of C, and 
Od perpendicular to the line of action of D; then, denoting right- 
hand rotation by -f and left-hand rotation by —, the moment of 
A about 0 is +A X Oa; of B, +B X Oh-, of C, —C X Oc; and 
of D, —D X Od. 

When the English system of units is used, forces are generally 
measured in pounds or tons and distances in inches or feet; hence, 
the unit employed for measuring torques (moments of forces) 
is the inch-pound, the foot-pound, or the foot-ton. Since these 
same units are used for measuring work and energy, some writers 
express the unit of torque as pound-inch, pound-foot, or ton-foal, to 
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distinguish these units from those used in measuring work and 
energy. The names of the units, then, have entirely different 
meanings, according to whether the unit of linear measure pre¬ 
cedes or follows the other unit; thus, the foot-pound means the 
product of a force by the distance through which it acts, while 
the pound-foot means the product of a force and the perpendicu¬ 
lar distance between the action line of the force and the center 
of moments. The term foot-pound, however, is frequently used, 
irrespective of the manner in which the force acts. 

23. Condition for Equilibrium.—If the forc.es acting on a body 

arc not concurrent, they will cause the body to rotate, unless the 
mm (algebraic sum) of the moments is 0; thus, in Fig. 15, if 
W = Z,ZXL — WXL = 0, and the bar, with its two weights, 
is in equilibrium. If ZL — W'L' = 0 or i! ZL — = 0, 

the bar, with its weights, is still in equilibrium. In Fig. 16, 
suppose all four forces to act in the same plane and that this 
plane is horizontol; suppose also that 0 is some point in a body 
acted on by the four forces; then the rotative effect (torque) 
about 0 is detennined by the equation A X Oa + B X Ob 

— CxOc—DxOd = 0. If the left-hand member is equal to 0, 
the body is in equilibrium, insofar as any turning effect is con¬ 
cerned; but if it is not equal to 0, then the value of the left- 
hand member will be the turning effect about the point 0, and 
its sign will indicate whether the body tends to turn clockwise or 
counterclockwise. For example, suppose A = 22 lb., B = 36 
lb., (7 = 30 lb., and D = 26 lb.; also, suppose Oa = 10 in., Ob 
= 12 in., Oc = 9 in., and Od = 6.5 in.; then, 22 X 10 -f 35 X 12 

- 30 X 9 - 26 X 6.5 = 220 + 420 - 270 - 143 = +227 in.-lb. 
Since the sign of the moment is +, the body tends to turn clock¬ 
wise. The sum (algebraic) of all the moments is called the re¬ 
sultant moment; hence, if the resultant moment is zero (0), the 
body has no tendency to rotate. 

24. It matters not where the origin of moments is taken, the 
resultant moment always has the same value. This is evident, 
since the resultant moment must (or ought to) equal the resultant 
moment when the origin is taken at the center of mass (center 
of gravity); otherwise, changing the origin would change the 
torque produced by the forces without changing the magnitude 
or Section of the forces or their distances from the center of 
mass, which is absurd. As an example, refer to Fig. 15. Here 
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there is a system of three forces (not considering the weight of the 
bar), viz., W and Z acting downwards and the reaction of the 
knife edge 0 acting upwards; the reaction is evidently equal 
to the sum of W and Z. Suppose the origin of moments be taken 
in the center line of the bar and o in. from C, the point of inter¬ 
section of the center line of AB and the action line of W; denote 
this point by C and suppose it to be located between O and 0. 
The distance of 0 from C' is L — o; the distance of D from C is 
L — a + L = 2L — a; ihe weight Z tends to produce a positive 
rotation about C' as a center, and the weight W and reaction R 
at 0 tend to produce negative rotation about C'. Therefore, 

Z(2L - a) - R{L -a) - Wa 

is the resultant moment. But Z = W and R = 2W ; substitut¬ 
ing these values for Z and R, the resultant moment is 
W{2L-a)-2W{L-a)-Wa=‘2WL-Wa-2Wl+2Wa-Wa = 0, 
which is the same result as was obtained before; that is, the sys¬ 
tem is in equilibrium. 

In Fig. 16, if the origin be taken at some point other than 0, 
the value foimd for the resultant moment will be exactly the 
same as when the origin is taken at 0. 

25. The perpendicular from the origin of moments to the 
action Imc of the force is called the am of the force or, frequently, 
the moment am. If the origin bo taken any where on the action 
line of a force, the moment of that force will be zero, because the 
arm will be zero, and the moment, which is the product of a force 
and its arm, will be the product of a force by 0. 

26. A body is in complete equilibrium when (a) the resultant 
of all the forces is equal to zero, and (b) when their resultant 
moment is equal to zero. If the resultant moment equals zero, 
but the resultant of the forces is not equal to zero, then, if free 
to move, the body will move in a straight line, along the action 
line of the resultant, and every point of the body will describe 
a right line parallel to the line described by the center of gravity 
of the body; the body is then said to have a movement of trans¬ 
lation. If the body is free to move and the resultant of the forces 
acting on it is zero, but the resultant moment is not zero, the body 
will have no movement of translation; it will simply rotate about 
an axis passing through its center of gravity. If neither the 
resultant force nor the resultant moment is equal to zero, and 
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the body is free to move, the body will move in a straight line, 
along the action line of the resultant, and will rotate as it moves; 
it is then said to have a combined movement of rotation and trans¬ 
lation. The movement of translation in the last case is not 
affected in any way by the movement of rotation, and vice versa. 
The foregoing statements are best exemplified by means of an 
example. 

Fig. 17 (a) shows a brick that is acterl upon by three 
forces U, T, and S, all acting in the plane MN, which is shown as 



a plane of symmetry. The line BC is 8 in. long, and the magni¬ 
tudes, positions, and directions of the forces with reference to this 
line are indicated in Fig. 17 (6). The force polygon is shown in 
Fig. 17 (c), the resultant B being determined in magnitude and 
direction, and it now remains to determine its position with 
reference to the other forces. Take 0, the point of intersection 
of the action line of U with BC as the origin of moments; the 
moment of U will then be zero. The sum of the moments of the 
three forces about Oi8f/XO-l-7’X2-l-jSXOo; measuring 
Oa, the arm of iS with reference to 0, it is found to be 5.63 in.; 
hence,. the sum of the moments is 0 -f- 10 X 2 ■+• 15 X 5.63 
^ 104.45 Ib.-in. This must equal the moment of the resultant 
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about 0. The value of the resultant, as determined by measure¬ 
ment from the force polygon is 34 lb. Since its arm is not known, 
represent it by x; then, 

ifU 

34 X X = 104.45, or X = = 3.07 in. 

From 0, draw a line Oe perpendicular to 22 or to a line parallel 
to 72, the resultant, and layoff Oe = 3.07 in.; through e, draw a 
lino parallel to 72, make its length equal 34 lb. to the scale used, 
and it will represent the resultant in magnitude, direction, and 
position. 

It will be observed that the resultant intersects the line BC 
Ixstween M, the middle point, and the end B. As shown in Fig. 
17 (6), this will tend to make BC revolve counterclockwise about 
M; but as shown in Fig. 17 (a), it will tend to revolve the brick 
clockwise (when the dial of the clock is horizontal and face up) 
about the center of gravity of the brick, which is directly under 
the point M in Fig. 17 (b). This may also be proved by calcu¬ 
lation and measurement. Thus, in Fig. 17 (b), taking M as the 
center of moments, the arm of U is Me = 3.19 in.; the arm of T 
is Mf =1.5 in.; the arm of Sis Md = 2.6 in.; and the arm of 72 
is Mb = 0.42 in.; then, the sum of the moments of the forces is 

- 12 X 3.19 - 10 X 1.5 4-15 X 2.6-14.28 

the negative sign showing that the brick tends to revolve coimter- 
clockwise about M. It will be observed that the moment of the 
resultant is —34 X .42 = —14.28, which is the same as the 
resultant moment previously foimd. The effect produced by 
the three forces acting on the brick is to make it move so that 
the path of its center of gravity will coincide with the action 
line of the resultant 72; at the same time, the brick will revolve 
clockwise about its center of gravity, when viewed from a point 
to the right of the face BC, Fig. 17 (a). The value of the force 
causing the movement of translation of the center of gravity is 
34 lb., and the value of the moment or torque causing rotation 
is 14.28 Ib.-in. 

27. Resultant of Parallel Forces. —^The principles employed 
in the example of the last article arc used in finding the position of 
the resultant of parallel forces, a problem that is constantly aris¬ 
ing in connection with the loads on beams and girders. The 
method can be best understood by application to a specific case. 
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Hcferrmg to Fig. 18, let AB be a beam 24 ft. long, supported 
at its ends and carrying five loads, M = 420 lb., N = 280 lb.,P 
= 160 lb., Q - 300 lb., and S = 640 lb., the loads being in lie 
jxjsitions indicated. Suppose the beam is in a horizontal position, 
is of uniform cross-section throughout, and that it weighs 32 lb. 
per foot. It is required to find the position of the resultant and 
the reactions Ri and of the supports. 

Tlie beam is acted on by 8 forces, the five forces just mentioned, 
the weight of the beam, all of which act vertically downwards. 
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and by the reactions of the two supports, which act vertically 
upwards. The weight of the beam may be considered as a force 
equal in magnitude to the weight, and whose action line passes 
through the center of gravity of the beam; and since the beam 
has a uniform cross-section, the center of gravity will lie in its 
middle section, equally distant from either end. The weight 
of the beam is represented by W in the figure, situated 12 ft. from 
either end, and its magnitude is 32 X 24 = 768 lb. Since 
M, N, P, Q, S, and W are parallel and they all act in the same 
direction, the magnitude of their resultant is equal to their sum, 
or 420-f 280-i- 160 -|- 3(KH- 640 -f 768 = R = 2568 lb. In 
order that the beam may not move downward under the action 
of this resultant force, the sum of the reactions Ri and Rt must 
equal the resultant, or Ri + Ri = 2.568 lb. To find the value 
of the reactions, take a point on one of the reactions, say Ri, as 
the origin of moments; then the moment of this reaction will be 
zero and the other reaction can be found from equation 

420 X 3 -I- 280 X 8 + 160 X 14 + 300 X 17 + 640 X 20 
+ 768 X 12 - Rj X 24 = 0 (1) 
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Solving this equation for 11^, Ej = -■ - = 1369 lb. The sum 

of the moments of all the forces equals zero, becau.se the system 
is in equilibrium. Since fix + Rj = 2568, fii + 1369 = 2568, 
and Ri = 2568 — 1369 = 1199 lb. Or, Ri may be found by 
taking the origin of moments on the action line of Ri, in which 


case, 

Ki X 24 - 420 X 21 - 280 X 16 - 160X 10 - 300 X 7 
- 640 X 4 - 768 X 12 = 0 (2) 

28776 

from which, Ri — = 1199 lb., as before. Now, to find 

the position of R, the resultant, take some convenient point as 
the origin of moments, say a point on Ri. The sum of the 
moments about this point was found above to be 32,856 Ib.-ft. 
for the downward forces; this must equal the resultant R multi¬ 
plied by the arm, which is the normal distance from I2i to R‘, 

32 85G 

representing the arm hy x, R X x = 32,856, or * = ^ 25 ^ 

= 12.794 ft. = 12 ft. 9^ in. very nearly. Had the origin been 
taken at any other point, say on N, R X x - 768 X 4 -t- 160 
X 6 + 300 X 9 + 640 X 12 - 420 X 5 = 2568 X x, from which 
X = 12,312 2568 = 4.794 ft., the distance of R from N; the 

distance from Ri is 4.794 -b 8 = 12.794 ft., as before. 

The position of the resultant R may be found in a somewhat 
easier manner by considering the reactions Ri and Ri instead 
of the loads. Thus, taking the origin of moments on R\, the 
forces acting on the beam may be considered as Ri, Ri, and R, 
which produce equilibrium, and 

RiX0+RXx-RiX2i = 0-, 


from which, since R = 2568, and Bj = 1369, 


X 


1369 X 24 
2568 


12.794 in., 


the same result as previously found. 


COUPLES 

28. Moment of a Couple.—^When a body is acted on by two 
equal parallel forces acting in opposite directions, the two forces 
are said to form a couple or to constitute a couple. Thus, in 
Fig. 19 ( 0 ), the forces P and Q are parallel and equal and they act 
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in opposite directions; hence, they form a coupJe. The perpen¬ 
dicular distance AB between the forces is called the arm of the 
couple, and is denoted by the dimension a. 

The moment of a couple is the resultant moment of the two 
forces about some point as the origin of moments. Taking 0 as 
the origin, the moment of the couple is 

PXOA+QXOB 
Since Q = P, this expression becomes 

P X OA + P X Ofi = PiOA + OB) = P X AB = Pa 


(a) 



If O' be taken as the origin, the moment of the couple is 
P X O'A - Q X O'B 
Since P = Q, this expression becomes 

PX&A-PXO’B = P{0'A-O'B) = PxAB=‘Pa 
Therefore, ifte moment of a couple is equal to the product of one of 
the equal forces and the arm of the couple. 

A practical illustration of a couple is shown in Fig. 10 (6), which 
may be considered as representing the steering wheel of an auto¬ 
mobile, the hands are supposed to be at A and B; then, when one 
hand pulls down as much as the other pushes up, two equal and 
opposite forces are exerted on the wheel, forming a couple whose 
arm is the diameter of the wheel. 

29. Couples Produce Rotation Only.—The only effect pro¬ 
duced on a body by the action of a couple is rotation; it has no 
tendency to move the center of gravity of the body and, therefore, 
produces no movement of translation. No single force and no 
combination of concurrent forces (which will have, of course, a 
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single resultant) can produce equilibrium in a body acted on by a 
single couple; the rotative action may be destroyed, but the 
force will produce a movement of translation, and the body will 
not be in equilibrium. The only way that equilibrium can bo 
produced in a body acted on by a single couple is to introduce 
another couple having an equal moment and tending to rotate 
the body in the opposite direction. 

Another illustration of a couple is afforded by the conditions 
illustrated in Fig. 14. The moment of W about C as the origin 
is equal to IF X BD. In the force polygon, OM' ( = PM) and 
QN, which are parallel components acting in opposite directions, 
constitute a couple that is equivalent to the couple produced 
by the moment of IF (see Art. 30), the arm being AC", hence, 
OM' X AC — IT X BD. This couple tends to produce right- 
hand rotation; but it is resisted and equilibrium is pnxluccd by 
the reactions at A and C, indicated by the arrows S and T, which 
act in opposite and parallel directions, and produce a couple 
whose arm is AC, its moment being S X AC or T X AC, S and 
T being ecjual. 

The reason that the moment of the couple produced by W 
is equal to OM' X AC = QN X AC is that the force acting in AB 
can be resolved into the two components OM' and M'M = OP; 
the force acting in BC can be resolved into the two components 
NQ and MQ = PN. OM' and QN are equal and opposite 
parallel forces, and they constitute a couple whose arm is the 
distance AC. Likewise, the sum of the forces OP and PN is 
ON = W, which acts at N and creates a reaction NO whose 
magnitude is equal to W. This force (reaction) is equal, parallel, 
and opposite to the force IF acting at B, and the two constitute 
a couple whose arm is the distance BD, and the moment of. which 
is IF X BD. This is not a different couple from the one pre¬ 
viously mentioned, but another expression for the turning effect 
produced by the load IF. Consequently, OM'X AC = IF X BD 
= moment of couple produced by W. 

30. Difference between a Moment and a Couple. —^Referring 
to Fig. 20, let P be a force; then the moment of this force about 
0 as the origin is P X a. Through the origin 0, draw Q and Q' 
to represent two equal and opposite forces parallel to P and both 
equal to P. Since Q and Q' are equal and opposite and concur¬ 
rent, they have no effect in moving the body, and the body will 
be in the same state of rest or motion whether acted on by these 
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forces or not. But, the force Q and the force P constitute a 
couple whose moment is P X o, and the force Q' tends to move 
the body in the direction indicated by the arrowhead. The mo¬ 
ment of the eouple is the same as the moment of the force; hence, 
the moment of the force P is equivalent to a eouple having an 
equal moment and a force equal and parallel to P acting through 
the origin of moments. The two forces constituting the couple are 
equal to P, and the arm of the couple is 
the perpendicular distance from the 
origin to the force P. 

It will thus be seen that a moment 
tends to produce both rotation and trans¬ 
lation, while a eouple produces rotation 
only. For instance, referring to Pig. 19 
(6), take 0 as the origin of moments and 
suppose only one of the forces, say Q, 
acts on the wheel. The turning force 
(torque) produced by Q is Q X OB, and Q also produces a 
pressure + Q' on 0 that tends to move the entire wheel in 
the direction of the arrowhead on Q'. If P only acts on 
the wheel, the torque produced by P is P X OA, and P also 
produces a pressure — P' on 0 that tends 
to move the wheel in the direction of the 
arrowhead on P'. If both forces act at 
the same time, the resulting effect is Q X 
OB + O' + PXOA - P' = P(OA + 
OB) = P X AB, since Q = P and Q' = 
P'. O' and P' arc given opposite signs 
b(;cause they act in opposite directions, 
and since both act on the same point, 
they destroy each other, leaving the 
couple to act on the wheel. When 
either force acts separately, it tends to 
rotate the wheel and to move it in the 
direction of the force; but when both 
forces act together, they tend only to 
rotate the wheel about its center. 

If one of the parallel forces is greater than the other and the 
center of moments (origin) is taken midway between the two 
forces, the action of the two forces produces a couple, whose 
moment is one-half the sum of the two forces multiplied by the 
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perpendicular distance between the action lines of the forces, 
and a parallel force, whose value is equal to the difference of 
the forces, acting at the center of moments in the direction of the 
greater force. Thus, referring to Mg. 21, let P and Q be parallel 
forces, acting as shown, and let AB be the perpendicular distance 
between their action lines. Then, if OA = OB, the moment Q 
X OB is equivalent to the couple formed by Q and O’, whose arm 
AB 

is OB = and the downward force Q" = Q. The moment P 

X OA is equivalent to the couple formed by P and P', whose arm 
AB 

is OA = and the upward force P" = P. The resultant 

about 0 as the center of moments is (taking upward forces as 
+ and downward forces as —) 

e X ^ - Q" + P X ^ + P" = (0 + P)^ - (<2 - P) 

= i(Q + R) X AB -(Q-P) 

The negative sign before the parenthesis simply indicates that 
when Q is greater than P, the resultant force acts downwards, 
which is the direction of the greater force Q. 


QUESTIONS 

( 1 ) What 18 (a) a moment; (/>) a couple? (c) what effect do they produce 
on the body on which they act? 

( 2 ) What is the difference in the effects produced by a moment and a 
couple? 

(c) Suppose three forces, not concurrent to act on a body; will the result¬ 
ant have the same or a different value than if they concurred, all three 
forces acting in the same or parallel planes? 


SIMPLE MACHINES 


THE LEVER 

31. Classes of Simple Machines.—A machine may be defined 
as any contrivance for altering the position of a body. If the 
position of a body is changed, the position of its center of gravity 
is also changed; that is, the position in space occupied by the 
center of gravity has been changed. The path of a body from 
one position to another is always taken as the line described by its 
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center of gravity. A machine may also cause a body to rotate, j 
and if the position of the body is not changed it rotates about 
an axis passing through the center of gravity. 

A machine that consists of but one moving part is called a 
simple machine. Macliines containing more than one moving 
part, no matter how complicated they may be, consist of com¬ 
binations of two or more simple machines. 

Simple machines may l)e divided into the following six classes 
or types; letter*, pulleys (including gears), the wheel and axle, 
vndined planes, wedges, and screws. As will subsequently appear, 
there are really but two classes—the lever and the inclined 
plane—the other four types being but modifications of those two. 

32. Classes of Levers.—A lever is a rigid bar or frame which 
turns about a point, knife edge, or pin (when jointed) under the 
action of a force (called the power) and in turning moves a body 



Flo. 22. 


(called the weight or load). The knife edge, pin, or other 
bearing, about which the rotation oceurs, is called the fulcrum. 
The perpendicular distance from the fulcrum to the lino of action 
of the force is called the power arm, and the perpendicular dis¬ 
tance from the fulcrum to the line of action of the weight or load 
is called the weight aim. In Fig. 22 (a), AB is a lever, which 
turns about 0 under the action of F, thus moving IF. Here 0 is 
the fulcrum, F is the force or power, and W is the weight or load; 
hence, OA is the power arm and OB is the weight arm. 

In accordance with the relative positions of the fulcrum, power, 
and weight, levers are divided into first class, second class, and 
third class. When the fulcrum is between the power and the 
weight,, as in (a). Fig. 22, the lever is of the first class; a common 
example is a pair of shears or pincers. Here there are really two 
equal levers, which consist of two blades or jaws and handles 
that turn on the pin that connects them. The pin is the fulcrum, 
the power (force) is applied to the handles, and the body (or 
object) is cut by the blades or squeezed by the jaws, and consti¬ 
tutes the weight or load. 

8 
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When the fulcrum is at one end of the lever and the power is 
applied at the other end, the lever is of the second class; see Fig. 
22 (6). A common example is a lemon squeezer or a nut cracker, 
another case of two equal levers, which are joined by a pin at 
one end; the force is applied at the other end, and the lemon or 
nut, which is placed between the pin (fulcrum) and the line of 
action of the force (power), takes the place of the weight or load. 
This figure also shows the principle of the lighter bar (lever) on 
a Ixsatcr. The pin is represented by 0, the weight of the roll by 
W (usually at or near the center of the lever), and screw and hand 
wheel by F. This class of lever is also used on the paper- 
machine presses. 

When the fulcrum is at one end of the lever and the weight 
or load or the other end, with the power between, the lever is of the 
third class; see Fig. 22 (c). A common example is a pair of tongs, 
which consist of two levers joined by a pin at one end, the load 
to be lifted being held by the pressure of the other two ends; the 
power (squeeze) that forces the two free ends together is applied 
between the ends. 

33. Analysis of the Lever.—^Fig. 23 represents a lover of the 
first class. It consists of a straight bar having a uniform rec¬ 
tangular cross-section and 
turning on a pin 0, which 
acts as a fulcrum. Holes 
drilled at A and B permit 
pins to be placed in them, 
from which links can be sus¬ 
pended. When weights W 
and P are attached to the 
other ends of these links, they 
will hang in such manner that 
the forces they represent will 
act vertically and will therefore be parallel. All forces are 
considered as acting through the centers of the holes and pins, 
the weight of the lever being neglected for the present. Draw 
the horizontal line A"OB" through 0. 

Taking 0 as the origin of moments, the necessary condition for 
equiUbrium is P X Ofe - W X Oo = 0, orP X 06 = F X Oa; 
that is, the power mtdtipUed by the power arm equals the weighs 
multiplied by Oie weight arm. This is the law of the lever, and 
applies in all cases, whatever the class, as will be shown presently. 
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If the power be applied at B, and it is desired to find what 
weight W can be raised by application of a given force (power) P 
with the lever in the position shown, solve the above equation for 
If, obtaining 

ir-Px^ (1) 

Or, if the weight is known and it is desired to find the power 
required, solve the equation for P, obtaining 

= Tf X (2) 

Expressed in words, ihe product of either force and its arm 
divided by the other arm gives the other force. 

34. As the end B moves downwards the end A moves upwards, 
and when the lever reaches the position shown by the dotte<i 
lines, 

P = WX % (a) 


When the center line of the lever is horizontal and occupies the 
position A"B", 


OA" 

P = W X — - 
^ OB" 


( 6 ) 


It can easily be proved by geometry that the three ratios in the 
last three expressions for P are equal; that is. 


Oa _0a' ^OA" 
Ob Ob' OB" 


For, since the triangles OaA and ObB are similar right triangles, 

~ ~ ~ OB"; consequently, 

_ OA" 

~ OB"' 

Since the two left-hand members of these two equations are 
equal lo the same thing, they are equal to each other, and 


Oa' 


Ob 
OA" 


In the same manner, it can be shown that 


Oo _ Oo; _ 04^' 
Ob Ob' OB"' 


In other words, when the lines of action of the power and weight 
are parallel, it is not necessary to measure the perpendicular dis¬ 
tance from the fulcrum to the action lines; simply measure on a 
straight line through the fulcrum the distances from the fulcrum 
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to the points of application of the power and weight—the dis¬ 
tances OA and 0B\ then, 

/■-rxg^.»dr.pxg. 

The distances OA and OB arc called the lever arms. 


Example. —The distance from the end of a crowbar to the point (line) 
on which it rests is IJ in., and the entire length of the crowbar is 5 ft.; 
if a downward pressure of 120 lb. bo applied to the end of the long arm, 
what pressure will bo cm rted at the end of the short arm, that is, what load 
can be lifted by the crowbar? 

Solution. —The length of the crowbar is S ft. =00 in.; the length of the 
long arm is 60 — 1.5 = 68.5 in. The long arm in this case is the power arm 
and the short arm is the weight arm; hence, 

W = 120 X ^4 = 4680 lb. Am. 

1.0 

36. Referring again to Fig. 23, angle AOA'= BOB'. Let 
6 (Greek letter theta) be the measure of these angles in radians; 
then, the lengths of the arcs AA' and BB' are OAX6 and OB X d, 

rc.spectivcly, and their ratios arc 8 ~ OB ‘>ther words, 

the ratio of the lengths of the arcs passed through (the distances 
passed through) by the points of application of W and P is 
equal to the ratio of the lever arms of W and P. Hence, the 
law of the lever may be stated thus; 

The power multiplied by the distance through which itmoves is equal 
to the weight multiplied by the distance through which it moves. 

It is to be understood that the paths moved through by the 
two points of application must be similar m their nature; there¬ 
fore, it is usual to measure them in vertical lines. With this 
understood, suppose the load in the example of the last article 
raised the weight 1 in., how far would P move downwards? 
Appl3nng the law just stated, the power is 120 lb., the weight is 
4680 lb., the distance moved through by the weight is .25 in., and, 
letting X reprt'sent the distance moved through by the power, 

4680 X 25 

120 X a: = 4680 X .25, or x = = 9.75 in. 


Note that what is gained in power is lost in distance; that is, 
although the power is increased from 120 lb. to 4680 lb., the 
distance is decreased from 9.75 in. to .25 in. This fact is uni¬ 
versally true of an.v machine, no matter how complicated it may 
be. liie law just given is also true of any machine, provided all 
re.sistances due to friction, etc. are neglected. 
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The foregoing conclusions may also be obtained by applying 
the principle of work. Thus, a machine merely alters the manner 
of doing work; no machine can give out more energy (work) 
than it receives or is expended on the machine. The work done 
by the lever is the lifting of the weight through a distance, and 
the work expended in doing this is the power exerted through a 
distance. In the case last cited, the power of 120 lb. is exerted 
through a distance of 9.75 in., and the work expended is 9.75 
X 120 = 1170 in.-lb.; the work done by the lever is .25 X 4680 
= 1170 in.-lb. Therefore, as before, the power multiplied by 
the distance through which it moves equals the weight multiplied 
by the distance through which it moves. The weight may be 
replaced by a resistance; in which case, the force multiplied 
by the distance through which it acts is equal to the resistance 
multiplied by the distance through which it is overcome. 

36. If two lovers are joined by a pin on which they can turn, 
as indicated by the full and dotted lines in Fig. 23, and the two 
ends B and B' are forced toward each other, the action is exactly 
the same as thsit of a pair of pincers, and an object held between 
A and A' will be squeezed or compressed. The pressure exerted 
on the object can be found by applying formula (1), Art. 33, 
because one of the levers may be regarded as fixed, the other one 
moving, the fixed lever furnishing the reaction. 

If the arms OA and OA' have cutting edges, the action of the 
levers is then the same as that of a pair of shears such ns are 
used for cutting tin and sheet metal, where great force must be 
applied to the blades. If the arms OB and OB' have cutting 
edges and the power is applied at A and A', the action is that of 
a pair of ordinary shears such as are used for cutting paper, 
cloth, etc., where but little power is applied to the blades. Note 
that in the first case, the cutting is slow, since the blades have 
only a slight movement; in the second case, the cutting is fast, 
because the blades are long and move through a great distance 
as compared with the distance moved through by the handles. 
Here, again, what is gained in power is lost in distance, and vice 
versa. 

37. Let Sp be the distance moved through by the power and 
Sp, the distance moved through by the weight; then, P X Sp 
= W X Sp,, from which, 

F = P X (1) 
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If time be considered, it is evident that P moves through 
Sp in the same time that W moves through Letting t rep- 

S iS 

resent the time, the velocity of P is the velocity of IT is 


Sp 

t 


Sp 


and the ratio of the velocities is = r, in which r is the 

T 

value of the ratio. 


The ratio r = -y- 
0(0 


Sp distance power moves 


is called the velocity 


distance weight moves 
ratio; and in any machine, the weight that can he lifted or the 
remstance that can be overcome is always equal to the power multi¬ 
plied by the velocity ratio; that is, 

W = rP (2) 

Consequently, if the velocity ratio of a machine Ls known, 
the resistance that can be overcome by the application of a force 
P is equal to the product of the velocity ratio and P (neglecting 
frictional re.sistances). Further, if the velocity ratio is known 
and it is desired to know what power is required to overcome a 
certain resistance, divide the resistance by the velocity ratio. 
Thus, 

W 

(3) 


P = 


The velocity ratio is always equal to the power arm divided 
by the weight arm (see Art. 36). 

Example. —When the velocity ratio of a certain machine is 13.G, what 
force is required to overcome a resistance of 968 lb. 7 
Solution. —Applying formula (3), 
p ^ 968 
13.6 


71.18-lb. Ans. 


38. Fig. 24 (a) represents in diagrammatic form a lever of the 
second class and Fig. 24 (6) represents similarly a lever of the 
third class. The laws and principles just given for a lever of 
the first class also apply to levers of the second and third classes. 
For, taking the fulcrum 0 as the origin of moments, the condition 
of equilibrium for (a) when the lever is in the position OB' 
is P X OB" - WX OA" = 0, or P X OB" = F X OA". In 
(b),P X OB" = W X OA". Therefore, in both cases, the power 
multiplied by the power arm equals the weight multiplied by 
the weight arm, which is the same result as was obtained for 
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the case of Rr. 23. The other laws and principles may be ob¬ 
tained in the same manner as was done in connection with Fig. 23. 

o/? 

It is to be noted that the velocity ratio is equal to r = in 

(JJx 

both cases; but in (a), r is 
always greater than 1, 
while in (6), r is always 
less than 1. Moreover, 

OB in (o) and OA in (6) 
represent the entire length 
of the lover. Hence, with 
a lever of the second class, 
the power is always less 
than the weight (or resis¬ 
tance); in a lever of the 
third class, the power is 
always greater than the 
weight; and in a lever of 
the first class, the power 
may be greater than, equal 
to, or less than the weight, 
according to whether the 
power is applied to the 
long arm, whether the arms arc equal, or whether the power is 
applied to the short arm. 

39. If in Fig. 24 (o), OB and OB' represent the center lines of 
two levers that are hinged at 0, the action of bringing them to¬ 
gether corresponds exactly to that of a nut cracker, the nut being 
placed at A. If the length OB of the levers is 6 in. and the nut is 
placed at A, 1 in. from 0, a pressure of 12 pounds at the ends of 
the handles will produce a pressure (squeeze) on the nut of 12 

X 6 = 72 lb. Here P = 12 lb. and r = ^ = 6. 

Similarly, if OA and OA' in (6) represent the center lines of 
two levers hinged at 0, the application of a force between 0 and 
A and 0 and A' corresponds exactly to the action of a pair of 
tongs. 

A practical example of a lever of the second class is the lever of 
a safety valve, shown diagrammatically in Pig. 25. OAB is the 
lever, V is the valve, VA is the valve stem, and IF is a weight 
(here to be considered as the power), which can be placed 






40 


MECHANICS AND HYDRAULICS 


51 


anywhere between A and the free end of the lever; the lever is 
hinged at 0. The steam pressure underneath the valve tends 
to force it upwards, and this is resisted by the weight, which acts 
through the lever and tends to force the valve down. Whenever 
the upward force acting at A exceeds the downward force at A, 
the valve opens, steam escapes, and its pressure no longer in¬ 
creases; this is why it is called a safety valve. 


L__ 

B 

a* 
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lb 


•q. iit. 


Example. —Hcferring to Fig. 25, the distance OA of the valve stem 
from 0 is 4^ in.; the diameter of the valve seat pressed against by the 

steam is 4 in., the steam pres¬ 
sure is requinxl not to exceed 
70 lb.' per sq. in., and the 
weight of the ball hung at B is 
90 lb.; at what distance OB 
from B should the ball be 
hung, neglecting the weight of 
the lever and valve? 

SoLtmoN. —First find the 
total pressure exerted on the 
bottom of the valve. The area of the valve touched by the steam is .78.54 
X 4* = 12.6664 sq. in. The steam pressure being 70 lb. per sq. in. the 
total upward pressure on the lever at A is 12.5664 X 70 = 879.648 lb. 
Letting x represent the distance OB, the power arm, the power is IT = 90 
lb., the weight is the force to be exerted at i4 = 879.648 lb., and the weight 
arm is 4.5 in. Then, applying the principle of the lever, power multiplied 
by power arm = weight multiplied by weight arm, 

nn ovn nAv ^ A 879.648 X 4.5 

90 X I = 879.648 X 4.5, or a: =-; 


Fio. 25. 


■ 44 in. Ans. 


It will be noticed that if it were required to find what steam 
pressure will raise the valve when the weight is placed at a 
certain distance from 0, the lever is then of the third class, since 
the power will be between the fulcrum and the weight. The 
above example may be solved just as readily by applying the 
principle of moments. Thus, for equilibrium, letting y = the 
total steam pressure and taking 0 as the origin, y X 4.5 — 90 
X 44 = 0; from which y = 879.048 lb., as before, the weight 
being 44 in. from 0. 

40. Observe that a lever must be acted upon by at least three 
forces: the power; the weight, load, or resistance; and the reac¬ 
tion of the fulcrum. 'When the weight of the lever is considered, 
levers of the second and third classes have at least four forces 
acting upon them, and a lever of the first class has at least five 
forces acting on it, since in the latter case, the weights of the 
two lever arms act to turn the lever about the fulcnun in opposite 
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directions. The safety valve lever in Fig. 25 has five forces 
acting on it: the steam pressure, which acts upwards and repre¬ 
sents W; the weight, which acts downwards and represents P; 
the reaction It of the fulcrum, which acts downwards, the weight 
L of the lever, which acts downwards at the center of gravity; 
and the weight F of the valve, which acts downwards at the center 
of the stem. Suppose the weight W of the lever in Fig. 25, is 
36 lb., that its length is 48 in., and that it is of uniform cross- 
section throughout, and suppose the weight V of the valve and 
stem is lb. Then, taking 0 as the center of moments, the 
moment of B will be 0, the distance of the center of gravity of 
the lever from 0 is 48 2 = 24 in. Equilibrium will occur 

when 

-1-3.5 X 4.5-1- 36 X 24-I-90X® - 879.648 X 4.5 = 0 

Solving for x, ® = 34.21 in., very nearly. The value 

previously found for x was 44 in., in Art. 39. The difference, 
44 — 34.21 = 9.79 in. shows the error caused by neglecting the 
weight of the lever and the valve. The reason for the error 
being so large in this particular case is because the weight of the 
lever is very large compared with the load IF. In most cases 
that arise in practice, the weight of the lever is small compared 
with the load, and the error is also small—so small that it can 
usually be neglected. 

Whenever the lever is acted upon by more than three forces 
and all are taken into consideration, the method of moments 
must be used to find W or P. 

41. Straight and Bent Levers.—If the action lines of the weight 
(load or resistance) and the power arc parallel, as in all oases 
previously considered, the lever is called a straight lever, because 
the perpendiculars drawn from the fulcrum to the lines of action 
are parts of a straight line. The shape of the lever itself is not 
considered, and the lever may be straight, bent or curved. In 
Fig. 26, (a) and (6) arc straight levers, because OA and OB lie 
in the same straight line, the action lines of P and W being parallel. 
In (o), the lever itself A'OB' is curved, while in (5) it is bent, 
forming what is called a beOrcrank A'OB'. The levers shown at 
(c) and (d) are bent levers, because the perpendiculars OA and 
OB make the broken line AOB. In (c), the lever itself A'OB' is 
also bent, but in (d), the lever OAB' is straight. 

In all cases of levers, whether bent or straight, OA and OB, 
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Figs. 24-26, are called the weight arm and power arm respect¬ 
ively, and the power multiplied by the power arm equals the 
weight multiplied by the weight arm, neglecting the weight of the 
lever. 

ExampU!.—^B cferring to the example of Art. S4, suppoae the weight of the 
crowbar were 30 lb. and that its center of gravity were 23 in. from the end 
nearest the fulcrum; whnt pressure would be exprt.pd at the weight end 
by reason of a force of 120 lb. exerted at the other end? 



SoLimoN.—The fulcrum is 1.5 in. from the weight end and 68.5 in. from 
thepower end; the weight of the bar acts at a distance of 23— 1.5 = 21.5 in. 
from the fulcnim. The throe forces mentioned arc supposed to be parallel. 
Then, 

120 X 68.5 + 30 X 21.5 - IT X 1.6 = 0 
Solving for IT, If = = 5110 lb. Am. 

The result obtained in Art. 34 when the weight of the crowbar 
was neglected was 4680 lb.; hence, the error was 5110 — 4680 
= 430 lb. Here the weight of the crowbar acts in the same 
direction as the power and thus increases the power. The re¬ 
sult obtained is not quite correct, because the weight of the 
weight arm was not considered and acts in the opposite direc¬ 
tion. The result obtained is thus a little too largo, but the 
error is so small that it may be neglected. 

42. Compound Levers.—^When a series of levers is so arranged 
that a force applied to one is transmitted to another, the arrange- 
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ment is called a compound lever, and is commonly seen on paper 
machines, calenders, etc. A system of three lovers acting as a 
compound lever is shown diagrammatically in Fig. 27. The 
levers in this case are all straight lovers of the second class, such 
as are used for adding pressure to calenders, etc. and O', 0", and 
O'" are their fulcrums; the power is applied at P and the weight 
or pressure is exerted at W. The free end of the power arm of 
the second lever is connected to the power arm of the first 
lover by the link W'P'; the link W"P" connects the second 
and third levers in a similar manner. The power arms of the 
levers are represented by a', a", and o'" and the weight arms by 
ft', ft", and 6'". The pressure exerted downward, as in this case. 


tr 



Fio. 27. 


or the weight that could be raised by the first lever is (neglecting 

friction and the weight of the lever) W = P X which becomes 

the force P' acting on. the end of the second lever; hence, the 
second lever could exert a pressure, or raise a weight W" 
a" a' a" 

= P' X p = P X p- X which becomes the force P" acting on 

the third lever. The third lever, therefore, can exert a pressure, 
o'" o' a" o'" 

or raise a weight TF'" = P" X y,, = P X y X X yrt = W. 

Clearing this eejuation of fractions, 

P X a'X a" X o'" = F X 6' X 6" X 6'", 

that is, in any compound lever, the product of power and all the 
power arms is equal to the product of the weight and all the 
weight arms. Note that the links F'P' and F"P" exert no in¬ 
fluence on the ratio of P and F; they merely transmit the force 
from one lever to the next. 
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43. The velocity ratio of the compound lever is equal to the 
product of all the power arras divided by the product of all the 
weight arms; denoting the velocity ratio by r, 

^ o' X a" X a'" X etc. 

'' 6' X 6" X V" X etc. 


If, for some reason, it is not practicable to measure the lengths 
of the power and weight arms, but the distance moved by W 
when P moves a certain distance is known, then, 

_ distance power moves 
^ ~ distance weight moves 

Observe that this last equation is the same as was given in 
Art. 37; it is true of any machine. That it must be true follows 
at once from the principle of work; viz., a machine can give out 
no more work than is imparted to it. The work done in operat¬ 
ing the machine is equal to the power multiplied by the distance 
through which it moves; the work done by the machine is equal to 
the weight multiplied by the distance through which it moves; if 
friction, the weight of the moving parts, etc. be neglected, these 
two works must l)e equal, and 


power X distance moved = weight X distance moved 
whence, 


W = weight = power X 


distance powerjnoves 
distance weight moves 


PX 


from which, 



r, 


But, from 


Therefore, 


the last equation of Art. 42, 
lU _ a' X a" X o'" 

P b' X 6" X b'" 

o' X o" X o'" X etc. 
6''X fc" X 6'" X etc. 


Example. —If the lengths of the power arms of a compound lever are 
2S in., 20 in., 36 in., and 28 in., and the lengths of the corresponding weight 
arms are 7 in., 6 in., 12.S in., and 5 in., (a) what theoretical weight will 
a force (power) of 60 lb. raise? (6) what is the velocity ratio? (c) if the 
power moves 64 in., how far will the weight move? 

SoLirrioN.—(a) From the last equation of Art. 42, 

60 X 25 X 20 X 36 X 28 = FX7X6X 12.6 X 5 

from which, IF = 60 X = 60 X 192 = 11,620 lb. Aru. 

(6) The velocity ratio is the value of the above fraction, or 192. Aim. 

( t Si • r “ distan ce power moves _ 6 4_ 

' ' ' distance weight moves’ distance weight moves 

64 

from which, distance weight moves =■ i in. Aim. 
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When the word “theoretical” is used in such expressions as 
theoretical power, theoretical weight, etc., it means the power, 
weight, etc. when all hurtful resistances are neglected. In this 
example, it means to neglect friction, weight of levers, etc. 

As another example showing a practical application of a com¬ 
pound lever, see Fig. 28, which represents the mechanism for 
moving the valves, reversing the engine, etc. of a locomotive. 



W'hen / is pushed against H, the latch J is raised, and the handle 
H is then free to turn in either direction about the pin O'. Sup¬ 
pose it moves in the direction of the arrow P. The link AB is 
connected to the handle H at A, and when H moves AB moves 
also; this makes the handle a lever of the second class with ful¬ 
crum at O'. BO" is keyed to a small shaft, to which is also keyed 
the cranks CO" and FO", all three cranks being moved (turned) 
when the link AB moves. The link CD connects the crank CO" 
with the bell crank DO"'E, and this latter raises the link EG 
against the resistance offered by the valves, etc., and which here 



4G 


MECHANICS AND HYDRAULICS 


§1 


correapouds to the weight W. jS is a spring pressing against F 
and resisting the effort of P on H to move U. Now neglecting 
the weights of the levers, all frictional resistances, etc. suppose the 
resistance offered by the valves, etc. is equivalent to a weight lY 
of 420 lb. and that the resistance offered by the spring is 180 lb., 
what force P is nKjuired to move the handle HI 

Using the dimensions given in the figure, the power arm of II 
is .56 in., and the weight arm is 13.5 in. The anna BO" and 
CO" move through ares of circles that are proportional to the 
radii CO" and BO") they constitute what is virtually a bent 
lever whose weight arm and power arm are equivalent (propor¬ 
tionally) to the distances CO" and BO", respectively. The same 
Ls true of the bell crank, the power arm being DO"' and the 
weight arm 0"'E. Hence, neglecting the spring S for the present, 
the whole arrangement is a compound lever whose power arms 
have lengths of 56 in., 30 in., and 20 in., and whose weight arms 
have lengths of 13.5 in., 22 in., and 25 in. Therefore, the 

. • 56 X 30 X 20 m no 

velocity ratio = 13 5 >^2’>r25 “ ^ ~ 

W 

= -— = 420 T- 4y = 92.81 lb. = pull on handle required to 

move the valves, etc. But, before the valves can move, a re¬ 
sistance of 180 lb. due to the spring S must be overeome. The 
spring is actuated by the crank 0"F (which with 0"B makes 
another bell crank), the link AB, and the handle 7/; this combi¬ 
nation makes another compound lever whose power arms are 
O'P = 56 in. and 0"B = 30 in., and whose weight arms are O'A 
= 13.5 in, and 0"F = 2J = 2.25 in. The velocity ratio of this 

. 56 X 30 / Tirv. V 

compound lever is x 2^5 ~ ~ ^ 

= 180 -i- 551 r = 3.25 lb. Therefore, the total force P is 92.81 
+ 3.25 = 96.06 lb. 

As will be noted, the entire system of levers consists of two com¬ 
pound levers, one actuating the valves and the other the spring. 


EXAMPLES 

(1) (a) How many classes of levers are there? (h) Give an example of a 
lever of the second class not mentioned in the text? (c) Can the velocity 
ratio of a lever of the third class be greater than 1 ? 

(2) (n) If the fulcrum is at one end of the lever and the power at the other 
end, with the weight between, to what class docs the lever belong? (6) If the 
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length of this lever is 7 ft. and the distance from the fulcrum to the weight is 
0 in.; what power will be required to lift a load of 072 lb.? Am. 48 lb. 

(3) (o) What is a straight lever? (b) a bell crank? (c) a compound lever? 
Illustrate by a sketch. 

(4) The arms of a bell crank make an angle of 120° with each other; one 

arm is 4.5 in. long and the other is 11.5 in. long. If the action lines of the 
power and weight are parallel and the weight is moved by the short arm, 
what weight can be moved by application of a power of 27 lb.? To what 
class docs this lever belong? Am, 69 lb. 

(6) (o) To what is the velocity ratio of aleveror any othcrmachineequal? 
(6) what is the velocity ratio of the bell crank in Question (4) ? Am, (b) 2 f. 

(6) The lengths of the power arms of a compound lever arc 9} in., 12 in., 
8 in. and of the weight arms S’ in., 4iin., 3 in.; what is (a) the velocity ratio? 

(5) what power must be applied to raise a load of 1800 lb. ? 


Am, 


(«) iWt 
(5) 94.367 lb. 


(7) If a beater roll weighing 12,000 lb. with the shaft and pulley is placed so 

that each end of the shaft ntsts at the center of a lever of the second class, 
what weight is supported by each fulcrum ? Consider the roll to be midway 
between the bearings. Am, 3000 lb. 

(8) What power would be required on each side of the beater if the center 
of gravity of the roll, shaft and pulley, which weigh 13,000 lb. is 5 ft. from 
the center of one bearing and 8 ft. from the center of the other, supposing the 
center of shaft to be 30 in. from the fulcrum and power to applied 70 in. from 
the fulcrum? Each lever (lighter bar) is assumed to weigh 300 lb., to be of 
uniform cross section, and to be 70 in. long. 


Am. 


22931b. 
35791b. 

(9) Extra pressure is put on a paper mill calender by means of compound 
levers composed of two simple levers, each lever being of the second class 
and having a power arm of 65 in. and a weight arm of 6} m. (o) What 
pressure is added on each side of the machine if the weight (power) is 
120 lb.? (fc) What is the extra pressure per inch width of the calender, 
if the roils are 60 in. long at the face? 

(a) 12000 lb. 


Am. 


(b) 400 lb. 


THE PULLEY 

44. The Fixed Pulley.—A pulley is a wheel, which may be 
rigidly connected to an axle, so that when the pulley turns the 
axle turns also, or it may turn freely on the axle. The pulley is 
usually grooved around its circumference, and a rope, cord, or 
chain passes over the pulley and lies in the groove; itf the pulley 
is not grooved, a band or belt is used. Kg. 29 (a) shows what 
is termed a fixed pulley, because it has no movement of trans- 
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lation—^its axis always remains in the same relative position. S 
b the pulley; M is the axle; the part T, whatever its shape, that 
holds the pulley and contains the bearing for the axle to turn in 
is called the block (in machinery usually called the hanger); the 
pulley itself is frequently called the sheave; the entire combina¬ 
tion of block, sheave, and rope is called the tackle, though com¬ 
monly called the block and tackle. 




46. When the fixed pulley is used to raise loads, as indicated 
diagrammatically in Fig. 29 (6), the load is suspended from one 
end of the rope and the power is supplied at the other end. The 
arrangement is essentially the same as that of a lever of the first 
class with equal arms, the axis 0 being the fulcrum, the diameter 
AB being the lever, and the radii OA and OB being the lever 
arms. Taking 0 as the origin of moments, P X OB = W 
X OA; or, since OB = OA, P = W. Therefore, no matter what 
the diameter of the pulley, if friction and other hurtful resistances 
are neglected, the velocity ratio of a fixed pulley is always r 
W 

= -p = I, since W always equals P. The only effect produced 

by a fixed pulley is to change the direction of the force. Thus, in 
the figiuc, the force instead of acting upwards to raise the weight 
W, acts downwards. 

Furthermore, it makes no difference whether the action lines 
of P and W are parallel or not, P always equals W. For instance, 
referring to Fig. 29 (c), F still acts vertically, but P acts in the 
direction BP. Taking 0 as the origin of moments, P X OB 
= W X OA, OT P — W, since OB = OA. Again, the distance 
moved by W must necessarily equal the distance moved by P; 
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hence, the velocity ratio is 1, and P =■ W. The same is true 
when P acts in the direction B'P' or in any other direction that 
will keep the rope in contact with the pulley. The resultant 
pressure on the bearing, however, is different for different direc¬ 
tions of the action line of P. Thus, in (6), it is P -f If = 2P; in 
(c), if CA represent W and CB {AD) represent P, the resultant 
force on the bearing at M is CD] and if CA' represent W and 
A'D' represent P, the resultant is CD'. Since CD' is the 
hypotenuse of a right triangle having equal legs, assuming that 
CT' is horizontal and C'W is vertical, C'D' = C'A' X \/2 
= X P. Evidently, C'D' is less than CD. 

46. The Movable Pulley.—A movable pulley is one that moves 
when the load moves, the load being suspended from the block, 



see Fig. 30 (o). One end of the rope is attached to a beam or 
other point of support and the other end is free. When a force 
P is applied to the free end, it moves up, and the pulley and 
weight also move up. The distance moved by P will bo twice 
that moved by W ; because, suppose that the pulley be raised 
Gifted) with its load say 6 in., P remaining stationary. Then, 
the diameter BO in (6), will occupy the position B'O', and B'B 

4 
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= O'O = 6 in.; in other words, the slack in the rope will be 6 +6 
= 12 in., and to take up this slack, it will be necessary for P to 
move 12 in. But W has moved only 6 in.; hence, the velocity 
12 

ratio is r = - 5 - = 2, and TF = 2P. 
o 

This same result may be arrived at in another way. Suppose 
that the pulley were replaced by a lever whoso center line is the 
diameter Oli. The power acts at B, the weight at A and the 
fulcrum is at 0 ; hence, the lever will be of the second class. 
Taking 0 as the origin of moments, P X OB — W X OA, from 
OR 

which, F = P X = P X 2 = 2P, since OB == 2 X OA. 

47. Movable pulleys are usually arranged so that the free 
end of the rope passes over a fixed pulley, as shown at ( 6 ) or (c). 
Fig. 30. The block of the fixed pulley is 
called the fall block. One end of the rope 
may be attached to the fall block, as at (c) 
or it may be attached at any fixed point, as 
at ( 6 ); in either case, P will move through 
twice the distance that W moves, and the 
sheave (pulley) in the fall block has no effect 
on P other than to change its direction. 

Note particularly that in the case of the 
fixed pulley. Fig. 29, the weight is sustained 
by only one part of the rope, while in the 
case of the movable pulley. Fig. 30, the 
weight is sustained by two parts of the rope, 
OC and BD. The free end EP is not con¬ 
sidered; it is a part of BD. 

48. The Differential Pulley.—^The differ¬ 
ential pulley is shown in Fig. 31. There 
are three sheaves, M, N, and Q, M and N 
being in the fall block and Q in the movable 
block. Because of the heavy loads that it 
lifts, chains are generally used instead of ropes 
in the tackle of this class of pulleys. Sheaves 
M and N are keyed to the same axle, and when M turns, N 
and the axle turn also. The chain is an endless one, but the 
part DO corresponds to the free end. Beginning at G and 
going upwards, the chain passes over the pulley M (which is 
fixed), then passes down around the movable pulley, up over 
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hence, the velocity ratio is 1, and P =■ W. The same is true 
when P acts in the direction B'P' or in any other direction that 
will keep the rope in contact with the pulley. The resultant 
pressure on the bearing, however, is different for different direc¬ 
tions of the action line of P. Thus, in (6), it is P -f If = 2P; in 
(c), if CA represent W and CB {AD) represent P, the resultant 
force on the bearing at M is CD] and if CA' represent W and 
A'D' represent P, the resultant is CD'. Since CD' is the 
hypotenuse of a right triangle having equal legs, assuming that 
CT' is horizontal and C'W is vertical, C'D' = C'A' X \/2 
= X P. Evidently, C'D' is less than CD. 

46. The Movable Pulley.—A movable pulley is one that moves 
when the load moves, the load being suspended from the block, 



see Fig. 30 (o). One end of the rope is attached to a beam or 
other point of support and the other end is free. When a force 
P is applied to the free end, it moves up, and the pulley and 
weight also move up. The distance moved by P will bo twice 
that moved by W ; because, suppose that the pulley be raised 
Gifted) with its load say 6 in., P remaining stationary. Then, 
the diameter BO in (6), will occupy the position B'O', and B'B 

4 
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- 2t) A»s. 


from which, P = —sp —— 

and W = 

R — r 

It may be mentioned that the chain is kept from slipping by 
means of notches cut into, or by teeth projecting from, the cir¬ 
cumference of the sheaves. 

Examplk.—W hat loa(J can be raised with a differential pulley if the 
diameter of the larger sheave is 13 in. and of the smaller sheave 12 in. 
by a force /' of 60 lb., neglecting the weight of the movable block and all 
hurtful resistances? What is the velocity ratio? 

Solution. —If desired, the diameter may be substituted in formulas 

D 

(1), (2), and ^3) in place of the radius, since jfZT^ ~ ~ ]) — rf’ 

- 2~2 

in which /) and d are the diameters of the larger and 
smaller sheaves. Therefore, applying formula (3), 

A,.. 

[b ^1.1 13 - 13 

R O J and, by formula (1),- 

I 2 X 13 „„ . 

\ r. -j 3 _-j^.- 2 b Ans. 

dl J «• _ W' _ 1560 _ 

I 

j 49. Combination of Pulleys.—^When the 

11 “/ blocks contain two or more sheaves and a single 

1 b I e rope passes around all of them, the arrangement 
3* / is called a combination of pulleys. The sim- 

plest form of such an arrangement is shown in 
diagrammatic outline in Fig. 32. The fall block 
F contains two sheaves A and B, and the mova- 
ble block M contains one sheave C. One end 
J of the rope is attached to the movable block; 

Tir the rope then passes over sheave A around 

sheave C, and up over sheave B, which simply 
changes the direction of the power P. 

It will be noted that the load is supported by three parts of 
the rope, designated by a, b, and c. The free end d does not 
count, since it is merely an extension of the part c; it changes 
the direction of P from a force acting upwards to one acting 
downwards. Each of the parts o, b, and c sustains an equal 
W W 

part of the load, or g) consequently, P = -g and W = 3P. 
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W 3P 

The velocity ratio is -p = p- = 3. If, therefore, the weight 

to be lifted is 450 lb., the theoretical force P that is required to 

* 450 

raise it is = 160 lb. 

This same result may be obtained as follows: Suppose the 
block C to be raised o inches, then there will be a in. of slack in 
a, b, and c. To take up this slack, it will be necessary for P to 
move 3 X o in. = 3a in. Hence, when TE moves o in., P moves 

3a in., and the velocity ratio is -^= r = ^ = 3, from which TP 
= 3P. 

60. It will be noted that the diameter of sheave A is less than 
that of sheave B; the reason for this is that it was thought 
desirable to proportion the two diameters so that the angular 
velocity (which equals the velocity of a point on the circum¬ 
ference divided by the radius) of the two sheaves will be equal. 
For instance, suppose the diameters of the two sheaves were 
equal, and suppose the movable block M to be raised say 1 in. 
There will be a slack of 1 in. in all three plies (parts) of the rope. 
To take up this ^ck, b must move downwards 2 in. and c must 
move upwards 3 in. In other words, when a point on the ply c 
moves from e to / along the arc </, whose length is R8, 9 being the 
angle eOf in radians, a point e' on ply a will move only i of this 
distance, or \R9. Consequently, when the sheaves have equal 
diameters, and 9' is the arc moved through by the point on sheave 
A, 9' = \R9. To make 9' = 9, all that is necessary is to make 
the radius of A equal to that is, if the diameter of A is 
two-thirds that of B, both pulleys will turn through the same 

' angle for any movement of P, and the angular velocities of the 
two sheaves will be equal—they will both make the same number 
of revolutions per minute. 

61 . Instead of arranging sheaves A and B so that one will be 
above the other, they may be placed side by side, as in Fig. 33, 
(a) and (6). In such cases, the sheaves are usually made of the 
same diameter and turn on the axle, instead of being keyed to it 
and turning the axle. If, however, the diameters are propor¬ 
tioned as just described, Art. 60, then the sheaves may be keyed 
to the axle. 

62 . Whatever the number of sheaves in the fall block or in the 
movable block, the velocity ratio is equal to the number of plies 
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of rope that Bustains the movable block. Thus, referring to 
Fig. 34, two different arrangements for six pulleys are shown. 
In both cases, there are 6 plies sustaining the movable block 
(and the load); consequently, the velocity ratio is 6. Another 
rule for cases of this kind is: the velocity ratio is equal to the 
total number of slieaves in the fall block and movable block. In 



Fig. 34, the number of sheaves is 6, which is the velocity ratio; in 

Figs. 32 and 33, the number of sheaves is 3, the velocity ratio. 

w 

Knowing the velocity ratio r, TF = Pr, and P = —. 

T 

Example, —If the fall block of a block and tackle contains four sheaves 
ind the movable block has three sheaves, what is the velocity ratio? What 
heoretical force P must be exerted on the free end to lift 600 pounds? 

Solution. —The velocity ratio is,equal to the number of sheaves, or 
1+3-7. ilns. 

The theoretical force is the force required to raise the weight when the 
reight of the movable block, friction, and all hurtful resistances are neglected, 

lencc, P = — «= -y- = 85f lb. Ant. 
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53. The Compound Pulley. —Whenever a system of pulleys 
las more than one rope, it is called a compound pulley; thus, in 
Rg. 35, the pulley systems (o) and (6) both have throe ropes, 
is indicated by a, h, and c. System (o), however, has four 
pulleys, while system (b) has three. 

To find the velocity ratio of (a), let pulley A (with weight If’) 
30 raised say 1 in.; there will then be a slack of 1 in. in a and 1 
n. in a', and B must 
nove up 1 + 1 = 2 in. 
to take up this slack. 

There is now a slack of 
2 in. in 6 and 2 in. in h', 
ind c must move up 2 
+ 2 = 4 = 2* in. to take 
up the slack in a, a', b, 
ind b'. There is now a 
slack of 4 in. in c and 4 
in. in c', and P must 
move down 4 + 4 = 8 
= 2’ in. to take up all 
the slack. In gein'ral, if 
n bo the number of 
ropes, the distance P 
moves will be 2“ times 
the distance W moves; 
hence, the velocity ratio 
is r = 2". 

If, however, n' = the 
numt)cr of puUoys, the 
number of ropes is w'— 1, 
and the velocity ratio is 
r = 



The velocity ratio of the arrangement shown in (6) is found in a 
similar maimer. Thus, if W be raised 1 in., the slack in a and a' 
will be 1 in. in each ply, and B must move down 1 + 1 = 2 in. 
to take up this slack; but there is still a slack of 1 in. in b due the 
raising of W, making the total downward movement of H 1 + 2 
= 3 = 2* — 1 in. There is now a slack of 1 + 3 = 4 in. in c 
and 3 in. in P, and C must move down 4 + 3 = 7 = 2* — 1 in. 
to take up this slack. With this arrangement of pulleys, the 
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number of pulleys = the number of ropes = n, and for any num¬ 
ber of pulleys, r = 2" — 1. 

Example. —What theoretical force P is required to raise a load of 600 lb. 
with four pulleys arranged as in (a), Fig. 36 ? If the pulleys are arrange<l as 
in (6), what theoretical force is required? 

Solution. —For the first case letting n' - the number of pulleys, 

500 

r = 2"'~' 2* ' = 2’ = 8; hence, the theoretical force is 7’ = ^ = 62..5. 

II). Afift. 

For the second ease, letting n = the number of pulleys, r - 2" — \ 
= 2* 1 — 16; hence, the theoretical force is P = = 33J lb. Ants. 


THE WHEEL AHD AXLE 

64. The wheel and axle consists of two pulleys rigidly attached 
to a common shaft, all three parts having the same axis. The 
arrangement is shown in Mg. 36. The pulley M, to which the 
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power is applied, is called the wheel; the pulley N, which raises 
the weight, is called the axle; both wheel and axle are keyed to 
(he shaft Q] and all three parts, M, N, and Q have a common 
axis O'O". Referring to (o), and taking 0 as the origin of 
moments, P X OB = R' X OA, from which 
W ^ OB ^ 

P OA r 2r d 

in which r, = the velocity ratio, R = radius of wheel, r = radius 
of .axle, D = diameter of wheel, and d = diameter of axle. 

66. It is not essential that the entire wheel be a part of the 
arrangement; in Fig. 36, the entire wheel was necessary, because 
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two separate ropes B' and R" were used, and as R' unwinds from 
M, B" winds up on N, the effect produced is the same as though 
the force P acted at the circumference of M and moved around 
M. If the wheel M be replaced with a crank having a handle 
that can be grasped with the hands and bo made to turn in a 
jirclc, as in Fig. 37, the effect will be exactly the same as that 
produced by the arrangement of Fig. 36, insofar as lifting the 
weight is concerned. The apparatus shown in Fig. 37 is called a 



windlass. If the force is always exerted so its action line will 
x tangent to the circle described by a point on the handle, it 
will have exactly the same effect on the axle as is produced by the 
rope acting on the wheel. The radius of the circle described is 
the same as the radius of a wheel having the same diameter as the 
arcK 

The windlass is frequently used in combination with a block 
ind tackle to raise heavy loads. In such cases, let r' be the 
irelocity ratio of the windlass and r" the velocity ratio of the block 
ind tackle; then the velocity ratio of the combination is 
r = r' X r". 

Example.—S uppose the radius of the circle described by the handle 

a windhus is 15 in. and the diameter of the axle is 8 in.; suppose further 
that the weight end of the rope leading from the axle forms the free end 
:>f a block and tackle, in which the fall block contains 3 sheaves and the 
movable block contains 2 sheaves, somewhat as illustrated in Fig. 38. 
What is the velocity ratio of the combination? What theoretical weight 
will a force of 45 lb. exerted on the handle of the windlass lift? 

Solution. —The diameter of the circle described by the handle II is 
15 X 2 = 30 in. The velocity ratio of the windlass is r' = Y. The 
lumber of sheaves contained in the block and tackle is 3 + 2 = 5, which 
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is the velocity ratio of the block and tackle; sec Art. 62, and r" = S. The 
velocity ratio of the combination is r = / X r" = Y X 6 = 18.75. Ans. 
The theoretical weight that can be lifted is W = Pr = 45 X 18.76 
= 843.76 lb. A ns. 


EXAMPLES 



(1) In a block and tackle con¬ 
sisting of 3 fixed and 2 movable 
pulleys, (o) what is the velocity 
ratio? (6) Neglecting friction 
and other hurtful resistances, 
what must be the pull on the free 
end to lift a load of 675 lb.? 

Ana. (h) 135 lb. 


(2) What {a) theoretical load 
can be lifted with a differential 
pulley by application of a force of 
90 lb., if the diameter of the 
larger sheave is 11 in. and of the 
smaller sheave lOj in.? (5) the 
velocity ratio? 

, f (n) 26401b. 

"‘’“•\((.) 29 « 


(3) A compound pulley made 
up of four pulleys arranged as in 
Fig. 35(1)), is required to raise a 
load of 960 lb.; what power must 
be applied? A ns. 64 1b. 


(4) Kefcrring to Fig. 38, stip- 
pose that the diameter of the axle 
is 8^ in., the radius of the circle 
described by the handle is 16 in., 
and that the fall block and mov¬ 
able block each contain 3 sheaves; 
(ii) what is the velocity ratio? 

(5) what load can be lifted by an 
application of a power of 36 lb. ? 

/(«) 221%7 
\ (b) 813.2 - lb. 


Ans. 


Flo. 38. 




MECHANICS AND 
HYDRAULICS 

(PART 1) 


EXAMINATION QUESTIONS 

(1) Dpscribc (a) how u force may be ropresctiled by a line. 
(&) W)iy i.s it necessary to use segments of right linos to represent 
forces? 

(2) Suppose a railway train to be moving with a velocity of 55 

ft. per sec. and that a stom? is thrown in the same direction from 
the train in such a manner that it has an average horizontal 
velocity of 82 ft. per sec. If the stone strikes the earth 6| sec. 
after being thrown, how far will it be from its starting point with 
reference to the earth? Am. 890.5 ft. 

(3) Two forces, 4 = 64 lb. and j 3 = 88 lb., have a common 

point of application and act at right angles to each other; what is 
the value of the resultant? Am. 108.8 lb. 

(4) A crowbar is used to lift a load placed between the ends by 
raisiv^ the free end. (a) To what class does this lever belong? 
(h) If the crowbar is 54 in. long an<l the center of the load is 21 
in. from the fixed end, what power is required to lift 1350 lb.? 

Ans. (b) 69J lb. 

(5) Referring to the example of Art. 14 and Fig. 11, suppose 

the weight W had been 125 lb.; what would be the vertical force 
tending to lift the pulley O'"! Am. 175.6 lb. 

(6) Referring to Fig. 14, if length of AB = 3 ft. 4 in., of BC 

= 4 ft. 9 in., and of AC = 4 ft. 4J in., what is the magnitude of 
the forces acting in the arms? . f In AB, 381 lb. 

I In BC, 543 lb. 

(7) Referiing to Question 6, what is the moment of the couple 

produced by the weight H^? Am. 1608 ft.-lb. 

(8) (o) What difference in effects is produced by a moment 

S9 
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and by a couple, the arms being equal? (6) When is a body in 
complete equilibrium under the action of forces? 

(9) Referring to Fig. 18, suppos<! the beam is 14 ft. long, of 
uniform cross-section throughout its length, and that it weighs 
28 lb. per foot of length. If the b<;am is horizontal and is actwl 
on by four vertical forces A, B, C, and D, the magnitudes of 
which are A = 1400 lb., B = 800 Ib., C — 500 lb., and D = 1800, 
what arc the reactions of the supports, when A is 2 ft. from 
th(! right-hand support, R is 8 ft. from A, (7 is 4 ft. from B, and D 
is 4 ft. from C, and at what point does the resultant act? 

{ Reaction of left support = 2674^ lb. 

Ans. I Reaction of right support = 2217^ lb. 

I C.345 -|- ft. from left end. 

(10) In a lever of the third class, the di.st.ancc from the fulcrum 

to weight is 22 in. and from the fulcrum to the power is 9 in. (a) 
How far will the power move when the weight moves J in.? 
(6) What is the velocity ratio? . f (a) .1023— in. 

• \ (5) .4091-. 

(11) Suppose that the weight and the power were to change 
places in the case of Question 10, (a) to what class would the 
lever then belong? (6) what would be the velocity ratio? 

Ans. (b) 2^ = 2.444-t- 

(12) If the distance from the cutting point to the pin of a pair 

of shears for cutting sheet metal is 1J- in., distance from i)in to 
handles is 13i in., and a pressure of 20 pounds is applied to the 
handles by the fingers, what is (a) the cutting force? (6) the 
velocity ratio? . ((a) 286 lb. 

I (b) 11 

(13) In a compound lever made up of four simple first-class 

levers, the power arms are 12 in., 9 in., 11 in., and 8 in., the weight 
arms are 2 in.. If in., IJ in., and 1} in.; what is (a) the velocity 
ratio? (ft) what theoretical weight can be raised when the power 
is 12 lb.? f (a) 965.5- 

I (ft) 11,586- lb. 

(14) Referring to the example of Art. 39, suppose the weight of 

the valve and stem to be 3 lb. 12 oz., weight of lever is 25 lb., and 
distance of its center of gravity from 0 is 22| in. The other 
dimensions and weights being unchanged, at what distance from 
0 must the ball be placed so that the steam pressure shall not 
exceed 75 pounds per square inch. Ans. 40.7 in. from 0. 
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(16) In a block and tackle, the fall block has 3 sheaves and the 
movable block has two sheaves; (a) how far will the load move 
when the power moves 18 in. 7 (6) what is the velocity ratio? 

Ans / “• 

^ I (6) 5 

(16) If the free end of a block and tackle containing 6 sheaves 
is attached to the drum of a windlass as in Fig. 38, (a) what theo¬ 
retical load can be lifted when a force of 36 lb. is applied to the 
handle, the radius of the handle being 16 in. and diameter of drum 


7 in.? (6) what is the velocity ratio? . ((a) 987.4 lb. 

1 ( 6 ) 27 % 
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STATICS (Continued) 


SIMPLE MACHINES (Continued) 


THE IirCLIHED PLANE 

66. In the three simple machines so far described, the idea of 
rotation is involved and the principle of moments can be applied 
to find the velocity ratios. In the case of the next three 
machines, which (lompletes the list of simple machines, rotation 
is not a feature of their operation, and the velocity ratios must bo 
obtained by resolution of forces into components. The pulley 
and wheel and axle may be considered as forms of levers; the 
wedge and the serew may be considered as forms of the inclined 
plane. 

An inclined plane may be represented by a right triangle, one 
leg being horizontal, the other vertical, and the hypotenuse being 
the inclined plane, or slope; sec Fig. 39, where AB in each case 
represents an inclined plane. Assume that there is no friction 
between the load W and the plane; then, if AB were horizontal, 
occupying the position AC, the force representing the weight of 
W would act vertically downwards, would be resisted by an equal 
force acting vertically upwards, and there would be no tendency 
for W to move in any direction except vertically downwards. 
Moreover, the perpendicular pressure against the plane would 
then be exactly the same as the weight of W. But, with AB in 
the position shown, the pressure against the plane will generally 
be different from the weight of W, there will be a tendency 

63 
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for IT to elide down the plane, and this must be resisted by the 
application of a force P. In accordance with the angle that ac¬ 
tion line of the force P makes with the inclined plane, there are 
three cases, viz.: when P acts parallel to the plane; when P acts 
parallel to the base AC; and when P acts in a line making an angle 
with the base that differs from the angle made by the plane. 
Each case will be considered separately. 



Fia. 39. 

67. First Case.—Referring to Fig. 39 (a), let 0 be the center of 
gravity of the body, whose weight is W, and OF, parallel to AB, 
be the action line of P. Draw OD vertical, and make its length 
represent W to some convenient scale. Draw OE perpendicular 
to the plane and DE parallel to the plane. OD is then resolved 
into two components OE and ED acting in the directions indi¬ 
cated by the arrow heads. OE represents the force with which W 
presses against the plane (the perpendicular pressure), while ED 
represents the force urging the body down the plane and which 
must be counteracted by P. Completing the parallelogram 
ODEF, OF = ED = P = the force required to prevent W from 
slipping down the plane. Considering the triangles ABC and 
ODE, C and E are right angles by construction, and since OD 
and OE are perpendicular to AC and AB respectively, DOE 
= BAC, and the triangles arc similar. Therefore, ED : OD 
- CB : AB, or, since ED = P and OD = Tf, 

P -.W = CB-.AB 


whence. 

p WXCB 

AB 

(1) 

and 

CB 

(2) 


_W_A^ 
^ P CB 


The velocity ratio is 


(3) 
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In other words, where the power is parallel to the plane, the 
velocity ratio is equal to the length of the plane divided by the height 
of the plane; and it is evident that the longer the plane in pro¬ 
portion to its height the greater will be the velocity ratio. Also, 
the steeper the plane the greater will be the power required to 
raise the weight through the height CB, until, when AB becomes 
vertical, the power equals the weight. 

68. Second Case. —Referring to Fig. 39 (6), let the power act 
in the direction OF, parallel to the base; the length and height 
of the plane and the weight W of the body are the same as in (a). 
As before, draw OE perpendicular to the plane; draw DE parallel 
to the base; then OE represents the perpendicular pressure against 
the plane and ED represents the force which, acting parallel to 
the base, will move the body up the plane or, rather, keep it 
from moving down the plane. The perpendicular pressure 
against the plane is greater than in the first case; for, drawing 
DG parallel to AB, if OD in (6) is equal to OD in (a), GE represents 
this additional pressure to the same scale that OD represents IF. 
The reason for this additional pressure is readily seen; thus, 
completing the parallelogram ODEF, OF = P = ED. But P 
(= ED) can be resolved into two components, one acting parallel 
to the plane (represented by GD) and the other perpendicular to 
the plane (represented by GE); and since ED is greater than 
GD, P in (6) is greater than P in (o). 

Considering the triangles BAG and EOD, they are similar 
right triangles; hence, ED : OD = CB : AC, or, since ED — P 
and OD = W, 

P:W = CB -. AC 


whence, 

p If XCB 
^ AC 

(1) 

and 

PXAC 

CB 

(2) 

The velocity ratio is 

W AC 
^ P CB 

(3) 


In other words, when the power is parallel to the base, the velocity 
ratio is equal to the length of the base divided by the height of the 
plane. The velocity ratio is smaller in the second case than for 
the first case; this is caused by the fact that P = ED is larger in 
(b) than in (a). 

5 
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69. Third Case. —Suppose P to act in the direction OF, as 
indicated in Fig. 39 (c), OF making a greater angle with the base 
than AB, and W being the same as before. As before, draw OE 
perpendicular to the plane and DE parallel to the line of action 
of P; then OE represents the perpendicular pressure against the 
plane and ED = P, the force required to hold the body in posi¬ 
tion when acting in the direction OF. Producing OE and drawing 
DG parallel to AB, IXi = DE in (a). The perpendicular pressure 
against the plane, represented by OE is less than OE in (a) by the 
amount EG, the decrease being caused by the fact that P tends 
to lift the body off the plane. This is shown by resolving DE in 
(c) into two components DG and GE. Since DE is greater 
than DG, the velocity ratio in (c) is loss than in (o); because 

W 

when W is the same, if P is greater, the ratio r = jj- must be less. 

It is therefore evident that the velocity ratio is greater for the 
first case than for either of the other two. 


ExAMPua 1.—A wagon is hauled up an inclined plane that is one-half 
mile long; when the wagon reaches the top, it is 72 feet higher than when 
it started. Assuming that the power moving the wagon is exerted parallel 
to the plane and that the wagon and its contents weight 1800 lb., what force 
is required, friction and other hurtful resistances being neglected? 

SonTTioN.—This evidently corresponds to the first case; hence, applying 
formula (1), Art. 87, since one-half mile = 5280 + 2 = 2640 ft., 


/' = 


1800 X 72 


2640 


= 49,*] lb. Antt. 


This force of 49.1 lb., very nearly, is the force which, acting parallel 
to the plane, will just keep the body from sliding down the plane, assuming 
there is no friction; or, if the body is in motion up the plane and this force 
acts upon it, it will keep the body in motion with a uniform velocity. 

Examfu: 2.—.Suppose the wagon in the Inst example had been pushed up 
the plane, the direction of push being parallel to the plane’s base; what force 
would be required? 

SoLCTioK.—This falls under the second case; hence, apply formula (1), 
Art. 68, first calculating the length of the base. Since the length of the 
plane is the hypotenuse and the height of the plane is one leg of a right 
triangle, the other leg, the base, is V2^40* — = 2639 ft. Consequently, 


P 


1800 

2639 




Observe that the results are practically identical, which is 
always the case when the plane is very long in comparison with 
the height. For all practical purposes, when the height is not 
greater than about iVlh of the length of the plane, the velocity 
ratio may be taken as the same for both cases. In specifying 
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the grade for railroads, sewers, rivers, roads, etc., it is usual to 
give it as so many feet per mile or as a certain per cent; the mean¬ 
ing in such cases is that for one mile of length horizontally, the rise 
is a certain number of feet, or for 100 feet horizontally, the rise is 
the number of feet specified by the per cent. Thus, a grade of 
26 feet per mile means a vertical rise of 26 feet for a horizontal 
distance of 1 mile; also, a grade of 5 per cent means a vertical 
rise of 5 ft. for a horizontal distance of 100 ft. Consequently, 
according to the above, if the grade is less than 10 per cent, the 
velocity ratio may be taken as the ratio of the horizontal distance 
to the vertical distance without material error. 

60, Discussion of Inclined Planes. —The object of an inclined 
plane is to raise a load through a given vertical height by the 
application of a power which is less than the force that is equi¬ 
valent to the weight of the load; the work done, however, as is the 
case with any machine, is the same as in the case of a direct lift, 
because the power acts through a greab'r distance. Thus, 
considering the first case, let I = length of plane and h = height 

W Xh 

of plane; then P = —^ —. Multiplying both sides of this 
equation by I, 

W 'x! h 

PXl=- -j^ XI =WXh 

But P X 1 is the work done by P, and IT X A is the work done on 
the load, which is the same as that required to lift the load verti¬ 
cally through the height h. In the second case, let b = length 
IT X ft 

of base; then, P = — —. Multiplying both sides of this equa¬ 
tion by b, 

PXb = WXh. 

But P X 6 is the work done by P in moving the load, and W X h 
is the work that would be done in lifting the load through the 
height A. Hence, as before, Ihe power multiplied by the distance 
through which it moves is equal to the weight multiplied by the 
distance through which it moves. 

61. For the third case, a different value for P will usually be 
obtained for every position that the load occupies on the plane. 
Thus, referring to Fig. 40, suppose the load to be pulled up the 
plane by means of a pulley arranged as shown. For the posi¬ 
tion O', P is represented by D'E'-, for the position 0", P is 
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represented by D''E"; and for the position O'", P is represented 
by D"'E'". It will be noted that as the load approaches the top 
of the plane, P becomes more nearly equal to W. 



THE WEDGE 

62. In the case of the inclined plane, the load is raised through 
a certain height as the result of a movement along the plane. 
The wedge is a form of inclined plane, but instead of the load 
moving along the plane, it has a movement, the direction of 
which is always in a right line that makes the same angle with 
the plane, and the plane itself moves. The shape of the wedge 
is that of a triangular prism, two of the sides meeting in a sharp 
acute angle, as indicated in Fig. 41 (a) and (6), where ABC is an 
end view of the wedge, the sides meeting at A ; usually, the angle 
BAC is smaller than here represented. Let BC be the back of the 
wedge, and draw AD perpendicular to BC, Assume the power 
to be applied at D', then the wedge will be acted on by three forces, 
the load or resistance W acting perpendicular to the side AB, the 
reaction R acting perpendicular to the side AC, and the force P 




SIMPLE MACHINES 


69 


U 


acting perpendicular to the back of the wedge. Assume that 
these three forces concur at 0; then the wedge will be in equili¬ 
brium under the action of these three forces. To find the value 
of these forces, let ED represent P to some convenient scale; 
draw DF parallel to W, and perpendicular to AB, and draw EF 
parallel to R, and perpendicular to AC. Placing the arrowheads 
as shown, they all point in the same general direction around 
the triangle, thus indicating that the forces arc in equilibrium 
(see Art. 18). DF represents the value of IF and FE represents 
the value of R, both measured to the same scale as ED. 



63. Considering the triangles BAC and DFE, DF is perpen¬ 
dicular to AB and FE is perpendicular to AC; hence, angle DFE 
= BAC. Producing FD to G, DGB is a right triangle, right- 
angled at G; angle GDB = CDF; GBD — 90° — GDB, and FDE 
- 90 ° — CDF = 90° — GDB; that is, the angles GBD and FDE 
are equal. Since two angles of the two triangles BAC and DFE 
are equal, the third angle of the two triangles must also be 
equal, and the two triangles are similar. Therefore, 

P:W = BC:AB 
and P:R = BC -.AC 

Prom these two proportions, 

„ WXBC 


AB 


( 1 ) 
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M the Bides AB and AC ate equal, the triangle la koscelca 
W = Ry and the velocity ratio is * 

W AS AC (3, 




P BC Be 


In other words, the velocity ratio is then equal to the length of 
one of the sides divided by the length of the back of the wedge. 

64. The wedge shown in Fig. 41 (a) is called a double wedge; 
if one side be perpendicular to the back, as in Fig 41 (b), the 
wedge is called a single wedge or a simple wedge. The formulas 
given in Art. 63 will apply to this case also, since the side AC 
in Fig. 41 (o) then coincides with AD. 

The simple wedge may bo used to raise heavy loads, as indi¬ 
cated in Fig. 41 (b). Here the load M is kept from sliding down 
the wedge by the reaction B' of the wall N Suppose it is desired 
to find the vertical force W' tending to lift M. The wedge 
is kept in equilibrium, as before, by the action of the power P, 
the force W perpendicular to AB, and the reaction It perpendic¬ 
ular to AC and, therefore, vertical. It acts upwards and is 
exactly equal to W acting downwards. Draw ED to represent 
P; then draw DF parallel to W, and FE parallel to R; FE repre¬ 
sents the effect of P in raising Af. The triangles ACB and FED 
are similar right triangles; therefore, 

P : W = BC : AC 


p W' X BC 
^ AC 

(1) 

W' AC 

(2) 

'■ P BC 


Also, P -.W = BC : AB, since W = DF; from which, 
p _ F_X BC 
AB 


wliich is exactly the same as formula (1), Art. 63. 

66. Power is usually applied to a wedge in the form of a blow 
struck with a hammer or sledge. If the angle A is quite small, so 
that the sides arc very long compared with the back, a powerful 
blow will create an immense force. It is for this reason that 
wedges are so frequently used to split logs, stone, etc. This may 
l)e illustrated by an example. 

Example. —An iron wedge having equal sides 8 in. long, and the back 
of which measures in. is used to split a block of stone. If struck a blow 
equivalent to a power of 4150 lb., what force does the wedge exert? 
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Solution. —The required force is the weight or load W. The velocity 
ratio is, by formula (3), Art. 63, r = 8 + f - -Y- Therefore, 

TT - P X r = 450 X 4*^ = 4800 lb. Ana. 

From the first proportion in Art. 63, 

PXAB = W XBC. 

When the wedge moves in the direction DA, it must move a 
distance AB, Fig. 41 (o) in order to raise the load W through a 
height CB; hence, the above equation states once more that: 
the power multiplied by the distance through which it moves 
equals the weight multiplied by the distance through which it 
moves, since the power moves through the same distance that 
the wedge moves. 

A thin wedge may also bo used to move a weight a very small 
distance, as is frequently necessary in adjusting machinery. 


THE SCREW 

66. The Helix. —Referring to Fig. 42 (o), ABCD represents a 
cylinder on which has been wound a fine thread in such a manner 
that the distance between any two consecutive turns is constant 
when measured on a line parallel to the axis mn thus, bd = df — dc 
= ce = hi = ij, etc. The curved line thus formed by the thread 
is called a helix. A little consideration will show that a point 
(as the point of a pencil) tracing the helix will in going once 
around the cylinder, advance along the cylinder a distance equal 
to fed = ac = hi, etc. The path of the point may be represented 
by a right line in the following manner: Layoff a'b'. Fig. 42 (c), 
equal in length to the circumference of the cylinder = wd = w 
X AB; draw b'd' perpendicular to a'b', and make it equal in 
length to 6d = ac = hi; join b' and d', and a'd' will be the devel¬ 
opment of one turn of tte helix. That this is a fact may be 
proved by cutting out the triangle a'b'd' and rolling it aroimd 
a cylinder having the diameter d = AB in such a manner that a'b' 
will be perpendicular to every clement of the cylinder; it will then 
be found that a'd' will coincide with the helix throughout one 
turn. The distance 6d = oc = Ai is called the pitch of the helix. 

67 . The Screw and Nut. —If a groove be cut into a cylinder 
in such a manner that the inside and outside edges of the groove 
form helixes, the part that is left is called a screw thread, and 
the entire piece is called a screw; thus, in Fig. 42 (6), is shown a 
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screw, the curved projecting part being the screw thread, or 
simply, the thread. The diameter d is called the diameter at top 
of the thread, or outside diameter, and the diameter d' is called the 
diameter at bottom of the thread, or inside diameter. 

If the same kind of a thread be cut inside a hollow cylinder whose 
inside diameter is the same as d', and the depth of the thread 

so cut is the same as on the screw, or — 5 —, the result is called a 




helix corresponding to the length 


nut, and the thread on the 
nut will fit the spaces be¬ 
tween the threads on the 
screw. In Fig. 42 ( 6 ), N is a 
nut. If the nut be revolved, 
it will advance along the 
screw; or, if the nut be held 
stationary and the screw 
turned, the screw will travel 
through the nut. Assuming 
that the nut turns, a point 
on the helix at the bottom of 
the thread in the nut will 
travel a distance represented 
by a'd' in (c) while the nut 
travels the distance b'd' ( = 
the pitch) along the axis. 
The effect is exactly the same 
as in the first case of the 
inclined plane, the pitch of 
the thread (helix) correspond¬ 
ing to the height of the 
plane and the length of the 
)f the plane. 


68 . Classification of Screw Threads.—Screw threads are 
classified according to their shape by taking a longitudinal 
section through the axis; the shape of the section may be a 
triangle, a square, a rectangle, or a trapezoid; the thread shown 
in Fig. 42 ( 6 ) is a trapezoidal thread. When of triangular shape, 
they are usually called V threads, and when the tops and bottoms 
are sharp, they are called sharp-V threads. In most cases, 
V threads are flattened at top and bottom to make the screw 
stronger. In what is called the Whitworth thread, the V’s are 
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rounded at top and bottom. Whatever their shape, the pitch is 
the distance measured on the top of the thread parallel to the 
axis between a point on a helix and the corresponding point at 
the beginning of the next turn of the helix. 

A right-hutd thread is one that moves away from the turning 
force when the screw or nut is turned clockwise, and a left- 
hand thread is one that moves toward the turning force when 
the screw or nut is turned clockwise. For instance, when 
turning a right-hand screw with a screw-driver, if the handle 
be turned clockwise, it is necessary to follow the screw with the 
screw-driver, in order to keep in contact with the screw. 

Screws are also classified as single-, double-, triple-, or quad¬ 
ruple-threaded according to whether they have one, two, three, or 
four sets of helixes. Most multiple-threaded screws have square 
threads or trapezoidal threads. The pitch is measured in the 
same manner as for a single thread, as stated above; that is,^ 
from a, point on a helix along a line parallel to the axis to 
where the line intersects the next turn of the same helix. Multi¬ 
ple threads are used when the pitch is large and it is not desired 
to cut the thread as deep as would ordinarily be required with a 
single thread; they do not alter in any way the relations between 
the power and the load; in other words, the velocity ratio is the 
same as for a single-threaded screw of the same pitch. 

When the pitch is less than 1 inch, screws art! usually identified 
as a certain number of threads per inch; the number of threads 
per inch is the reciprocal of the pitch, and vice versa. For instance, 
if the pitch is in., the screw has 7 threads per inch; and if a 
screw has 13 threads per inch, the pitch is in. Consequently, 
to find the pitch of a screw, lay a rule along the tops of the thread 
so the scale will be parallel to the axis, and then count the 
number of turns (usually called the number of threads) between 
one inch-mark and the next one; the reciprocal will be the pitch. 
In some cases, this number may be a fraction, in which case, it is 
best to count the number of threads for 2 in. or 4 in., as the case 
may be. Thus, many pipe threads are 11-^ to the inch, but the 
threaded part is seldom 2 inches long; but if 2 in. can be meas¬ 
ured off, the number of threads in such a case would be 23, or 
23 -f- 2 = llj threads per inch. 

69. Velocity Ratio.—Referring to Fig. 42 (6), suppose the nut 
N to carry a load; it will act parallel to the axis, and when the 
nut makes one turn, the load will be moved along parallel to the 
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axis a distance equal to the pitch. The power, on the contrary, 
will act through a distance equal to the circumference of a 
circle whose diameter is the )uean between the outside diameter 
and the diameter at the bottom of the thread; representing this 

by d", d" - and the distance moved through by the 

power is rd". Ixd.ting p = the pitch, W = the load, and P 
= the power, 

PXx<i" = Trxp 


W xd" 

whence, the velocity ratio is r = 55 - = — 

P p 


and 


F= P X 




( 1 ) 

( 2 ) 


70. A screw or nut can be turned only through the action of a 
moment or a couple, which must act through the entire circum¬ 
ference of a circle. In the case of a screw-driver, the couple acts 
on the handle; and while it is transferred to the head of the screw, 
where an equal couple act.s, the effect is the same as though the 
screw-driver and screw were all one piece. Therefore, let d be 
the diameter of the handle and p the pitch of the screw; then, the 

velocity ratio is r = . Thus, suppose the diameter of the 

handle is IJ- in. and the screw has 10 threads per inch; then a 
force of, say 26 lb. exerted on the handle will cause a forward 

X X 1 26 

pressure by the screw of W = 25 X -— = 25 X x X 1 25 

X 10 = 981.75 lb. * 

The velocity ratio is r = x X 1.25 X 10 


39.27 

25 


If n = the number of threads per inch, n = and » = -: 

j p’ '' n 

hence, substituting for p in formula (2) of Art. 69, 

xd" 




= xd"n 


( 1 ) 


n 

And if d = the diameter of the circle through which the power 
moves, 

r = xdn ( 2 ) 

whence, F = P X xdn (3) 

which was the formula used above in calculating the power ex¬ 
erted on the screw by the screw-driver. 
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It will bo noticed that the length of the screw-driver and the 
diameter of the screw have nothing whatever to do with the value 
of the velocity ratio, which depends entirely on the ratio of the 
distances moved through by the power and weight. 

71. The Screw Jack.—In most cases, screws are turned by 
means of a handle, a wheel, or by a pulley or gear keyed to the 
screw. Fig. 43 shows what is 
called a jackscrew or screw- 
jack. The stand S forms the 
nut, and the screw is turned 
by means of the handle H, the 
load to be lifted being placed 
on top of the screw. Jack- 
screws are used to raise very 
heavy loads, such as lifting 
buildings from their founda¬ 
tion; in such cases, the jack- 
screw is placed under the load 
to be lifted, and the screw is 
turnwl until the load is raised 
to the desired height. The 
velocity ratio is calculated ex¬ 
actly the same as above. Let 
nn' be the axis of the screw; 
call the distance from nn' to the point of the handle where the 
power is applied r; then r is the radius of the circle described 
by the power, and the circumference is 2rr. The velocity ratio 

27IT 

IS 2vto = —. 

P 



Example. — The screw of o jackscrew has i threads per inch, the radius 
of the circle described by P is 30 in.; what power is required to raise a load of 
45001b.? 


SoLCTiON.—The velocity ratio is r = 2ir X 30 X 4 = 240)r. 


W 4500 
r “ ^0 X 3.1416 


6 lb., nearly. Ann. 


Therefore, 


The press rolls of paper machines are usually raised by a com¬ 
bination of lever and screw. The bearing is carried by one arm 
of a bell crank lever and the other end is moved by a screw which 
draws or pushes a nut fastened to the power arm; the screw has 
no motion but rotation. 
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72. The Endless Screw or Worm and Wheel.—Another ap¬ 
plication of the screw is shown in Fig. 44; it is called a worm and 
wheel. A worn and whwl form a part of the mechanism for 
raising the roll in a beater. The screw S is called the worm and 
the toothed wheel T is called the worm wheel or wheel. The 
threads on the worm engage with the teeth on the wheel, and 
when the worm is turned one revolu¬ 
tion by means of the handle H, it 
causes a point on the circumference 
of the wheel to turn through an arc 
equal in length to the pitch of the 
worm. As shown in the cut, the 
wheel carries an axle M, which winds 
up a rope from which is suspended 
the weight W. The whole, therefore, 
is a combination of a worm and 
wheel and a wheel and axle. The 
worm and wheel is also called an 
endless screw, because the .screw 
may be turned any number of times 
and the only effect produced is to turn the wheel, the axis of 
the worm being stationary. 

To find the velocity ratio of the combination, let r = PB 
— radius of circle described by P, / = OC = radius of wheel 
(pitch circle of), and r" = OA = radius of axle; then, velocity ratio 
of worm — Ty, = 2xTn, velocity ratio of wheel and axle = To = 
P , , p 

■p~„ and velocity.ratio of the combination = n =.2rm X pj = 



—pj—, in which n = ^ = reciprocal of pitch- of screw. 


Example. —In the ease of an endless screw and wheel and axle, what is the 
velocity ratio when the radius of the handle is 14 in., radius of wheel is 12 in., 
radius of axle is in., and the worm has 5 threads per inch? What theoreti¬ 
cal weight W can be lifted when P = 15 lb. 7 

SoLDTioN.—The velocity ratio is 
= 560 IT. Ann. 

The theoretical weight W that can be lifted by an application of 15 lb. 
to the handle is 

TT = Pr. = 15 X 500 X 3.1416 = 26,389 lb. Am. 

It wUl be observed that the velocity ratio of the worm and 
wheel is very great; consequently, the distance moved by If is 




§1 


SIMPLE MACHINES 


77 


exceedingly small compared with that moved by the power. 
For this reason, the worm and wheel is much used in dividing a 
given distance into very small parts; it is also used as a reducing 
motion, where a high velocity is changed to a low one, as in the 
mechanism for rotating digesters. 

A combination of the worm, worm wheel and screw is found in 
the mechanism for raising and lowering the roll of a beater. 
The bearing is carried near the center of a lever of the second class; 
the free end carries a fixed nut, as N, Fig. 42 (6), in whidi a screw,- 
having no vertical movement, turns; this raises or lowers the nut 
and the end of the lever. The head of the screw is a worm wheel 
as M, Fig. 44, which is turned by the worm S and handle H or a 
hand wheel. An enormous velocity ratio is thus obtained. 

73. The Toggle Joint.—The six simple machines so far de¬ 
scribed constitute the foundation for all machines, and any 
machine, no matter how complicated, makes use of one or more of 
these simple machines. 



Fio. 45. 


There is, however, one other device that is occasionally used, 
especially in pulp or baling presses, which does not properly 
come under the head of one of the six simple machines; it is 
called a toggle joint or a knee joint, and is shown in Fig. 45. 
It consists of two bars or arms of equal length and having a 
common joint 0. The other end of arm iS is jointed at O' and is 
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fixed, while the other end of arm T is jointed at 0" and is free to 
move along the line joining O' and 0". The power is applied at 
0 in a direction perpendicular to O'O"; as the joint 0 moves down, 
the joint 0" moves out, increasing the distance between 0' and 
0" and exerting a pressure against the bearing of the joint 0", 
the horizontal component of which corresponds to the load W. 

To find the velocity ratio, first consider the forces acting on 
jcint 0; these are the force (power) P and the reactions 5 and T 
of tJ.-,' arms, which arc equal when the arms are equal. The 
directions of the reactions are indicated by tlie arrow heads 1 
and 5. Draw AB to represent P to some convenient scale; 
then draw AC and PC, parallel respectively to T and P; they 
intersect at C; whence, PC = Sand CA = T. The joint 0" is 
also acted on by three forces, the force T (in the direction of the 
arrowhead 2), the reaction U and the reaction W, the two latter 
acting in the directions indicated by the arrowheads 4 and 6. 
Draw CD and AD, parallel respectively to R and W; then, CD 
represents the reaction R and DA represents the reaction W, 
both to the same scale that AB represents P. 

The triangle O'00" is isosceles and ACB is also isosceles. 
Draw CB perpendicular to AB; it will be parallel to O'O", and 
p 

AB = BB = 2 • The triangles OQO" and APCare similar right 
triangles; consequently, 

= 00":0Q 

Let OQ = h and 00" = L then, 

m P _ T l rp _PB 

T-2 2h 


The triangles OQO" and CDA are also similar right triangles; 
consequently, 

W:T = 0''Q : L, or W = 

Jj 

Let O'O" = D; then, 0''Q = Substituting in the expression 
for W the values of T and 0''Q, and reducing. 


and 


W = 


PD 


Ah 
W _D 
P 4A 


( 1 ) 

( 2 ) 
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The smaller h is in comparison with D, the distance between 
the joints O' and 0", the greater is the velocity ratio; and when 
h is very small, the force exerted on joint 0" becomes enormous. 
For example, suppose O = 28 in. and A = ^ in.; then r 


28 
4 X 


= 112, and F = 112P. 


EXAMPLES 


U) The length of a smooth inclined plane is 125 ft. and the height is 
23 ft.; (o) what theoretical force acting parallel to the plane is required to 
keep a body weighing 2500 lb. from sliding down the plane? (6) What 
work would be done by this force in pulling the body 56 ft. up the plane? 

, / (a) 400 lb. 

“• \ (5) 25,700 ft.-lb. 


(2) In the preceding example, suppose the force had acted parallel to the 
base; (o) what work would be done in pulling the body 50 ft. up the plane? 
(5) What is the magnitude of the force? (c) why is the work done in the two 
cases equal? , j (o) 25,700 ft.-lb. 

468-lb. 


(3) A corner of a building is to be raised by driving a wedge between 

the sill and the foundation. The wedge is 18 in. long, the back measures 
11 in., and a pressure of 652 lb. is applied to it; (a) what loail will the wedge 
raise? (6) when the wedge has moved 7J in., how high has the comer 
of the building been lifted? . / (a) 6259 lb. 

I (6) .81 - in. 

(4) The jaws of a vise are forced toward each other by means of a screw 

that has 6 threads per inch; if the distance between the axis of the screw and 
the point on the handle where the force is applied is 12J in., (a) what pressure 
will the jaws exert when the force applied to the handle is 66 lb.? (b) what 
i.*. the velocity ratio? , / (a) 30,480 lb. 

\ (b) 461.8+ 


(5) Suppose a screw to be attached to the back of a wedge in such manner 
that when the screw moves, the wedge moves and lifts vertically a load 
resting on the wedge, as the body M in Fig. 41 (5). If the screw has 18 
threads jicr inch, its axis is hurixontal, and the slope of the wedge is equiva¬ 
lent to 12 in. horizontal to j in. vertical, how far will the body resting on the 
wedge move when the screw makes •j’jth of a turn? Arts. f 3 -|jT(th in. 

(6) In a toggle joint, the distance between the fixed joint and the movable 

joint that presses against the load is 38 in., the distance between tbe line 
joining these two joints and the middle joint is j in.; (o) what pressure will 
be e.xerted when a force of 84 Ib. is applied to the middle joint? (h) what is 
the velocity ratio? . / (a) 2128 lb. 

\ (5) 251 
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BELT PULLEYS AND GEARS 

74. Velocity and Speed Ratios of Belt Pulleys.—Belt pulleys 

are connected and driven by belts. What is called the face of the 
pulley is the part touched by the belt. The face is either flat or 
else it is a little higher in the middle than at the outside; in 
other words, the diameter in the middle is greater than at the 
outside edges. This difference in diameter is termed the crown¬ 
ing or crown, and its object is to keep the l)clt from running off 
the pulley, since a belt always tends to run to the highest point 
of the pulley face. When measuring the diameter of a pulley, 
always take the diameter at the middle of the face, i.e., at the 
top of the crown. 

The principal use of belt pulleys is to transmit power; they are 
seldom used to raise loads, as was the case with the pulleys pre¬ 
viously described. The word yower here has a meaning different 
from that previously given to it (which was synonymous with 
force), and is equivalent to rate of doing work—a certain 
number of foot-pounds of work per second or per minute. 
(See Art. 166.) The problems relating to belt pulleys may be 
divided into two classes: (1) those relating to the velocity or 
speed ratio; (2) those relating to the power that can be trans¬ 
mitted by a belt of given dimensions, speed, and material. Only 
the first class of problems will be considered liere. 



76. Referring to Fig. 46, suppose the pulley B to be driven 
by a belt that, in turn, is driven by the pulley A. Pulley A is 
then called the driver and pulley B is called the driven pulley or 
driven. When pulley A is caused to turn in the direction of the 
arrow, the belt is caused to move in the direction of the arrows by 
reason of the friction between the belt and the pulley. The 
friction of the belt on pulley B causes that pulley to turn also 
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and in the same direction as pulley A. If, however, the belt 
is crossed, the two pulleys will turn in opposite directions. The 
velocity of the belt will be the same as the velocity of a point on 
the circumference of pulley A, assuming that there is no slip 
(i.e., sliding of belt on the pulley). As a point on the belt passes 
around pulley B, it keeps in contact with a point directly under¬ 
neath it on the pulley as long as the belt is in contact with the 
pulley; hence, the velocity of a point on the circumference of B 
is the same as on the circumference of A. In other words, the 
Uneal velocity of the belt and the peripheral velocity of the two 
pulleys are all e<iual. The velocity of the belt, then, can be found 
as soon as the diameter of either pulley and the number of revolu¬ 
tions it makes j)er minute (r.p.m.) are known. Thus, let d 
= diameter of pulley in inches; its circumference is rd inches 

rd, 3.1416 Xd 

— j 2 foot = j 2 -= .2618d ft. Let N = number of revo¬ 

lutions per minute (r.p.m.) made by the pulley, and v = the 
velocity of the belt in feet per minute; then, 

V = .2618dlV 

For example, if the diameter of one of the pulleys is 56 in. and 
it makes 180 r.p.m., the velocity of the belt is 

V = .2618 X 56 X 180 = 2639 ft. per rain., very nearly. 

76. Since the peripheral velocity of driver and driven is the 
same, it is evident that if one pulley is larger than the other, it 
will make a smaller number of r.p.m. than the other. Thus, let 
D = diameter of larger pulley and N the r.p.m. it makes; let d 
and n be the same quantities for the smaller pulley; then, 
.'ZtilSDN — .2618dn, from which 

DN = dn (I) 

The speed ratio is » = ^ (2) 

Note tbst the last equation in formula (2) gives the proportion 
D:d = n:N 

that is, the revolrUions per minute vary inversely as the diameters. 

77. Referring again to Fig. 46, pulleys B and C are keyed to the 
same shaft S'; pulleys D and E are keyed to the same shaft S"; 
hence, pulleys B and C each make the same number of r.p.m., 
and pulleys D and E each make the same number of r.p.m. 
A, C, and E are drivers and B, D, and F are driven pulleys 
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(also called followers). Representing the diameters of A, C, 
and E, the drivers, by D', D", D'", and the diameters of B, D, 
and F, the followers, by d', d", and d'", the speed ratio of pulleys 


A and B is = s', of C and D is and of E and F is 

D'" 

d"' ~ the entire combination is always 


equal to the product of the sjieed ratios of all the separate 
machines that make up the combination, or, in this case, 

D> T)if jyii n'T)"/)'" 


In other words, the speed ratio of any combination of pulleys is 
equal to the product of the diametci’s of all the drivers divided 
by the product of the diameters of all the followeis. If the 
number of revolutions per minute made by the first driver is 
known and is represented by N, the number n made by the last 
follower will be 

n = s,N (2) 

and if the number of revolutions per minute made by the last 
follower is known, the number N made by the first driver is 


If the number of revolutions per minute made by the first driver 
and last follower are known, the speed ratio of the combination 
is 





(4) 


Example. —Referring to Fig. 4fi, suppose the ])ullcys to have the following 
diameters: A = 72 in., U = 24 in., C = 40 in., fl = 30 in., E = 20 in., 
and F - R in.; if pulley A makes 150 r.p.ni., what is the speed of F7 what 
is the speed ratio of the eomhination? 

SoLDTiON.—The speed ratio of the combination is, by formula (1), 


_ 72 X 40 X 20 
M X 30 X 8 “ • 


A «». 


Hie number of revolutions per minute made by F is, by formula (2), 
B = 10 X 150 = 1500 r.p.m. Ans. 


The reason for using the term speed ratio instead of velocity 
ratio is that the velocity ratio is the ratio of the distance that the 
power moves to the distance that the weight moves. In the 
case of two pulleys, eonnected by a belt, whatever their diame¬ 
ters, the peripheral velocities are the same, and the power and 
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weight move through the same distance; hence, the velocity 
ratio is always 1. But when two pulleys are keyed to the same 
shaft and have different diameters, the velocity ratio is equal 
to the diameter of pulley receiving the power divided by the 
diameter of pulley transmitting the power that is, 

d 

’■ D 

Therefore, the velocily ratio of the combination in Fig. 46 is 
found as follow's: the velocity ratio of pulleys B and C is r' = 

The velocity ratio of pulleys D and E is r" = gpJ ^ 

B, for C and D, and for E and F, the velocity ratio is 1; hence 
the velocity ratio of the entire combination is 1 X X 2 q X 1 

= .9. In other words, if the telt connecting A and B exerts an 
effective pull of 1 lb., the l)olt connecting E and F will exert an 
effective pull of .9 Ih. IVom this it will be seen that the speeed 
ratio is a very different quantity from the velocity ratio. The 
spticd ratio relates to revolutions per minute, while velocity ratio 
relates to jx-riidicral velocities, and determines the ratio of the 
velocity of the power to the velocity of the load. 

78. Suppose (hat the revolutions per minute of the first driver 
wore known, say a pulley on the main shaftthat makes llOr.p.m., 
and that it were desired to drive a small emery wheel at 2200 
r.p.m. There are two countershafts the diameter of the pulley 
on the emery-wheel shaft must not be smaller than 6 in., and the 
diameters of the other pulleys must not exceed 36 in. It is 
re<iuircd to find a set of pulleys (hat will produce the desired 
result. The first step is to find the speed ratio of the eoinbina- 

2200 

tion; this is, by formula (4) f)f Art. 77, .s^ = = 20. The 

arrangement of pulleys and shafts is shown in Fig. 47, M being 
the main shaft, C and C" the countershafts, and E the emery- 
wheel shaft. It is now necessary to find three numbers which, 
when multiplied together, will give a product of 20; these num¬ 
bers will be the speed ratios of the parts of the combination. It is 
desirable, though not necessary, that the three numbers be of 
approximately the same value; if they were exactly the same, 
they would be equal to •^20 = 2.71-(-. Taking one of the num¬ 
bers as 2.5, 20-5-2.5-8; calling one of the other two numbers 
3, 8 -r 3 = 2|; hence, the three speed ratios may be taken as 
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(also called followers). Representing the diameters of A, C, 
and E, the drivers, by D', D", D'", and the diameters of B, D, 
and F, the followers, by d', d", and d'", the speed ratio of pulleys 


A and B is = s', of C and D is and of E and F is 

D'" 

d"' ~ the entire combination is always 


equal to the product of the sjieed ratios of all the separate 
machines that make up the combination, or, in this case, 

D> T)if jyii n'T)"/)'" 


In other words, the speed ratio of any combination of pulleys is 
equal to the product of the diametci’s of all the drivers divided 
by the product of the diameters of all the followeis. If the 
number of revolutions per minute made by the first driver is 
known and is represented by N, the number n made by the last 
follower will be 

n = s,N (2) 

and if the number of revolutions per minute made by the last 
follower is known, the number N made by the first driver is 


If the number of revolutions per minute made by the first driver 
and last follower are known, the speed ratio of the combination 
is 





(4) 


Example. —Referring to Fig. 4fi, suppose the ])ullcys to have the following 
diameters: A = 72 in., U = 24 in., C = 40 in., fl = 30 in., E = 20 in., 
and F - R in.; if pulley A makes 150 r.p.ni., what is the speed of F7 what 
is the speed ratio of the eomhination? 

SoLDTiON.—The speed ratio of the combination is, by formula (1), 


_ 72 X 40 X 20 
M X 30 X 8 “ • 


A «». 


Hie number of revolutions per minute made by F is, by formula (2), 
B = 10 X 150 = 1500 r.p.m. Ans. 


The reason for using the term speed ratio instead of velocity 
ratio is that the velocity ratio is the ratio of the distance that the 
power moves to the distance that the weight moves. In the 
case of two pulleys, eonnected by a belt, whatever their diame¬ 
ters, the peripheral velocities are the same, and the power and 
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imaginary, in that they are not shown on the gears, but they must 
be shown on working drawings giving dimensions for making the 
gears. 

80. Pitch of Gears.—What is called the circular pitch of a gear 
is the distance from the edge (or center) of one tooth to the 
corresponding edge (or center) of the next tooth, measured on 
the pitch circle; it is the length of the circular arc aa' or W, 




Fig. 48 (o). Let d — diameter of pitch circle, n = number of 
teeth in the gear, and p« = the circular pitch; then, since the 
teeth must be equally spaced around the gear. 


What is called the diametral pitch is the number of teeth in the 
wheel divided by the diameter of the wheel, the diameter being 
expressed in inches. Let pi = diametral pitch, d = diameter of 
gear in inches, and n = number of teeth; then, 

= l ( 2 ) 

Note that circular pitch is a length, while diametral pitch is a 
ratio; the diameters of gears are always expressed in inches when 
the English system of measures is used. Thus, a gear having 72 
teeth and a diameter of 12 in. will have a circular pitch of pc 

AT X 12 72 

= —= .6236 in., and the diametral pitch will be Pd = -^2 

= 6. The latter result may be expressed as 6 teeth per inch of 
diameter, but a gear having this diametral pitch would usually 
be called a 6-pitch gear. 

The relation between the diametral pitch and the circular 
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pitch is easily found. Thus, from formula (2), — = sub- 

Pd K 

d 

stituting this value of - in formula (1), 

71 



from which pcdj = r (4) 

For instance, in the last paragraph, the diametral pitch of the 
gear was 6 and the circular pitch was .5236; then, .5236 X 6 
= 3.1416 = X. 

When making a drawing of a gear, it is necessary to use the 
circular pitch and to lay off this distance on the pitch circle; 
hence, if the diametral pitch is known, the circular pitch can bo 
found by dividing x by the diametral pitch. Thus, the circular 

pitch of an 8-pitch gear will be — = .3927 in. 


81. Shape of Teeth.—The sides of a gear tooth are curved 
surfaces as indicated in Fig. 48 (c). A cross section through the 
tooth perpendicular to the axis of the gear will usually have an 
outline similar to that shown at (a) or (6). This outline, called 
the tooth profile, has been given different shapes by different 
designers, but in mast cases, it belongs to one of two systems of 
gear teeth, the cycloidal system and the involute system. In 
the cycloidal system, the profile is made up of two curves; the 
upper part ab, Fig. 48 (5), is a segment of an epicycloid, and the 
lower part ac is.a segment of a hypocydoid. These are frequently 
called double-curved teeth. In the involute system, the entire 
profile is a single curve, which is a segment of an involute of a circle. 
These are frequently called single-curved teeth. Lack of space 
prevents further discussion of these shapes. 

82. Velocity Ratio of Gears.—When two gears having the 
same pitch and the same kind of profiles are so placed that their 
axes are parallel and a tooth of one gear fits the space between 
two teeth of the other gear, they are said to be in mesh. If one 
gear is caused to turn, each of its teeth presses in turn against 
the teeth of the other gear and causes it to turn also. If the 
gears are properly placed, the two pitch circles will be tangent 
to each other, as shown in Fig. 48(d). The lineal velocities of 
the two pitch circles will be equal, one gear will turn in the opposite 
direction from that of the other, and the result will be exactly 
the same as though the gears were pulleys driven by a crossed 
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belt, the diameters of the pulleys being the same as the diameters 
of the pitch circles of the gears. The velocity ratio of two gears 
in mesh is always 1, because the peripheral velocities are alike 
and the pressure exerted by the teeth in contact is the same on 
both gears. The case is exactly the same as that of a compound 
lever with the fulcrum in the center of both levers; the weight 
lifted will then be exactly equal to the power exerted. If, 
however, there are two gears keyed to the same shaft and they 
have different diameters, then the velocity ratio will be equal to 
the diameter of the pitch circle of the gear receiving the power 
(a follower) divided by the diameter of the pitch circle of the gear 
transmitting the power (a driver) representing these diameters by 
D and d respectively. 



If the pitch diameters of the gears are not known, it is usually 
difficult to determine them accurately; but it is easy to count 
the number of teeth in a gear. Since the number of teeth is 
directly proportional to the diameter, let N = number of teeth 
in the driver and n = number of teeth in the follower; then 



The speed ratios are found in exactly the same manner as in 
the case of belt pulleys, substituting the number of teeth instead 
of the diameters in the formulas of Art. 77. Thus, formula 
(1) becomes 


Sr = 


N'N"N"' 


(3) 


nn n 

83. Idlers.—If three gears are in mesh, so that gear A meshes 
with gear B, and gear B meshes with gear C, the only effect 
produced by gear B is to change the direction of rotation of gear 
C; it has no effect on the speed ratio or on the velocity ratio, 
and for this reason is called an idle gear or idler. In the case 
of four geai-s A, B, C, and D in mesh, B and C will be idlers, and 
D will turn in the same direction as though it meshed with gear 
A. The reason for using two idlers is to obviate thg use of two 
large gears, which would be necessary if the distance between the 
shafts remains the same. 


84. Gear Trains.—Keferring to Fig.. 49, the circles C, D, E, 
and F, represent the pitch circles of gears, and circles A, B,G and 
H represent belt pulleys. Pulley B and gear C are keyed to the 
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same shaft, as also are gears D and E, and gear F and pulley G. 
A set of gears connected in this manner form what is call^ a 
train of gears, a gear train, or simply a train. Since a gear 
is equivalent to a pulley having the same diameter as the pitch 
circle of the g( ar, if it is desired to find the speed ratio of the 
combination, the product of the diameters and number of teeth 
of the drivers divided by the product of the diameters and number 
of teeth of the followers will equal the speed ratio. Thus, 
suppose the diameters of the drivers A and G are 60 in. and 15, 



of the followers B and H are 48 in. and 24 in., number of teeth in 
the drivers C and E is 16 and 12, and in the followers D and F is 
36 and 30; then, 

_ 60 X 16 X 12 X 15 
48 X 36 X 36 X 24 ^ 

If, therefore, pulley A make 180 r.p.m., pulley H will make 
180 X A = 25 r.p.m. 

To find the velocity ratio of the combination, pulley B and 
gears D and F are followers, gears C and E and pulley G are 
drivers, and the velocity ratm of the combination is 
48 X 36 X 30 
i6 X 12 X 15 * 

Hence, if the effective pull of the belt connecting A and B is 200 
lb., the load W that can be lifted is 200 X 18 = 3600 lb. 




§1 SIMPLE MACHINES 89 

85. Kinds of Gears.—The gears so far described are called 
spur gears; the axes of these gears are always parallel. When 




90 


MECHANICS AND HYDRAULICS 


insido the other, as shown at (a), Fig. 50, the gears are called 
internal, or annular, gears. When one gear has a flat face, as in 
(c), it is called a crown gear. The W'heel in the ease of a worm 
and wheel is called a worm gear. In all these cases, except (he 
last, the speed ratio may be found by taking the ratio of thenunibijr 
of teeth in the gears that me.sh. When the axes do not lie in f he 
same plane and do not intersect as shown at (d). Fig. 50, the gears 
are called helical gears, though frcquentlj’, but erroneously, they 
are called spiral gears. The teeth of helical gears have helical 
surfaces; that is, the edges of certain sections taken through th > 
^th will he helices instead of right lines. Helical gears mav 
fanrf to connect .shaft. ,rho.se ax«. .are pamikl, am/ Ih 

those which liitcrsoet, boinf; used in place of spur and beve/gears; 
a worm gear is a special ease of a helical gear. The speed ratio 
of helical gears depends upon the design, which varies, and rules 
for determining it must be omitted here. A straight bar with 
teeth cut in it to mesh with a spur gear is called a rack; see (ej, 
Fig. 50. The spur gear that meshes with the rack is called a 
pinion. The smaller of any two gears in mesh is also com¬ 
monly called the pinion gear or pinion. 


FRICTIOff 

86. Kinds of Friction.—Up to this point, it has been assumed 
that equilibrium was produced by the action of actiue forces, and 
that the slighest increase or decrease in any one of (hi; forces 
would result in causing the body to move, since the equilibrium 
would then be destroyed. In actual practice, however, this is 
not the case, since a passive force, called friction is always pres¬ 
ent and always acta on any body in motion. It must be over¬ 
come before any motion can result. A simple experiment will 
show some of the effects and laws of friction. 

Referring to Irig. 51, an iron block of weight W is shown resting 
on top of a wooden table, the table being flat and level (horizon¬ 
tal). The block has the shape of a prism, the three dimensions 
ab, ae, and ad being different. A string is attached to the block, 
passes over a small pulley, and a weight w is attached to the other 
end of the string. The weight w may be a pail into which sand 
or water can be poured until its weight is just sufficient to cause 
the block to move. If there were no friction, the weight w would 
be extremely small; theoretically, it would be 0. On trying 
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the experiment, however, it will be found that w is always a 
measurable quantity, and its magnitude represents the force of 
friction. 

It will likewise be found that if the weight of IT be increased, 
say by placmg another and equal weight on top of the block, the 
weight w must also be increased the same amount; for instance, 
if IT be doubled, w wiU also be doubled, and the force of friction 
will be twice as great as before. Since the pressure exerted by 
the block is normal (perpendicular) to the surface of the table 
top, one of the laws of 

friction is thus made ..v;--- 

evident: friction is di- '' 

redly proportional to the Q ' / 

normal p essure exerted .. 0 'y 

by a body sliding on gsLM.' 

Friction of the kind ■' ■■■' ^ 

just mentioned is called ' ''yiyy^■/' ' y"/ %y 

sliding friction, and is /■' J§/' 

always created when w/ /rm 

one body slides on an- -^y ' , ' ■' 

other. When a body 
rolls on another body, as 

when a wheel rolls on a flat surface, or when a ball rolls on a flat 
surface or in a bearing, another kind of friction is created, called 
rolling friction. Again, when water or other liquid or fluid flows 
through a pipe or channel, it meets with a resistance, called fluid 
friction. 




87. Cause of Friction.—Friction is caused by the fact that every 
surface, no matter how smooth it apparently may be, is really a 
succession of little humps and depressions, as may be seen when 
examined under a microscope. Consequently, when one surface 
moves over another, the result is somewhat like drawing a heavy 
wagon over a rough and rocky road. It is important to note 
that friction does not exist except when there is motion; the force 
of friction, therefore, never tends to produce motion, but always 
tends to prevent or destroy it. Friction always acts contrary to the 
force that produces the motion. Since a force cannot act on a 
body without producing some effect on it, and since the force of 
friction never tends to produce motion, what docs it do to the 
body on which it acts ? the answer to this question is heaU Again, 
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since the friction exists as long as the body moves, the result is 
the same as though a force acted through a distance, that is, 
work is done; and this work is changed into heat energy. Ordi¬ 
narily, the heat thus created will be dissipated into the surround¬ 
ing atmosphere; but, if the velocity of the moving body is high 
and the pressure is considerabk', the bodies in contact will become 
heated, especially in the case of journals and their bearings, the 
result being that the journals become quite hot, which causes 
them to expand, thus increasing the normal pressure. This 
increases their temperature, causes them to expand still moie, 
and so on, the final result being that the bearings may melt or the 
journals may stick, thus stopping the machine. 

88. Coefficient of Friction.—^Let P = the normal pressure and 
F = the force of friction; then, the ratio of F to P is called the 
coefficient of friction, which is usually represented by the Greek 
hdter ju (pronounced mu). FTom this definition, 

F 

M = p (1) 

Ibiferring to Art. 86 and Fig. 51, P 
= W and F = w; hence, in the case 
there described, 

w 

I* - -yy 

If, then, the coefficient of friction 
and the normal pressme are known, 
the force of friction can be found, 
since, by formula (I), 

F^pP ( 2 ) 

89. Experimental Determination 
of the Coefficient of Friction.—The 
"coefficient of friction may be de¬ 
termined in the manner previously 
described; but it is not easy, because there is friction between 
the string and the pulley and between the pulley journals and 
their bearings. These last two factors may be eliminated in 
the following manner: Referring to Fig. 62, suppose the iron 
block to rest on a horizontal plane surface, which is the upper 
surface of a board CD or other material that is to be tested and 
which is hinged at C. By raising the end at D, it will swing 
through the arc DD', and a point will be reached such that the 
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slightest increase in the angle D'CD will cause the block to move 
down the plane. This angle is called the angle of fnction, and 
experiment shows that for the same materials, with the contact 
surfaces in the same condition, this angle is constant; that is, it 
has the same value regardless of the normal pressure. Draw OA 
to represent the weight of the block, which acts vertio^illy down¬ 
wards; then BO, drawn perpendicular to the surface, represents 
the reaction on the block, and AB, parallel to the surface, rep¬ 
resents the force that keeps the block from moving. These 
three forces produce equilibrium; OB, equal and opposite to BO, 
is the normal pressure, and AB is the force of friction, both to the 
same scale that OA represents the weight. Let P — the normal 
pressure and F = the force of friction; then, 

F :P = AB : OB 

or ^=P^6b 

But, F=p'xii 

. AB 

hence, it = 

The triangle OBA is a right triangle, right-angled at B, and the 
angle AOB = D'CD, the angle of inclination of the surface to 
the horizontal. In trigonometry, the ratio of the side opposite 
an acute angle of a right triangle to the other short side is called 
the tangent of the angle; hence, the tangent of the angle 0 

AB 

(expressed as tan 0) is tan 0 = , and 

It = tanO = tan D'CD 

Therefore, if a table giving the values of the tangents of angles 
is at hand, and the angle of inclination has been found by experi¬ 
ment, the tangent of this angle will be the coefficient of friction. 
Thus, for a cast-iron block sliding on an oak surface, it will be 
found that the angle D'CD is about 26°; the tangent of 26° is 
.4877; hence, the coefficient of friction of cast iron on oak is .49, 
to two significant figures, which is close enough for all practical 
purposes. 

90. The coefficient of friction is frequently, perhaps usually, 
expressed as a per cent. In the case just mentioned, the co¬ 
efficient of friction of cast iron on oak would then be 49 per cent. 

w 

Referring to Art. 88, it was shown that n = from which, 
w = nW 
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since the friction exists as long as the body moves, the result is 
the same as though a force acted through a distance, that is, 
work is done; and this work is changed into heat energy. Ordi¬ 
narily, the heat thus created will be dissipated into the surround¬ 
ing atmosphere; but, if the velocity of the moving body is high 
and the pressure is considerabk', the bodies in contact will become 
heated, especially in the case of journals and their bearings, the 
result being that the journals become quite hot, which causes 
them to expand, thus increasing the normal pressure. This 
increases their temperature, causes them to expand still moie, 
and so on, the final result being that the bearings may melt or the 
journals may stick, thus stopping the machine. 

88. Coefficient of Friction.—^Let P = the normal pressure and 
F = the force of friction; then, the ratio of F to P is called the 
coefficient of friction, which is usually represented by the Greek 
hdter ju (pronounced mu). FTom this definition, 

F 

M = p (1) 

Ibiferring to Art. 86 and Fig. 51, P 
= W and F = w; hence, in the case 
there described, 

w 

I* - -yy 

If, then, the coefficient of friction 
and the normal pressme are known, 
the force of friction can be found, 
since, by formula (I), 

F^pP ( 2 ) 

89. Experimental Determination 
of the Coefficient of Friction.—The 
"coefficient of friction may be de¬ 
termined in the manner previously 
described; but it is not easy, because there is friction between 
the string and the pulley and between the pulley journals and 
their bearings. These last two factors may be eliminated in 
the following manner: Referring to Fig. 62, suppose the iron 
block to rest on a horizontal plane surface, which is the upper 
surface of a board CD or other material that is to be tested and 
which is hinged at C. By raising the end at D, it will swing 
through the arc DD', and a point will be reached such that the 
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that is, the friction of cast iron on brass, for example, is not 
exactly the same as the friction of brass on cast iron. 

6. Friction is greater between rough surfaces than between 
smooth surfaces. Consequently, friction may be diminished 
by polishing the surfaces in contact; also, by placing between 
them a lubricant, such as oil, grease, graphite, etc. 

92. Journal Friction.—Journal friction is a special case of 
sliding friction, the journal sliding around its bearing. Usually, 
the journal presses against only 
one half of the bearing, as indi¬ 
cated in Fig. 63, the other half 
being merely a cover. The 
total load on the bearing may be 
represented by P, and it is dis¬ 
tributed over the surface ABCD, 
being greatest at B and 0 at A 
and C. The average pressure 
on the bearing per unit of area, 
called the bearing pressure, is 
equal to P divided by the projected area of the journal JJ'. 
Thus, let d = diameter of journal and I = length of journal; 
then, the projected area = Id, and 

P 

Id 

in which (when I and d are measured in inches) pi, is the bearing 
pres.sure per square inch. 

Assuming that the bearings are well and properly lubricated, 
the value of pt must not exceed about800 lb. per sq. in.; otherwise, 
the lubricant will be forced out, the bearings will heat, and the 
lining, which is generally of some soft material (brass, Babbitt 
metal, phosphor bronze, etc.) will melt or will expand so much as 
to cause the journal to stick. 

93. Rolling Friction.—Rolling friction is very much less than 
sliding friction; for this reason, roller bearings and ball bearings 
are used when feasible whenever it is desired to reduce the friction 
as much as possible. As with sliding friction, rolling friction is 
directly proportional to the normal pressure. Let W — the 
weight of the wheel and any load that it may carry, ii,= co- 
efiBcient of rolling friction, r = radius of wheel, roller or ball, 
and P = force required to overcome the rolling friction; then. 

rolling friction = /t,W = P 
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The force P is assumed to act at the center of the wheel, and the 
wheel turns about the point of contact A, Fig. 54, as a center. 
For a very slight movement, therefore, A may be taken as the 
origin of moments, and the moment 
of P about A is Pr. In order to 
produce equilibrium, it is necessary 
for this turning moment to be 

_counterbalanced by an equal and 

opposite moment, which may be 
considered to be represented by 
MrW, W being the force and ft, the arm of the moment. Plac¬ 
ing these two moments equal to each other, 

Pr = n,W 



A 

Fig. S4. 


or 


P = 

r 


This formula shows that the greater the radius of the wheel, 
the smaller will be the value of P, the force required to overcome 
the friction. 

The coefficients of rolling friction vary from .001 to about 
.005. It is said to be noted that while sliding friction can be 
reduced by means of lubricants, this is not so with rolling friction; 
but, nevertheless, the harder and smoother the surfaces in con¬ 
tact the less will be the rolling friction. 


EFFICIENCY 

94. Theoretical Power Required to Lift Load.—It will bo 
evident from what has preceded that the actual force neces¬ 
sary to raise a load by means of a machine is greater than that 
required to produce equilibrium when all hurtful resistances are 
neglected, because whenever there is movement there is friction, 
and friction may be considered as a force that is acting in opposi¬ 
tion to the power; hence, a greater power is required to raise a 
load than would be required if there were no friction. The power 
required when friction and other hurtful resistances are neglected 
is called the theoretical power; representing it by Pand the 
actual power by P', the ratio of the theoretical power to the actual 
power is called the efficiency of the machine. The efficiency is 
almost invariably represented by the Greek letter n (pronounced 
ayta} r hence, 

_P 

^ pt 
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For instance, suppose in the case of a block and tackle, the 
theoretical force, as found by calculation, required to raise a cer¬ 
tain load is 32 lb., while the actual force required to raise the 
same load is 40 lb.; then, the efficiency is 


V = 


32 

40 


.8, or 80% 


As in the ca.se of the coefficient of friction, efficiencies arc 
generally expres.sed xs a per cent. 

96. Hurtful Resistances.—A hurtful resistance is any force 
that tends to oppo.se the motion or impede the action of a 
machine and which is not considered in finding the velocity ratio. 
For example, referring to the gear and pulley trsiin of Fig. 49, 
Art. 84, pulleys A and B are not considered when calculating the 
velocity ratio; but when finding the efficiency of the entire com¬ 
bination, they must be considered, bcciiuso they increase the 
number of hurtful resistances. If all the hurtful resistances are 
here considered, they must include the journal friction of pulleys 
A and H and of the shafts carrying the three sets of gears, the 
force required to bend the belts around the pulleys, the effect of 
centrifugal force on the bclUs, the friction of the. belts on the 
pulleys in ca.se of the belts slipping, the friction of the gear teeth, 
the bending of the I'ope aromid pulley H, and one or two others 
that are never considered in practice, because their effects are 
so small that they are neglible or cannot be measured. It is 
evidently a very difficult matter to measure accurately all the 
hurtful resistances. In the case of Fig. 49, the best plan to pursue 
would be to ascertain what pull on the belt connecting pulleys 
A and B is required to raise the weight W ; call this pull P'. 
IF 

The theoretical pull is y, where r = the velocity ratio of the 

P 

combination; then, the efficiency may be taken as i;' = p. The 

actual efficiency i? will probably differ slightly from i)', but the 
difference is so slight that it may be entirely neglected in practice. 

96. Efficiency of any Combination of Machines.—The effi¬ 
ciency of any combination of machines is equal to the product 
of the efficiencies of each machine making up the combination; 
the efficiency of any set of combinations is equal to the product 
of the efficiencies of each separate combination. For example, 
suppose that a steam engine drives a main shaft, several counter¬ 
shafts, and, finally, a rotary drying furnace. If the efficiency of 
7 
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the engine (running without connection to the main shaft) is 
I?' = 85%, of the shafting, pulleys, etc., is = 92%, and of the 
furnace with its gears, etc., is 5 "' = 90%, the efficiency of the 
entire combination is 


= .85 X .92 X .90 = .7038 = 70.38% 


97. Another Method of Computing Efficiency.—Instead of 
computing the efficiency by finding the ratio of the theoretical 
power to the actual power required to raise a load, it is frequently 
more convenient to find the ratio of the works; that is, suppose 
the power to act through a distance s' and that this causes the 
load to be raised (or the resistance to be overcome) through a 
distance s"; the work done on the machine is J°s'; the work done 
by the machine is Ws", IK representing the load or resistance 
overcome; then, 



( 1 ) 


The value of the efficiency obtained by this method is exactly 
the same as by the previous method. For, let r = the velocity 
ratio; then, s' = s"r; P is the actual power, and corresponds to 

If 

P' in the formula of Art. 94; — = P of Art. 94; hence, 

W 

_ Fs" F _ JL _ P_ 

’ P's"r “ P'r F P' 


Therefore, if the work supplied to the machine be denoted by 
L', and the work done by the machine by L, 


The value of the efficiency obtained by formulas ( 1 ) and (2) 
and the formula of Art. 94 is called the mechanical efficiency. 


EXAMPLES 

(1) The flywheel of an engine is 84 in. in diameter and makes 160 r.pjn.; 
it connects by belt with a 56-inch pulley on the main shaft; (a) how many 
revolutions per minute does the main shaft make? A 36-inch pulley 
on the main shaft drives a 28-inch pulley on the countershaft; (5) how many 
r.p.m. does the countershaft make? A 36-inch pulley on the countershaft 
drives a 12-inch pulley on a band saw; (c) how many r.p.m. does the 12-inoh 
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pulley make? (d) what ie the velocity ratio of the combination? (e) the 
speed ratio? (o) 240 r.p.m. 

(fc) 308^f r.p.m. 
ilns. (c) 925*4 r.p.m. 

(d) 1.21- 

(e) 5.786- 

(2) A main shaft makes 180 r.p.m. and a pulley on the spindle of a lathe 

makes 30 r.p.m.; if the pulley is 18 in. in diameter, find diameters of a set 
of pulleys for the main shaft and countershaft. WTiat is the (o) speed ratio? 
(6) the velocity ratio of the combination? Ans. (o) H- 

(3) What is (a) the addendum circle? (5) the nsit circle? (c) the pitch 
circle? 

(4) The diametral pitch of a spur gear is R, (a) whnt is the circular pitch? 
(6) It the gear has 40 teeth, what is its diameter? 

A„«.{|“)f«3in. 

I (o) 8 m. 

(5) What is (o) the cause of friction? (fr) what should I)c the greatest 
bearing pressure per unit of projected area? 

(6) In a gear train, the number of teeth in the drivers D', D", D'" is 
16, 36, and 30 respectively; the number of teeth in the followers F', 

F" is 32, 90, and 18 respec-tively; what is (a) the speed ratio of the cumbina- 
tiou? (6) the velocity ratio? ^ / (o) M 

(7) In the last Question, suppose gear F'" is keyed to the leadscrew of a 

lathe and gear D' is keyed to the lathe spindle; the leadscrew works in a nut 
attached to the c.arriage, and when the leadscrew turns, the carriage moves; 
how far will the carriage move when gear D' makes one turn? The lead¬ 
screw has 6 threads per inch. Ann. -j*, in. 

(8) If the efficiencies of the various mechanisms that make up a machine 
are 92%, 87%, 66?^%, and 96%, what is the efficiency of the machine? 

Ans. 61.23-%. 


CENTER OF GRAVITY 

CENTER OF GRAVITY OF UNES 

98. Definition.—Suppose A BCD, Fig. 65, to be a thin, flat, 
iron plate having the shape of a rectangle and lying in a horizontal 
plane. Suppose further that this plate be divided into a very 
large number of little squares, all equal; then, the weight of 
each square may be represented by w. If the number of squares 
is n, the weight of all the squares will be nw, and this must 
equal W, the weight of the plate. The weight w of one of these 
squares represents a vertical force that is exerted on the square 
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by the action of gravity; these forces are all parallel and equal, 
and are indicated by the little arrows. Each little arrow, which 
completely represents a force, acts at the geometrical center of 
the square whose weight it represents. There are, therefore, 
n parallel forces acting on the plate; the resultant of these parallel 
forces is nw = W = R, and it now remains to be shown how to 
find the position of this resultant. 

Bisect the rectangle by drawing pg parallel to AB; also bisect 
it by drawing mn parallel to BC; thc.se two lines arc axes of 

symmetry and intersect in 0 
the geometrical center of the 
rectangle. Moreover, 0 is 
also the point through which 
the line of action of the re¬ 
sultant li mast pass, in this 
case, l)ccauso, if the plate be 
assumed to be balanced on a 
knife edge extending along 
pq, it is evident that the 
forces on the right of pq will exactly balance those on the left 
of pq, the case being exactly the same as that of a lever with 
e<iual arms; hence, the resultant must pass through some point 
on pq. For the same ren,son, it must also pass through some 
jioint on mn; it must, therefore, pass through their point of 
intersection 0. If, then, the plate be suspended from the 
point 0, either by placing a pivot directly under 0 or by 
attaching a string to the plate directly over 0, the plate wfll 
balance; that is, it will, when stationary and when so placed, 
lie in a horizontal plane. The slightest increase in weight any¬ 
where, no matter how small or where situated, will cause the 
plate to tip, the extra weight causing that part on which it lies 
to tip downwards. 

The point 0 is called the center of gravity of the plate; its 
nat ure is such that if any right line be drawn through 0 in the 
plane of the plate, the moment of the part of the plate on one 
side of the line is equal to the moment of the part on the other 
side of the line. It is for this reason that the intersection of any 
two such lines determines the center of gravity of an area. 

99. The Right Line.—A right line may be considered as the 
axis of a straight wire. If such a wire be balanced on a knife edge, 
the point on the axis directly over the knife edge will be the mid- 




§1 


CENTER OF GRAVITY 


101 


die point of the axis, the case being exactly the same as that of 
a lever with equal arms; hence, the center of gravity of a right 
line is a point on the line midway between its ends, that is, the 
center of the line. 

100. The Broken Line.—To find the center of gravity of a 
broken line, as ABCDEF, Fig. .56, the easiest method is the fol¬ 
lowing: bisect each of the linos Ali, BC, etc. in (>, P, Q, It, and S, 
and these points will be centers of gravity of the lines composing 
the broken line. Through one of these points, as 0, draw a 



horizontal lino OX, called the axis of X, and a vertical line OY, 
called the axis of Y. Those lines are also called the axis of 
abscissas and the axis of ordinates, respectively. From 0, P, 
Q, etc. draw perpendiculars to OX and OY, and denote the lengths 
of these perpendiculars by yi, j/j, y^, etc. and by x,, Xj, Xj, etc. 
Let li, Is, k, etc. denote the lengths of AB, BC, CD, etc. Let 
y denote the distance of the center of gravity of the entire line 
from OX, and let x denote the distance of the center of gravity 
of the entire line from OY; then. 


and 


hVi + hy 2 + li Va + UVi + etc . 
li + + la + f4 + etc. 

ZiXi -b Is X s + IsXa -b ItX t + etc. 
li + is + la + L + etc. 


For example, suppose that Zi, h, k, etc. equal 1.76 in., 1.55 
in., 1.08 in., 1.37 in., 1.60 in., that yi, j/a, yz, etc. equal 0 in., .52 in.. 
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1.04 in., .96 in., 1.31 in., and that *i, x^, x,, etc. equal 0 in. 
1.50 in., 2.67 in., 3.65 in., 4..53 in.; then, 

1.76X0+1..55X.52+1.08X1.04+1.37X.96+1.60X1.31 
^ 1.76+1755+1.08+1.37+1.60 

= .726 in. 

^ 1.76 X 0+1.55X1.50+1.08 X 2.67+1.37 X 3.65+1.60 X 4.53 

® 1.76+1.55+1.08+1.37+1.60 .. 

= 2.372 in. 

Note.—I t will be observ'ed that the distantiCH xi and j/i are equal to 0 in 
FiR. Ifi, because the axes of X and Y pass through the center of gravity of 
the segment AB. 

To locate the center of gravity Oo on the drawing, lay off on OY 
Op = y = .726 in., draw pq parallel to OX, and lay off pOt, = 
X = 2.372 in. Or, lay off on OX, On' = 2.372 in., draw n'm 
parallel to OF, and lay off n'Oo = y = .726 in. 

101. Formulas (1) and (2) of the last article are so important 
tliat a rather full discussion of them is advisable. While a line, 
no matter how long, has no weight, it is assumed that each of 
the short lines that forms a part of the broken line has a certain 
weight that is proportional to its length. The entire line thus 
tends to turn about the line OX as an axis, called the axis of 
moments. The moment of any one of these lines about OX as 
an axis is therefore equal to its length multiplied by the distance 
of its center of gravity from OX; and the sum of these momenta 
is the numerator in formula (1). It is now assumed that the 
moment of the entire line, which is equal to its entire length 
multiplied by the distance of its center of gravity from OX is 
equal to the sum of the moments of the individual parts of the 
line, and experiment shows this to be true. Consequently, 
letting y = distance of center of gravity of entire line from OX, 
and L = length of this line, L = h + k + k + U + U + etc.; 
whence, L X y = hyi + hyt + kys kVi + hVi + etc., and 
.. _ "I" ^61/6 + etc. 

" L 

which is the same as formula (1). 

The line also tends to turn about the line OF as an axis, and 
by proceeding in exactly the same manner as above, exchanging 
the distances a:, * 1 , Xi, etc. for y, yi, y^, etc., it will be found that 

hXi + ZjXj + laXs + liXi + liXa + etc. 

--- 

which is the same as formula (2). 
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102. It will be noted that the center of gravity of the line docs 
, not lie on the line, but at a point On. If the broken line be as¬ 
sumed to be the center line of a round, fine wire, of such stiffness 
that it will not bond under its weight, and that it be connected 
to the point Oo by fine wires aOo and bOo that have no weight, 
but will support the wire L, this wire will be in equilibrium when 
supported at Oo; hence, Oo is the center of gravity of the wire 
L, and, consequently, of the broken line that forms its center 
line. The line, however, will balance’ on a knife edge laid along 
pq or mn, and their intersection is the point Oo. 

There are many cases where the center of gravity lies entirely 
outside of the line, area, or body. In all such cases, the center 
of gravity may bo considered as the point in which the entire 
length, area, or mass of the body or system of bodies may be 
concentrated to produce equilibrium. 

103. When drawing the axes of moments OX and OF, it is 
advisable, when practicable, to draw them through a center of 
gravity of one of the lines; then the distance from this point to 
the axis of moments is 0, 
and one of the terms in the 
numerator of the formula 
will disappear, thus mak¬ 
ing the calculation easier. 

These axes may bn drawn 
anywhere, and it is not 
necessary that they be at 
right angles to each other, 
provided the lines drawn 
through the centers of 
gravity of the individual 
lines are paralkl to the axes; but it is customary and easier to 
draw one horizontal and the other vertical, as shown in Fig. 56. 
Should the centers lie on both sides of either or both axes, the 
moments on one side of an axis must be considered as positive 
and those on the other side as negative, since they tend to 
turn the line in opposite directions. This may be avoided 
by selecting the position of the axes so that the centers of 
gravity of the individual parts will all lie on the same side of 
either axis. 

It may also be observed that it is not necessary to draw the lines 
PP", QQ", etc., because the lengths of these lines are equal to 
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the distances OP', OQ', etc., which may be measured instead 
of the former lines. 

Example. —In Fir. 57, lot OX and OY be the axes of moments, and let the 
lenRths of AB, BC, etc. be .93 in., .9.1 in., 1.02 in., 2.01 in., and 1.(50 in.; let 
P, Q, etc. be the cciiiters of gravity of the individual lines, and/'P' = 1.40 in., 
W' = 1-67 in., KB' - 1.04 in., SS' = 1.33 in., and TV = 2.30 in.; let 
OP' = .67 in., OQ' = 1.31 in., OR' = 1.94 in., OS' = 2.72 in., and 07" 
= 2.,53 in. Find the jiosition of the center of gravity 0„ of the broken line 
ABCOEF. Also, draw parallel axe.s through R, and find the position of On 
with reference to these axes, arid show that it has the same position with 
reference to the broken line as in the first ciuse. 

Solution.— The total length of the broken line is .93 + .93 + 1.02 
+ 2.03 + 1.60 = 0.51 in. Then, 

.. _ .93X1.40+.93Xl.fi7+1.02X1.04+2.03X1.33+l.COX2.30 . _ . . 
y -jj jj--—= 1.590 in. 

. .fi3X.07+.93X1.31+1.02Xl.’94 +2.03 X2.72+1.00 X2..53 _ 

r_.. --=,2.05/111. 

Imy off On = 2.057 in., draw vm p.arallel to OY, luid lay off nOo = 1.59 
in.; then, Oo is the center of gravity of the broken line ABCOEF. 

Through R, draw RX' and RY' parallel to OX and OY; then the distances 
PP", 00", etc. arc equal to PP' - P"P' = PP' - p/f', QQ" = _ i{K', 

stc. Similarly, RP" = 01" - OR' = -R'P', RQ" = (Xf - OR' = -R'Q' 
RS" = OS' - OR' = R'S', and RT" = 07” - OR' = R'T'. The work of 
performing these subtractions is most conveniently arranged as follows; 

PP" = 1.40 - 1.04 = .42in. RP" = .07 - 1 94 = - 1.27 in. 

’JO" = 1 07 - 1 04 = .63 ill. RQ" = 1.31 - 1.94 = - .03 in. 

SS" = 1 33 - 1 04 = .29 ill. ff.S"' = 2 72 - 1.9-1 = .70 in. 

TT" = 2.30 - 1.04 = 1.20 in. RT" = 2.53 - 1 91 = .,59 in. 

The distance of R from tin; point of intersection of the axes is 0. 
Substituting these values in the formulas, 

.93X.42+.93X.63+1.02 X0 +2.03X.29+1.0OX1.26 . . . 

y -=.550 m. 

, .93X-1.27+.93X-.03H-1.02X0+2.a3X.78+1.00X.59 

0.51 ... - - .117 m. 

_ I'liy off Rn' — x' = .117 in.; it falls on 

"*«. because Rn' = R'n, and OR' + R'n 
./ n „ \ +.117 = 2.057in. = (M=i; hence, 

on »*n, lay off n'(5,, = .650 in.; then nOo 
= nn' + n'On = RR' + n'Oo = 1.04 + .550 
= 1-590 = y. From this it is seen that 
either calculation gives the same position 
for the center of gravity Oo. It is to be 
Fio. .W. noted that distances measured to the rigM 

of R Y' are positive or +, while those mea- 
ured to the left arc negative or —; those measured from RX' upward are 
Misitive or -F, while those measured downward are negative or —. 

104. The Circular Arc.—In Fig. 58, let ACB be a circular arc 
vhoae length = I, chord = c, radius = r, and whose center is 0. 
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Draw OD bisecting the chord; it will also bisect the arc and will 
be an axis of symmetry of (he arc. The center of gravity must 
therefore lie on the bisecting radius UC; its distance from the 

TC 

eenter 0 is ^ or 

00, = j ( 1 ) 

Denoting th(‘ angle AOB by v, I = re, when i> is in radians, 
and 

00 , = ® (2) 

rii V 

TTV^ 

If V 1)0 measured or expressed in dc'grees, r = and 

oo„ = (.3) 

irv V 


For a semieirch', c = 2r and v° = 


00 „ = 


180 X 2r 
)r X 180 


180°; therefore, 

= .03C62r (4) 


ExamfU';.—I f the chord of an arc is 10.74 in. long and the angle at the 
center is 127” how far is the center of gravity from the center of the arc? 
Solution. —Applying formula (3), 


00 , 


.57.290 X 10.71 


127 


- = 4.845 in. Ans. 


104. Regular Curved Lines.—For a closed curve of regular 
outline as a circle or ellipse, or any plane curve having two or 
more axes of symmetry, the center of gravity will be at the inter¬ 
section of the axes of symmetry. This same statement applies 
to any plane figure, as a regular polygon, having two or more 
axes of symmetry. 

106. Irregular Curved Lines.—There is no general method for 
finding the exact position of the center of gravity of an irregu¬ 
lar curved line, a part or all of wliich curved. The approxi¬ 
mate method is difficult of application, and since the center of 
gravity of such a line is very seldom required, the method is 
omitted. 


CKNTER OF GRAVITY OF PLANE AREAS 

106. Sincametrical Areas.—The center of gravity of any plane 
area that has two axes of symmetry lies at the point of intersec¬ 
tion of those axes; thus, the area of the figure shown in Fig. 69 
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has two axes of symmetry mn and pq, and the center of gravity 
lies at 0,, the point of intersection of these axes. The figure 
really has any number of axes of symmetry, since any line 
drawn though tlie point Oo will bo an axis of symmetry with re¬ 
spect to the point Oo. From this, it is evident that, since any 
regular polygon may be inscribed in a circle, the center of gravity 
of any regular polygon also lies at the center of the circumscrib¬ 
ing circle, because a circle has any number of 
axes of symmetry, all of which intersect at 
the center. 

In general, any figure that has two axes of 
symmetry has an infinite number of them 
^ with respect to a point, the point being the 
center of gravity; by two axes of symmetry 
is usually meant two axes at right angles to 
each other. 

107. Rectangles and Regular Polygons.— 

Since an axis of symmetry bisects the figure, 
the distances from an axis to corresponding 
symmetrical points on either side of the axis 
are equal (by definition of symmetry). Consequently, if a line 
be drawn through the center of gravity of a rectangle parallel 
to the two long sides, the distance from this line to either long 
side is one-half the short side, since the line is an axis of symme¬ 
try; similarly, if a line be drawn through the center of gravity 
parallel to the two short sides, the distance of this line from the 
short sides will be one-half the long side. Thus, if 6 be a long 
side and d a short side, the distance of the center of gravity 

d 

from either long side will be g’ und the distance from either 
short side will be 

For a regular polygon, the distance from the center of 
gravity to any side is equal to the apothem (the distance 
from the center of the circumscribed circle to the middle point 
of a side.) 

108. The Triangle.—If a line be drawn from any vertex of a 
triangle to the middle point of the side opposite (thus bisecting 
that side), the line is called a medial line. Every triangle has 
three medial lines, as Aa, Bb, Cc, Fig. 60; and it is proved in 
geometry that, these three medial lines intersect in a common 


tn 
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point Oo. It is also proved in geometry that Oott = that 

Oijb — and Ooc = But, 0» is the center of gravity of 

the triangle; hence, the center of gravity of any triangle may be 
found by drawing a medial line, as Bb, and then measuring back 
a distance bOo on this line etjual to one-third of its length. Or, 
draw any two medial lines; their point of intersection will be 
the center of gravity. Thus, the point of intersection of Bb and 
Aa is Oo, the center of gravity of the triangle. 



Let Bd = b, the altitude of the triangle, and let OqC Ix! the 
normal distance from the center of gravity to the base AC; then 

Ooe = I' The same result Avill be obtained if either of the other 

two sides be taken as the base. 

bh 

If 6 = length of base AC, area of triangle = A = jj; from 
which, h = Since Ooe = 



a formula that may be used to calculate the normal distance 
of the center of gravity from any side when the length of the 
side and the area of the triangle are known. For example, if 
the area of a triangle is 11.4 sq. in. and the length of one of the 
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has two axes of symmetry mn and pq, and the center of gravity 
lies at 0,, the point of intersection of these axes. The figure 
really has any number of axes of symmetry, since any line 
drawn though tlie point Oo will bo an axis of symmetry with re¬ 
spect to the point Oo. From this, it is evident that, since any 
regular polygon may be inscribed in a circle, the center of gravity 
of any regular polygon also lies at the center of the circumscrib¬ 
ing circle, because a circle has any number of 
axes of symmetry, all of which intersect at 
the center. 

In general, any figure that has two axes of 
symmetry has an infinite number of them 
^ with respect to a point, the point being the 
center of gravity; by two axes of symmetry 
is usually meant two axes at right angles to 
each other. 

107. Rectangles and Regular Polygons.— 

Since an axis of symmetry bisects the figure, 
the distances from an axis to corresponding 
symmetrical points on either side of the axis 
are equal (by definition of symmetry). Consequently, if a line 
be drawn through the center of gravity of a rectangle parallel 
to the two long sides, the distance from this line to either long 
side is one-half the short side, since the line is an axis of symme¬ 
try; similarly, if a line be drawn through the center of gravity 
parallel to the two short sides, the distance of this line from the 
short sides will be one-half the long side. Thus, if 6 be a long 
side and d a short side, the distance of the center of gravity 

d 

from either long side will be g’ und the distance from either 
short side will be 

For a regular polygon, the distance from the center of 
gravity to any side is equal to the apothem (the distance 
from the center of the circumscribed circle to the middle point 
of a side.) 

108. The Triangle.—If a line be drawn from any vertex of a 
triangle to the middle point of the side opposite (thus bisecting 
that side), the line is called a medial line. Every triangle has 
three medial lines, as Aa, Bb, Cc, Fig. 60; and it is proved in 
geometry that, these three medial lines intersect in a common 
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= length of longer side AD, I" = length of shorter side BC, and 
h = altitude Bd = normal distiinee between the parallel sides; 
then, 


0(tc = 


{21" + V)h 
3(/'”+ 1") ' 


( 1 ) 


Examplf.. —The lenKthn of the |)iirullcl sides of a trapesuid are 0.3 in. and 
9.7 in.; if the altitude is .'5.2 in., what is the distanee of the center of gravity 
from the longer side? 

Solution. —Substituting in the formula the values given, 


_ (2 X O..-} + 9.7).'i.2 
’ ■ 3(9.7 + 0.3) " 


2.410 in. 


.las. 



A special case, and one that oecurs with considerable fre¬ 
quency, is when one of the aides of the trajiezoid is iierfx'ndicular 
to the two parallel sides, as in Fig. 02. Here ADm 
perpendicular to the pandlel sides AB and CD. 

This figure may be called a semi-rectangular tra-pc- 
zoid. The distance of the center of gravity Oofroin 
CD is given b> the preceding formula; the distanct! 
iioni AD, the perpendicular side, may be. found 
by the following formula, in which h = the longer 
and I- = the shorter of the two parallel sides: 

= + ( 2 ) 

"t h) 




Fill. 02. 


Kxamfle. —If the length of shorter side of a semi-reetangiihir trapezoid is 
O; in., of the longer side 81 in., and the altitude (perpendicular distanee 
hetwemi the parallel sides), is 5S in., what is the distance of the center of 
gravity from the longer side? also from the perpendicular side? 
Solution. —Applying formula (1), 




X (•>.2.1 4- S..'i)5.37.5 
3(8"5 + 0.25) 


= 2.551 - in. 


Ans. 


Applying formula (2), 

I _ + 8-'> X_0.25 + G.25» 

' - ■3(8.5 + 0.25) ■ 


3.710+in. Ans. 


To locate the center of gravity, draw h'b parallel to CD and at a distance 
from it equal to 2.56 in.; draw a'a perpendicular to CD (and parallel to A D) 
and at a distance from Al> of 3.72 in.; the point of intersection of these two 
lines will be the center of gravity Oo. 

If desired, formula (2) may be written as follows, a form that is 
somewhat easier to calculate, 

Os6=J-(ai + ls-j/Jj (3) 
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Substituting in this formula the values given in the last 
example, 

0„6 = I (ar, + 0.25 - If-J|;S) = 3.716+ in. 

111. Any Quadrilateral.—Divide each of the four sides of the 
quadrilateral, see (a) and (b), Fig. 63, in three equal parts, thus 
locating the points 1, 1 on either side of the vertex C, 2, 2 on 
either side of the vertex B, etc. Through these four pairs of 
points, draw lines which, by their intersections, form a parallelo- 




Fio. #3. 

gram abed. The intersection of the diagonals of the parallelo¬ 
gram locates the point Oo, which is the center of gravity of the 
quadrilateral. This construction may be applied to the trape¬ 
zoid, if desired, instead of the one given in Art. 110. There is no 
formula for calculating the distance of Oo, the center of gravity, 
from one of the sides, in terms of the sides. If it is desired to 
calculate the position of the center of gravity, it must be done 
by the method of Art. 113. 
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112. The Sector and Segment of a Circle.—Let AOB, Fig. 64, 
be any sector of a circle and ACB a segment, both sector and 
segment having the same central angle 
V. Both have one common axis of sym¬ 
metry, the radius OC perpendicular to 
the chord AB; hence, the center of 
gravity of either must lie on OC. For 
the sector, let v = central angle in 
degrees, 6 = the same angle in radians, r 
= radius of arc, c = AB = chord of arc, 

I = length of arc, A = area of sector; 
then, the distance of Oo', the center of 
gravity of the sector, from the center of the arc is 
^ , 2c 38.197c 2rc r^e 
^^“==39 = —“= 31=3l 
For the segment, tin; distance of Oo", tlu! center of gravity, 
from the center of the arc is 



OOo" = 


6rf — 3c\/4r* — c* 


c‘ 

c’ 

12A 


( 2 ) 


.mi2rh - SeVdr^"- 
In formula (1), A = area of sector; in formula (2), A = area 
of segment. 

E)CA.Mi>Lf:.—On a certain drawing, the central angle (moaBured with a 
protractor) was found to be about M®, the radius is 161 hi., and the chord 
was found to bo in.; hnd the distances from the center of the arc of 
the centers of gravity of the sector and segment. 

Solution.— Using formula (1) to find the center of gravity of the sector, 

nn t 3R .197 X 14|j\ n (v ’ a 

OOo = —-^ * 9.96 in. Am. 

04 

Using formula (2) to find tho center of gravity of the segment, 

00 ," =__ 

.10472 X 15.5" X 54 - 3 X 14* V4 X 15.6* - (14*)* 

= 14.52 in. An«. 

For a semicircle, formulas (1) and (2) reduce to 


OOo' = OOo" = fg ■■ 


2 X 2r 4r 

^=3^=.42441r (3) 


113. Any Plane Area.—If the figure has an axis of symmetry, 
the center of gravity lies on that axis; if it has two axes of sym¬ 
metry, the center of gravity lies at their point of intersection. 
If the figure has such a shape that the center of gravity cannot be 
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found by the methods previously given, but can be subdivided 
into triangles, rectangles, etc. whose centers of gravity can be 
found, the center of gravity of the entire figure can be found by 
the method of moments, as (rxplaincd in Art. 100, substituting 




areas for lengths in formulas (1) and (2). The process is best 
illustrated by examples. 

Referring to (a). Fig. 65, which represents a trapezium, divide 
it into two triangles by drawing one of the diagonals, say OA. 
Take OA as the base of both triangles, and draw and measure the 
altitudes Cm and Bn. Draw medial lines and locate the centers 
of gravity Oo' and Oo" of the triangles. Taking the side OC as 
the axis of X, draw a perpendicular to OC at 0 for the axis of Y, 
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and measure the distances of Oo' and Oo" from the axes; these 
distances, together with the length of the base OA and the alti¬ 
tudes, are all marked on figure. 


A f A • 1 /ADA 14.25 X 2.4 , 

Area of triangle OB A = - 2 -= I'-’ *“• 

14 OK V 8 1 

Area of triangle OCA = —^ 2 “ 57.71 sq. in. 


Area of trapezium = 17.1 + 57.71 = 74.81 sq. in. 
17.1 X_4.5_-t- 57.71 X 2.75 
74.81 


Then, y = OiiO = 


= 3.15 in. Ans. 


and 


X = Out = 


17.1 X 5iV -I- 57.71 
74.81 


X8i;, 


7.86 in. Ans. 


As another example, take the area shown in (6), Fig. 65. 
This area is a trapezoid from which a semicircular segment 
has been cut out, as shown. The figure is symmetrical about the 
radius OA, which is taken as the axis of Y, the base BC being 
taken as the axis of X. The area of the figure = area of trape¬ 
zoid — area of semicircle. Taking the moments of these areas 
as they stand, letting A = area of figure, A' = area of trapezoid, 
A" = area of semicircle, fW) = distance of c.g. (center of 
gravity) of A from BC, the axis of X; Ou'O = distance of c.g. of 
A' from BC; and Oo'O = distance of c.g. of A" from BC, 

A X OoO = A' X 0(,'0 - A" X 0o"0 


from which. 


0„0 = 


A' X On'O - A" X 0„"0 


Area of trajiezoid = X 9= 120.375 sq. in. = A' 

Area of semicircle = jirX 5.25® = 43,295 sq. in. = A" 

Area of figure = 120.375 — 43.295 = 77.08 sq. in. = A 
(2 X 8.25 + 18.5)9 _ 

^“^- 3(8.25-1-18.57 

0o"0 = .42441 X 5.25 = 2.228 in. (Sw! Art. 112.) 


Then, 040 = 


120.375 X 3.925 - 43.295 X 2^228 
" 77;08 


= 4.878 in. 

Ans. 


Note that whenever an area is subtracted, its moment is also 
subtracted. 

ExAMPM.—Fig. 66 is a working drawing of a plane aectional area; find 
the position of the center of gravity. 

SOLOTION.—Let A = area of figure, B = area of trapezoid oted, C = area 
of trapezoid e/gA, U = area of parallelogram hi, E = area of parallelogram 
8 




114 


MECHANICS AND HYDRAULICS 


§1 


gjj F « area of rectangle aeqr, G « area of trapezoid knml, and H « area of 

Q 25 j_ 15 5 

quadrant epq; then, A ==B~C — D-~F-\~F—G-\~H -- 2 - 

fi Q,7K J_ 11 19'j 

X 10.5 X 4 - 3.25 X 1.75 - 3.25 X 1.75+0.5 X 11.25 

_ X :i.r> +iTX (l.6» = 12».94 - 40 - 5.09 - 5.09 + 75.13-37.03 

+ 33.18 = 147.24 Bq. in. Taking the position of the moment axes OX and 
or as shown, OX being «r produced, find tlie distances of the centers of 
gravity of these areas from the axes as follows: Distance of c.g. of B from 



OX - 4 + —in-: c-K- of ft from OT = 15.5 

—c.g.ofBfrom«p»15.5—9.25 + 15.5 - - 9.181 in.;c.g. 

of C from OX “ 7 + ~ 8.925 in.; c.g. of 0 from 

or = 15.5 - 1^8.875 + 11.125- = jo.479 in.; c.g. of 

1 75 

J> from OX = 11 +-g- - 11.875; c.g. of D from OY = 15.5 
— =8.088 in.; c.g. of X from OX = 4 + 1.25 + = 0.125 

in.; c.g. of E from OY = 15.5 — — ' ■ * = 5.603 in.; c.g. of f 

from 0X= — 2 ~ = 6.(35 in.; c.g. of XfromOr = 16.5 +^- = 18.75 in.; 
c.g. of G from OX = 2.5 + J ^9.6 + 12 - = 7.899 in.; c.g. 

of G from Or = 17 + ~ 18.082 in.; c.g. of // from e, 
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measured along et, which bisects arc pq and makes an angle of 45° with 

38.197 X 0.6 

cq and cp, is (by formula 1, Art. 118)-—gjj-= 3.901 m., since 

the chord of a quadrant is r-\/2; the distance of this point from ep or eq 
is 3.901 X 'v/j = 2.759 in.; hence, c.g. of H from OX = 11.25 + 2.759 
= 14.009; and distance of c.g. from OY = 15.6 + 2.769 = 18.259 in. 

Consequently, the distance of the center of gravity of the figure from OX 
is 


129.94 X 8.808 - 40 X a.02.'i 
a* S.iiS.') in. Arts. 


S.flflX 11.875-6.60X0.125+ 73.13X5.fi25-37.63X7 809+33 18XU.0M 
147.24' .. 


The distance from OY is 

129.94 X 9.181-40X10 479 -5.QflX8.088 - 5.69 X 5.563 + 73. l3X18.75 - 37. 63X18.682 + 33.l8X16.2S0 

147:24 ' 


■■ 13.'3d7 iu. iln«. 
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114. Simple Solids.—As slated in Elementary AjypUed Mathe¬ 
matics, if a solid have three planes of symmetry, one of which is 
at right angles (perpendicular) to the other two, the point of 
intersection of the three planes is the center of gravity of the solid. 
Hence, the center of gravity of 
a right prism whose bases are 
regular polygons is at the middle 
point of the axis; this is also true 
for a right cylinder whose bases 
are circles or ellipses. For an 
oblique prism (or oblique cylin¬ 
der) whose bases are any plane 
figure, find the center of gravity 
of both bases, join them by a 
right line, and the center of grav¬ 
ity will lie at the middle point of 
the line. Thus, referring to (o), Fig. 67,0'O" is the line joining the 
centers of gravity of the two bases of the prism. A plane parallel 
to the two bases and midway between them will be a plane of 
symmetry and must contain the c.g. of the prism; this plane 
intersects O'O" in Oo, the c.g. of the prism. 

If a right cylinder be cut by a plane making an angle with 
the base, called a truncated cylinder, as in (b). Fig. 67, the center 
of gravity will no longer lie in the axis mn. Let h' = AB, the 
longest element of the truncated cylinder, h" = CD, the shortest 
element (which will be diametrically opposite AB), and r = the 
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gjj F « area of rectangle aeqr, G « area of trapezoid knml, and H « area of 

Q 25 j_ 15 5 

quadrant epq; then, A ==B~C — D-~F-\~F—G-\~H -- 2 - 

fi Q,7K J_ 11 19'j 

X 10.5 X 4 - 3.25 X 1.75 - 3.25 X 1.75+0.5 X 11.25 

_ X :i.r> +iTX (l.6» = 12».94 - 40 - 5.09 - 5.09 + 75.13-37.03 

+ 33.18 = 147.24 Bq. in. Taking the position of the moment axes OX and 
or as shown, OX being «r produced, find tlie distances of the centers of 
gravity of these areas from the axes as follows: Distance of c.g. of B from 



OX - 4 + —in-: c-K- of ft from OT = 15.5 

—c.g.ofBfrom«p»15.5—9.25 + 15.5 - - 9.181 in.;c.g. 

of C from OX “ 7 + ~ 8.925 in.; c.g. of 0 from 

or = 15.5 - 1^8.875 + 11.125- = jo.479 in.; c.g. of 

1 75 

J> from OX = 11 +-g- - 11.875; c.g. of D from OY = 15.5 
— =8.088 in.; c.g. of X from OX = 4 + 1.25 + = 0.125 

in.; c.g. of E from OY = 15.5 — — ' ■ * = 5.603 in.; c.g. of f 

from 0X= — 2 ~ = 6.(35 in.; c.g. of XfromOr = 16.5 +^- = 18.75 in.; 
c.g. of G from OX = 2.5 + J ^9.6 + 12 - = 7.899 in.; c.g. 

of G from Or = 17 + ~ 18.082 in.; c.g. of // from e, 
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§1 CENTER OF GRAVITY 


SE or S'E' (if E does not fall outside the base), lay off EF (or 


E'F') = 


4 ’ 


and pasp a plane MN through Fparallel to the base; 


it intersects iSO' in Oo, the center of gravity of the prism (or cone). 
The line F'FOe will lie in this plane. 


116. The Frustum.—Rfiferring to Fig. 68, let the area of the 
upper base of a frustum of a pyramid or cone be A", of the lower 
base A', and the altitude A; then, the distance y of the c.g. from 
the lower base {= QG in the figure) is 

^ + 2VA'W'±JA''\ h 

^ \ A' +VA'A"+A"") 4 


If the frustum is that of a right cone with circular bases, let 
R = radius of lower base and r = radius of upper base; then 


^ /R^J- 2Rr + Sri'x h 
W + «r + r“ M 


( 2 ) 


Exampi^s.—H ow far from the lower base is the center of gravity of a 
frustum of a cone of revolution if the radius of the lower base is 1914 of 
the upper base 12)4 io., and the altitude is 14 in.? 

Solution.—S ubstituting in formula (2), 


/ 19.25» + 2 X 19.25_X 12.5_+ 3 X 14_ . ™ . 
V 19.25* + 19.25 X 12.5 + l'2.5* / 4 " 


4 ns. 


117. Rectangular Prismoid.—Fig. 
69 represents a prismoid whose 
bases are rectangles. Let AB - b', 
AD = d', A'B' = b", and A'D' = d". 
If O' and 0" are the centers of 
gravity of the bases, the c.g. of the 
prismoid lies in O'O" at a distance y 
from the lower base. Letting h = 
the altitude of the prismoid. 



Fia. 69. 


_ / b'd' +_36"d" + b'd" -t^6"d'\ h 
^ \26'd' + 26"d" + b'd" + b"d'l 2 


( 1 ) 


Example. —Suppose the dimensions of a rectangular prismoid arc as 
follows: h' = 34.5 in., d' = 21.25 in., b" = d" = 16.5 in., and A = 40 in. 
What is the distance of the c.g. from the lower base? 

SoLtPTioN. —Substituting in the formula the values given, 

34.5 X 21.25 + 3 X 16.5* + 34.5 X 16.5 +16.5 X 21.26 
“ 2 X 34.6 X 21.25 + 2 X 16.5* + 34.6 X 16.5 +16.6 X 21.25 

= 16.854 in. Am. 


V 
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If the upper base be a line only and parallel to ABmACD of the 
lower base, the side A'l)' = B'C = 0, and the prismoid becomes 
a wedge, in which case, formula (1) reduces to 
iV +h"\h 

y ~ \2b' + b") 2 

and if b' - b", 

y-\ (3) 

117. Solid of Revolution.—In general, the position of the cen¬ 
ter of gravity of a solid of revolution can be found only approxi¬ 
mately, the best practical method being to apply Simpson’s 
rule as indicated in the following: 
This rule was applied to areas in 
Elemeniary Applied Mathematics, but 
it can be applied ecjually well to 
volumes by dividing the given volume 
into any even number of parallel 
slices, making them all of the same 
thickness, by passing parallel planes 
through the solid at equal distances 
apart; the areas of the sections thus 
formed are substituted in the formula 
instead of the ordinates yo, yi, yt, 
etc. Thus, referring to Fig. 70, sup¬ 
pose the outline to represent the projection of a solid on the 
plane of the paper. The lines AA', BB', CC, etc. represent the 
projections of plane sections at equal distances apart. Let h = 
altitude O'O"; then; if n = number of slices (n must be an 

even number), the thickness of each slice is -> which is equal 

to h in the formula of Simpson's rule. Referring to the figure, 
let area of bottom section = At, of the next section Ai, of the 
next At, etc.; then the volume of the solid is 

V = [Ao-f-An-t-4(A 1 As-f As-j- • • ■ ■ -fAn-l) 

-f-2(A2-f-A 4-f Ae-b • • • • A,^.j)] (1) 
This formula may be applied to any solid, provided the slices 
are taken sufficiently thin, but for most purposes 8 or 10 will be 
sufficient. 

If the solid be one of revolution, O'O" will be the, axis of revolu¬ 
tion, the sections will all be circles having radii ro, r,, rj, r 4 , etc. 
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and the areas will be iro, Wi, irri, etc. Substituting these 
values for Ao, Ai, Aj, etc. in the above formula, it reduces to 

^ ^ l»'o + + 4(r? + ra + + • • • • + ji.j) 

+ 2 ( j | + »4 + >1 + • • • • +*^- 2 )] ( 2 ) 

The dots in formulas (I) and (2) indicate missing terms; thus, 
when n = 12 , r^.i = j'n, r '-2 = rfo, and the missing terms are 
rj, ?^, and rj. 

ExamtI/E.—R eferring to Fig. 70, the dimensions marked on the horisontal 
lines are the lengths of the railii; find the vohmie of the solid. 

Solution.—^ 1'he numlier of slices is 8; hence, n = 8,n — 1=7, n—2 = 0, 
and formula (2) hceomes, for this case, 

* "3X8 + ’'s + ’'i + ’■7) + 2 (ri + rj + r^] 

Substituting the dimensions given in the figim-, 

V = [9* + 11' + 4(7.1' + 8.7= + 12.9= + 12..5=) 

+ 2(7= + 11.5= + 13.1=)] = 9198.0 cu. in. ilns. 

To find O'Oo — y, Fig. 70, the distance of the center of gravity 
of the solid from the plane JK, use cither of the two following 
formulas, in which the letters represent the same quantities as 
in the two formulas of the preceding art.icle; 

_ h rnA„+4(Ai+3A3+5Ar,+ • • • • + ft-lAn_i) 

n L-4o+A„ + 4(Ai + A 3 +As + • ■ • • A»-i) 

+ 2(2.4 2 + 4.4 4 + 6 A B+ ■ ■ ■ ■ + 'n-2AB-2)1 

+ 2(A2+A4+A6+ ■• • • + A«_2) J 

^ fcr» r^+4(r f+ 37|+5r5 + • • ■ • + n -lr^i) 

^ »L»^ + r,^ + 4(ri+r| + ri + • ■ • ■ + rf,_i) 

+2(2 r2+4rf+6ro+ ■ • • • +n-2r^ 2 )] 

+ 2 (j|+?i+r,^+ ■ • • • + r* 2 ) I 


Example. —Using the dimensions given, find the center of gravity of the 
solid shown in Fig. 70. 


Solution. —Since the solid is one of revolution, the c.g. must lie on mn, 
the axis of revolution. Substituting in formula (2) the values indicated in 
the figure. 


!6 rs .X il* + 4(7.1= + 3 X 8.7= + 5 X 12.9= + 7 X 12.5=) 
8 L 9= + 11* + 4(7.1= + 8.7= +12.9= + 12.5=)” 


+2(2X7* + 4 X 11.5= + 6 X 13.1=)] 
+2(2X7=+ 11.5*+ 13.1=) 'J 


15.746 in. = O'Oo. Ana. 


118. Center of Gravity of a System of Bodies.—Referring to 
Fig. 71, let A and B be any two bodies whose centers of gravity 
are known; for convenience, suppose them to be spheres, in 
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M lb. 


Ay, 



which case, the centers of gravity will be at the centers of the 
spheres. Suppose further that they are connected by a line 
AB having no weight; then, if the system were balanced on a 
knife edge, the reaction of the knife edge 
will ho A + B and the moments of the 
*« lb. balls about the knife edge will bo equal 
and opposite, exactly the same as in the 
case of a lever of the first class. Let x 
= the distance from the c.g. of the larger 
weight to the balancing point. For 
equilibrium, taking A as the origin of moments and I as the dis¬ 
tance between the centers of gravity of the two bodies, B Xl 
= (A -t- B)x, from which 

Bl 

® A +'B 

The point x is called the center of gravity of the system; in other 
words, if the two bodies were replaced by a single body of a 
weight equal to their combined weight and whose center of 
gravity was located at 0 {AO = x), it would have the same 
effect as that of the two bodies. 

120. If there arc more than two bodies, find the center of 
gravity of two of them; measure the distance from this point to 
the c.g. of one of the other bodies, and repeat the calculation, 
using the combined weight of the two bodies and the weight of 
the third body. Proceed in this manner until all the bodies have 
Iwen u.sed. If the weights are not known, the volumes of the 
bodies may lx- used instead, providing the bodies are of the same 
density. 

Referring to Fig. 72, a system of four bodies is shown, and the 
weights and distances between their centers of gravity is indi¬ 
cated. To find the distance of the center of gravity of the system 
from the c.g. of the largest body, proceed as follows; Considcr- 

30 X 29 

ing the two smallest bodies first, x = 30 ^'^^ = 4.6 — in. 

= O'B. Measuring the distance O'C, it is found to be about 37 in. 
Considering the weight of both lx)dies to be concentrated at O', 
their combined weight is 30 -f 160 = 190 lb., and the distance 

190 X 37 

of the c.g. of the system from C is ^ 34 Q “ 13.3 in. = 0"C. 

Measuring the distance 0"D, it is found to be about 43 in. 
Considering the weight of the three bodies to be concentrated 
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at 0", their combined weight is 190 + 340 = 530 lb., and the 

340 X 43 

distance of the c.g. of the entire system from D is + 950 

= 9.88 in. If greater accuracy were required, the measurements 
would be made more carefully and accurately. 



121. It is frequently desired to find the distance of the center 
of gravity of the system from a plane, as P or Q or both. Fig. 72. 
Suppose the distances of the four bodies from these planes to be 
as indicated, the distances between the centers of gravity of the 
bodies not being given in this case. Let y represent the distance 
of the c.g. of the system from plane Q. Then, taking the mo¬ 
ments of the weights relative to this plane 
(A+B + C + D)Xy = AXyi + BXyi + CXy,+ DXyA 
in which yi, yt. etc. arc the distances of A, B, etc. from plane Q. 
Hence, 

A X y\ ■¥ B X yi C X Vi A- D X yt 
y - ' ~ A A-B -H C + jD ^ ^ 

Similarly, letting Xi, Xi, etc, represent the distances of A, B, 
etc. from the plane P, the distance x of the c.g. of the system 
from this plane is 

AXxi + BXxt + CXx, + DXxA 

A~+B + C + D 


( 2 ) 




Subgfitutiiig in tJiose formulas the values iii(liciit,wi iv 

, . “><» +xsj+MoxasS xsf 

.W + IGO + 340 + 9M~ " = ■'•‘■i.StiS 


and 

^ ^ 30 X to + 10 0X54 + 340 X 58+ 950X25 

mo' . . - =-W.020,n 


'I'lic Mlomtig example illustrates a ease that frequently nrk 
:.) pr.KUn', and while not a direct application of the principle a 
tlih article, it will he appropriate. 


ExAMrLK.—Referring to Fig. 75, whieb respresents a safety-vnivo lever, 
it is required to find what steam pressure in iMunds per square inch will just 
balance the downward forces exerted by the hall, the weight of the lever, and 
the weight of the valve and stem, the positions being as indicated. The 
lever is of steel, having a uniform thickness of J in. and a specific weight 
uf .2830 lb. per cu. in. 



SonuTioN.—Since groat refinement is not necessary In this case, draw 
a line c'd' parallel to al and assume that the p.art ahr'il' is equal in area 
and^ weight to abctl when ad' = ad. Tliis is not absolutely tnie, but is 
sufficiently exact for all practical purposes, and it greatly lessens the work 
of calculation. Now find the weight of th.at i)art of the lever to the right 
of c'd'. To do this, it is first necessary to find the length of c'd', which is 
readily obtained as follows: If a line be drawn from /parallel to ed, the area 
ede/ will be divided into a rectangle and a triangle, the base of the latter 
being 4.125 - 1 = 3.125 in. .Since the triangles/jc and Jg'd are similar, 
eg : efif = fg -./g', or 


3.125 ; * = (tio + 2.5) ; (00 - 2.5) 

from which, x = 2.875 in. = c'g', and c'd' = 2.875 + 1 = 3.876 in. The 
area of the trapezoid c'd'c/ = 3.876^ ^ ^ ^ ^ ^ 

volume of the lever to the right of c'd' = 140.16 X I, and the weight is 
140.16 X .875 X .2836 = 34.8-lb. Since thclever isof uniform thickness, 
the center of gravity will lie in the middle plane, and the c.g. of that part to 
the right of c'd’ will be oppijaite the c.g. of the trapezoid c'd'c/, at a distance 

from c'd' = ^ 3 .S 7 .r,) X = 231 in. 'llic weight of the ball 


and the rod from which it is suspended is 150 lb., and this acts downwards 
through the center of gravity of the ball. The weight of the valve and stem 
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acts on the steam only and has no effect on the lever; hence, the force P 
required to balance the effect of the downward forces acting on the lever is 
determined by the equation (taking 0 os the center of moments) P X 6.6 
- 34.8 X (23.1 + 2.5) - 156 X 48 = 0, from which P = 1289 Ib. To 
this must be added the weight of the valve and stem, making the total 
upward pressure that must be exerted by the steam to balance the downward 
forces on the lever 1289 + 4.75 = 1293.75. The area (of valve) pressed 
against by the steam is V X .7854 = 38.4840, say 38.48 sq. in. Therefore, 
the pressure per square inch is 1293.75 ^ 38.48 = 33.6 lb. per sq. in. 

iins. 


STABILITy 

122. Static Equilibrium.—A body is said to be in static equi¬ 
librium when it is at rest and has no tendency to change its 
position. If a force act on such a body for an instant only 
(such a force is called an impulse), and the result of this impulse 
is to displace the center of gravity of the body veiy slightly, the 
body will either continue to move in the direction of tlie acting 
force or it will tend to return to its former position. In the first 
<!ase, the body is said to be in unstable equilibrium, and in the 
second case, it is said to be in stable equilibrium. 




Referring to Fig. 74(a), ABCD is a truncated cylinder; suppose 
the c.g. to be located at Oo, and that the weight of the body be repre¬ 
sented by the line P, which acts through the center of gravity. An 
impulseP acting at C tends to tura the cylinder alwutthe point A, 
the c.g. moving along the arc Oow*. As Oo moves along the arc, 
the distance between this point and the horizontal line AD 
incfeases until the point a, which is the intersection of the arc 
by a vertical line through A, is reached; this is shown more 
clearly by the view at the side, where O'ow' represents the arc 
slightly exaggerated, and 0'o«' is a horizontal line through O'o. 
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If, therefore, the effect of the impulse is to move the body only a 
part of the distance Ooa, the body will fall back to its original 
position as soon as the impulse has ceased to act; hence, the body 
is in stable equilibrium. Referring to Fig. 74(6), the vortical 
line through Oo passes through the point A; if an impulse F aet 
at C, the slightest movement of the center of gravity Oo along 
the arc Oum causes the distance between Oo and AD to decrease, 
and gravity will cause the knly to fall; hence, for this case, the 
l)ody is in unstable equilibrium. Here it will be noted that the 
points A and E coincide. For the case shown at (c), the |)oint 
E falls entirely without the base; any movement of toward 
the left decreases the distance between it and AD, and the l)ody 
will not even stand in the position shown, but will fall as soon 
as it is released; it is therefore in unstable equilibrium. 

123. The matter may be viewed in another way. Referring to 
(a), let P be a force acting through the center of gravity Oo, the 
length of P representing the weight of the cylinder. Take A as 
the origin of moments; then, according to Art. 30, the force P is 
equivalent to an equal force P' acting through A and to the couple 
P,Q (Q — P) whose arm is AE. This couple tends to produce 
right-hand rotation, which is resisted by the re-action of the base; 
hence, if the cylinder is subjected to the action of gravity only, 
it will stand and will be in stable equilibrium. In (6) there is no 
couple, since the arm (= AE) is 0; the body will stand, but 
the slightest force acting in the direction of F will cause it to fall; 
it is therefore in unstable equilibrium. In (c), the couple tends 
to produce left-hand rotation, and as there is nothing to resist it, 
the body will turn about the point A and fall. 

From the foregoing, it is evident that if the vertical through 
the center of gravity falls within the base, the body will stand 
and be in stable equilibrium; if the vertical through the center 
of gravity cuts the edge of the base, the body will stand, but 
the slighte.st blow will cause it to fall, and it is in unstable equilib¬ 
rium; if the vertical through the center of gravity falls without 
the base, the body will not stand, and is in unstable equilibrium. 
Further, if for any movement of the body, the center of gravity 
is raised, the body is in stable equilibrium; but if it falls, it is 
in unstable equilibrium. 

124. If for any movement of the body, the c.g. moves in a plane 
parallel to the plane of the base, it is said to be in neutral equi- 
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librium; for instance a sphere rolling on a plane surface, a right 
cone rolling on a plane surface. Such a body has no tendency to 
fall or to return to its former position; it stays where “put,” 
and it is in neither stable nor unstable equilibrium. Any 
body rotating about its center of gravity is in static neutral 
equilibrium. 

From the foregoing, it will be evident why leaning towers do 
not fall. 



Fra. 76. 


EXAMPLES 

(1) Referring to Fig. 75, find the eentcr of gravity of the broken Une 
ABCDEF with reference to the axes OX and OY. Note that OX passes 
through the c.g. of CD and OY passes through the c.g. of AB. 


(2) The choid of a circular arc is 18,in. and the angle at the center is 
106° 16'; where is the center of gravity of the arc? Ans. 91 in. from center. 

(3) The area of a triangle is 17.6 sq. in., and the length of one of the sides 
is 81 in. How far from that side is the center of gravity? Ant. 1.341 m. 
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If, therefore, the effect of the impulse is to move the body only a 
part of the distance Ooa, the body will fall back to its original 
position as soon as the impulse has ceased to act; hence, the body 
is in stable equilibrium. Referring to Fig. 74(6), the vortical 
line through Oo passes through the point A; if an impulse F aet 
at C, the slightest movement of the center of gravity Oo along 
the arc Oum causes the distance between Oo and AD to decrease, 
and gravity will cause the knly to fall; hence, for this case, the 
l)ody is in unstable equilibrium. Here it will be noted that the 
points A and E coincide. For the case shown at (c), the |)oint 
E falls entirely without the base; any movement of toward 
the left decreases the distance between it and AD, and the l)ody 
will not even stand in the position shown, but will fall as soon 
as it is released; it is therefore in unstable equilibrium. 

123. The matter may be viewed in another way. Referring to 
(a), let P be a force acting through the center of gravity Oo, the 
length of P representing the weight of the cylinder. Take A as 
the origin of moments; then, according to Art. 30, the force P is 
equivalent to an equal force P' acting through A and to the couple 
P,Q (Q — P) whose arm is AE. This couple tends to produce 
right-hand rotation, which is resisted by the re-action of the base; 
hence, if the cylinder is subjected to the action of gravity only, 
it will stand and will be in stable equilibrium. In (6) there is no 
couple, since the arm (= AE) is 0; the body will stand, but 
the slightest force acting in the direction of F will cause it to fall; 
it is therefore in unstable equilibrium. In (c), the couple tends 
to produce left-hand rotation, and as there is nothing to resist it, 
the body will turn about the point A and fall. 

From the foregoing, it is evident that if the vertical through 
the center of gravity falls within the base, the body will stand 
and be in stable equilibrium; if the vertical through the center 
of gravity cuts the edge of the base, the body will stand, but 
the slighte.st blow will cause it to fall, and it is in unstable equilib¬ 
rium; if the vertical through the center of gravity falls without 
the base, the body will not stand, and is in unstable equilibrium. 
Further, if for any movement of the body, the center of gravity 
is raised, the body is in stable equilibrium; but if it falls, it is 
in unstable equilibrium. 

124. If for any movement of the body, the c.g. moves in a plane 
parallel to the plane of the base, it is said to be in neutral equi- 



MECHANICS AND 
HYDRAULICS 

(PART 2) 


EXAMINATION QUESTIONS 


(1) If t.hfi length of the base of an inclined plane is 46 ft. and 

the height of the plane is 38 ft., what theoretical force acting 
parallel to the base is required to keep a body weighing 4600 lb. 
from sliding down the plane? Am. 3800 lb. 

(2) Referring to Question 1, (o) what work must be expended in 
moving the body from the bottom to the top of the plane? (6) 
If the coefficient of friction is .21, what is the force of friction, it 
being considered as acting parallel to the plane? 


Am. 


(а) 174,800 ft.-lb. 

(б) 12.53 lb. 

(3) The velocity ratio of a certain machine is 3.6. By experi¬ 
ment, it is found that an application of a power of 170 lb. will 
overcome a resistance of only 492 lb.; what is the efficiency of 
the machine? Am. 80.4%. 


(4) The diameter of the handle of a screwdriver is 1 in., its 

length is 11 in., the diameter of the screw is | in., and the number 
of threads per inch is 6; (a) what theoretical pressure will be 
applied to the end of the screw when a turning force of 46 pounds 
is imparted to the handle of the screwdriver? (h) what will be 

the actual pressure if the efficiency is 56%? (c) what is the 

velocity ratio? (®) 867 lb. 

Am. (6) 485.5 lb. 

j (c) 18.85- 

(5) In a gear and pulley train, the diameters of the driving 
pulleys are 66 in. and 18 in., the diameters of the follower pulleys 
are 42 in. and 24 in., the number of teeth in the driving gears are 
92, 72, and 68, and the number of teeth in the followers are 46, 
48, and 64; (o) what is the speed ratio? (6) the velocity ratio? 

127 
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(c) what is the number of revolutions per minute made by the 
first driving pulley if the second follower pulley makes526 r.p.m.? 
The order of pulleys and gears is to be taken as here given; that 
is, the first driving gear is keyed to the same shaft as the first 
follower pulley, the first follower gear and second driving gear 
are keyed to the same shaft, etc. f (a) 3.757 — 

Ajm. (6) .732+ 
i (c) 140 r.p.m. 

(6) When pulling a load up an inclined plane, why must the 
power l)c greater (o) when it acts parallel to the base than when 
it acts parallel to the plane? (b) if it requires a greater power 
in one case than in the other, why is the work done in pulling a 
Iwdy a given distance along the plane the same in both cases, in 
accordance with the definition that work equals force multiplied 
by the distance through which it acts? 

(7) In a toggle joint, the distance between the line joining the 

centers of the outside joints and the center of the middle joint is 
If in., and the distance between the centers of the outside joints 
is 54^ in. (a) What power must l)e applied to the middle joint 
to cause the movable joint to exert a pressure of 1350 lb.? (6) 
what is the velocity ratio? . (a) 161 lb. 

(5) 8.385- 

(8) If the diametral pitch of a spur gear is 2f, what (a) is the 

circular pitch? (b) If the diameter of the gear is 28 in., how 
many teeth has it? . (o) 1.2566in. 

(b) 70 teeth 

(9) When the diametral pitch is used, it is customary to make 

the addendum of a tooth equal to the reciprocal of the pitch; 
what must be the diameter of the blank from which the gear is 
cut when the diametral pitch is 2f and the number of teeth is 
80? The diameter of the blank is evidently the same as the 
diameter of tl)c circle described by a point on the outside of a 
t<K)th. Ans. 32.8 in. 

(10) If the length of a wedge is 15 in. and the thickness at the 

head is 2f in., (a) what force must be applied to the head to make 
the sides exert a pressure of 630 lb.? (b) what is the velocity 
ratio? . (o) 1051b. 

(b) 6 

(11) What is (o) a left-hand screw ? (b) if you hold a screw in 
your hand, how can you tell whether it is right- or left-handed? 
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(12) Explain the difference between the speed ratio and the 
velocity ratio of a train of pulleys and gears? 

(13) The addendum for gears cut according to the cycloidal 
system is quite commonly taken as .3pc, that is I’jths of the cir¬ 
cular pitch. If the pitch circle of a spur gear is to be 12i in. in 
diameter and the gear is to have 40 teeth, what (o) will be the 
circular pitch? (b) what should be the diameter of the blank? 

, (o) .9621 in. 

(b) 12.8273 in. 

(14) The velocity ratio of a certain machine is 2.25 and its 

efficiency is 91%; what power must be applied to raise a load 
of 336 lb.? Ans 164.1 lb. 

(15) From the dimensions given in Fig. 1, calculate to 
three decimal places the lengths of the line segments that form 
the broken line ABCDEFG, locate their centers of gravity with 
respect to OA and OH as axes of moments, and calculate s' and 
y', the distances of the center of gravity of the broken line. 



Fio. 1. 


(16) Referring to Question 15, calculate s" and y", the dis¬ 

tances of the center of gravity of the area AOHG, from OH 
and OA. («) = 3.544 in. 

1(6) i/" = 16.812 in. 

(17) The screw of a jackscrew has 5 threads per inch; the 

length of the handle from the axis of the screw to the joint where 
the power is applied is 16 in.; (a) what load can be raised by a 
power of 75 lb. if the efiSciency is 46%? (6) what is the velocity 
ratio? • {(®) 17,342 lb. 

^ 1 (6) 502.66- 
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(18) The wonn of a worm and wheel has 4 threads per inch, 

the diameter of the pitch circle of the wheel is 13 in., the 
diameter of the axle keyed to the same shaft as the wheel is 
5| in. The worm is turned by applying a couple to a wheel 
rigidly connecbxl to the worm and 10 in. in diameter. If one 
of the equal forces constituting the couple is 18 lb., (o) what 
theoretical load can be raised ? (6) if the load actually raised is 
only 4560 lb., what js the efficiency ? (c) what is the velocity 
ratio of the combination? f (a) 10,693 lb. 

Am. (6) 42.65% 

1 (c) 297 

(19) In Fig. 2, AB and CD are ares of circles and OE bisects 
them. From the dimensions given, find the distance y, Ot, being 
the center of gravity of the area ABCD. 

Ans. y = 1.65 in. 



(20) The diameter of the lower base of a right conical frustum 
is 12.6 in., of the upper base 7.4. in., and the altitude is 6.8 in.; 
how far is the center of gravity from the lower base? 

Atvs. 2.824—in. 




MECHANICS AND 
HYDRAULICS 

(PART 3) 

DYNAMICS 

MOTION AND VELOCrTY 

126. Dynamics is that branch of mechanics that relates to bodies 
in motion but not in C(iuilibriuni; that is, the motion is variable, 
the velocity increasing or decreasing as the result of forces acting 
on the bodies. Dynamics is also called kinetics, though the two 
terms have a slightly different meaning. 

GRAPHICAL REPRESENTAHOir OF MOTION 

126. Uniform Velocity.—Velocity may be represented by a line, 
in the same manner as force. While velocity is measured by a 
compound unit, as one foot per second, one mile per hour, etc., 
the time element is always unity—one second, one hour, etc.— 
with the result that the velocity is the number of fc(!t, miles, etc. 
traveled in the unit of time, and may 1x3 represented by a right 
line whose length is the distance (space) moved in the unit of 
time. By selecting the proper scale, the h'ne may be made of any 
desired length. Placing an arrowhead on the line will indicate 
the direction in which the body is moving. Thus, in Pig. 77, 
suppose a body is moving along the line OY with a velocity of 18 
ft. per sec. If a scale of 12 ft. = 1 in. be selected, a line 00' 
= 18 -i- 12= 1..5 in. will represent 18 ft. per sec., the arrowhead 
indicates that the body is moving in the direction from 0 to O' 
(the direction of motion or of velocity), and 0 is the point from 
which it starts. Therefore, 00' completely represents the mo¬ 
tion of a body that starts from 0 and moves with a uniform veloc¬ 
ity of 18 ft. per sec. in the direction 00'. 

131 
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127. Uniform velocity may also be represented by a geometrical 
figure—a rectangle. For, referring to Fig. 77, draw OX and OY 
at right angles to each other. Lay off on OX a series of equal 
spaces, 01,12, 23, etc., each space representing one unit of time, 
say one second. Through each of the points, draw lines parallel 
to OY, and lay off on these lines distances la, 26, 3c, etc. to rep¬ 
resent the velocity at the time indicated 
dtf by the division mark on OX; thus, at the 

end of one second, the velocity is la, at 
a a a the end of two seconds, the velocity is 
26, etc. Pass a line through the points 
. — —O', a, 6, etc.; then, the length of a line 
drawn from any point on OX parallel to 
OF and included between OX and O'f 
will be the velocity at the instant indicated by the point on OX; 
for instance, at the point 4, which indicates 4 sec. after starting, 
the velocity is 4d. 

When the velocity is uniform, all the lines 00', la, 26, etc. have 
the same length; hence, O'f is a right line parallel to OX, since 
every point in O'f is at the same distance from OX, which is one 
of the definitions of parallel lines. This is the kind of line drawn 
by a tachometer (speed indicator) on a paper machine running at 
a constant speed. The area of the rectangle is 06 X 00' 
= time X velocity, or 

A = tXv 

when A = area, t = time, and v = velocity. Ijctting s = dis¬ 
tance (space) traveled in time t, v =j for uniform velocity. 
Substituting this value of v in the above equation, 

A = t X * = s 

that is, the area of the rectangle represents the distance (space) 
traveled in time f. To make this last statement true, however, it 
is necessary that the distances representing t and » be measured 
in the same units. Thus, if t is in minutes and v is in feet per 
minute, and the scale adopted is 12 ft. = 1 in., then, in. 
= 1 ft., and in. must also be taken as representing 1 min. When 
this is done, the area in square inches multiplied by 12* = 144 
(the square of the scale, as it is called) will give the distance or 
space traveled in the time t As an example, suppose the veloc¬ 
ity of paper on a paper machine is 440 ft. per min. and that the 
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scale is 100 ft. = 1 in. At the end of, say 9 min., the distance to 
be laid off on OX wmdd be 9 t- 100 = .09 in., the distance along 
OY — 440 -5- 100 = 4.4 in., and the area of the rectangle = .09 
X 4.4 = .396 sq. in. Multiplying this by the square of the scale, 
.396 X 100* = 3960 ft. = s, the distance traveled by a point on 
the paper in 9 min. = the length of the sheet of paper made in 

9 min. That this result is correct is easily seen, since space 
= velocity X time (s = vt) = 440 X 9 = 3960 ft. 

The area of paper made in time t is obtained by multiplying s, 
the length of dieet made in time t, by the width of the sheet. 

128. - Variable Velocity. —When the velocity is different at 
different time intervals, it is said to be variable. For example, 
suppose a railway train that is running at 36 miles per hour to be 
brought to a stop. The speed (velocity) will decrease from 36 
mi. per hr. (52.8 ft. per sec.) to 0; assuming that it takes, say, 

10 sec. to stop, the velocity of the train passes through every con¬ 
ceivable value between 52.8 and 0 ft. per sec. during this inter¬ 
val of 10 sec.; the velocity probably has a different value also 
at every instant of this interval. At some particular instant, the 
velocity is, say, 28 ft. per sec.; this means if the velocity were to 
become uniform at that instant, the train would then travel 28 
ft. in one second. Jn aU cases of variable velocity, the velocity at any 
instant is the velocity the body woidd have if the velocity became 
uniform at that instant. 

129. Variable velocity may also be represented by a geometri¬ 
cal figure; thus, referring to Fig. 78 (o), draw OX and OY, as 



before, and suppose, for convenience, that the velocity at the start 
is 0. As in the case of uniform velocity, lay off the times along 
OX, making 01 = 12 = 23, etc., and draw lo, 2b, 3c, etc., making 
their lengths equal the velocities at the instants indicated by 1, 
2, 3, etc. By taking the time intervals suflBciently small, a 
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curve may be drawn through the points 0, a, b, etc., as shown. 
The velocity at any instant may be found by laying off Ot' 
equal to the time interval from the starting point 0, drawing 
t'i" parallel to OY, and measuring the length of ft"; this length 
will be the velocity at the instant indicated by f. 

Ix!t »o be the average velocity between 0 and, say, 6; then, t 
X »>« = s = the space traveled by the body in the time t = 06. 
But vj is the area of the rectangle 0<amn, and this must equal the 
area 0/6 under the curve, because is the mean of all the lines 
lo, 26, :ic, etc. and both figures have the same ba.se 06. To find 
the value of find the area of 0/6 by Simpson’s rule (sec Elertwnt- 
ary Applied Mathematics) and divide it by the length 06, the 

quotient will be the value of v„. Since A=tiJ, and f, 

t 

A =jXt = s, 

that is, the area under the curve represents the space traveled by 
the body, the same scale being used to lay off the times and veloci¬ 
ties. 

130. Suppose the increase (or decrease) in velocity is constant; 
then the curve will become a right line, as shown by the line Of 
in Fig. 78 (6). Hero the increa.scs in velocity are represented 
by lo = 2'6 = 3'c = etc., thus making Ihc triangles Ool, o62', 
6e3', etc. equal, with the result that 06/ is a right triangle. The 
line mn, which denotes by its distance from OX the average 

(mean) velocity, coincides in this case with cG'", beciiusc Sc = ^ 
and the area of the triangle is A = 06 X y. 

131. Acceleration. —As stated in Physics, acceleration is rate of 
change in velocity. If the change in velocity is uniform, the rate 
of change (acceleration) is also uniform. Thus, referring to Fig. 
78 (6), the change in velocity during the first second is lo, an 
increase in this ciise. During the second second, the gain in 
velocity is 2'6; during the third second, the gain is 3'c; etc. Since 
this change is uniform, these gains divided by the time (1 second) 
are also uniform, and lo = 2'6 = 3'c = etc. Consequently, the 
acceleration is uniform and is represented by lo = 2'6 = 3'r 
= etc. Let a = acceleration in feet per second per second, or 
feet ptsr second* (see Physics), p = velocity in feet per second, s 
= distance (space) passed through in feet, and ( = the time in 
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seconds; then, since la = the velocity and also the acceleration, 
the velocity at the end of 1 sec. equals the acceleration during 
that second. At the end of 6 see., the velocity is 6 X o; at the 
end of t sec., the velocity is f X o; hence, 

V — at (1) 

Thus, in the figure, /B' = 6'6" = 6"0"' = etc.; whence, 6/ = » 
= 6 X 6'/ = < X o = at The area of the triangle is ^ X 06 
X 6/ = J X < X », and since the area represents the space passed 
through by the body in the time <, f X t X » = 8, 
and 8 = ivt (2) 

Substituting in (2) the value of v given in (1), s = ^ X a< X <, or 
8 = lap (3) 

In formulas (1), (2), and (3), the acceleration is uniform, which 
is usually the case in practice. Cases in which the acceleration 
is not uniform seldom occur and will not be considered here. It 
may be mentioned, however, that the line Of will not be straight 
in such cases, but will be a curve as shown in Fig. 78 (a); here the 
accelerations la, 2'i», 3'c, etc. are not equal, and the three formu¬ 
las just given do not apply. 

132. If in any case of variable velocity, the velocity is decreas¬ 
ing instead of increasing, the acceleration is said to be negative; 
in Pig. 78 (b), for example, the velocity might decrease from 6/ 
to 0, but if the acceleration were the same numerically, the space 
passed over would be the same as before. Thus, during the first 
second, the velocity decreases by the amount /6', the accelera¬ 
tion; during the second second, the velocity decreases e5' = 6^6^^, 
etc. until at the end of 6 seconds, it becomes 0. 

Negative acceleration is sometimes called retardation. 

133. Initial Velocity.— If a body is already in motion, the 
velocity that it has at the instant that the time begins to bo 
considered is called the initial veloci^. Referring to Fig. 79, 
suppose the initial velocity = va and that the body has a constant 
acceleration o, which increases the velocity of the body. Lay 
off 00' equal to »o; draw O'X' parallel to OX; lay off 01,12, 23, 
etc., to represent 1 sec., 2 sec., 3 sec., etc., draw la, 2b, 3c, etc. 
paraUel to OY and intersecting O'X' m 1', 2', 3', etc.; lay off I'a 
_ g 2"h = 2a 3"'c = 3o, etc. (since the acceleration a is 
uniform), and then la, 25,3c, etc. wUl be the velocities at the end 
of 1 sec., 2 sec., 3 sec., etc. The area OO'fG represents the space 



130 


MFX3HANICS AND HYDRAULICS 


§1 


passed throufch in 6 sec. and 6/ represents the velocity at the 
end of 6 sec., which is called the final velocity. The figure OO'/B 

is a trapezoid, and its area is qqi ^ 0 ^. 

= », 06 = t] then, s, the space passed through in time (is 

..5l+'xi (1) 


That is, if a body have an initial velocity and a constant (uni¬ 
form) acceleration, the space pas.sed through in a time t is equal 
to one-half the sum of the initial and final velocities multiplied 
by the time. 



Referring again to Fig. 79, 6/ = 6A -f hf = 00' + hf = vq 
■j- at, since if O'h = t, hf = at. Therefore, the final velocity is 

V = Vo + at (2) 

The space « is also equal to 00'h6 + O'hf = erf -|- ioi*; that is, 

s = Vflf -j- ^aP (3) 

If the velocity is decreasing, o will be negative, and the two 
formulas become 

V = Vo — at (4) 

and s = Vijt — §aU (5) 

If the initial velocity, the acceleration, and the distance passed 
through are known and it is desired to find the final vdooity, 
combine formulas (1) and (2) as follows: 

From formula (2), < = -substituting this value of t in 

Q 

t _ 1 » + »o — Co V‘ — Vo‘ , , . , 

formula (1), s = —X --— = —^ ; from which 

V = \/vJ -f- 2a« (6) 
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If a is negative, formula (6) becomes 

» = Vt»3—2o* (7) 

Having found p, the time may be found by applying formula 
(1) or formula (2). 

Example 1.—If a body have an acceleration of 8.2 ft. per sec.*, what will 
be its velocity at the end of 12.6 sec. 7 How far will it travel in that time? 
The body is assumed to start from a state of rest. 

Solution. —By formula (1), Art. 131. 

p = 8.2 X 12.6 = 103.32 ft. per sec. Ant. 

By formula (3), Art. 131, 

8 = i X 8.2 X 12.6' = 650.9 + ft. Ant. 

Or, by formula (2), same article, 

8 = i X 103.32 X 12.6 = 650.9 + ft., as before. 

Exampl’3 2 .—A body having an initial velocity of 125 ft. per sec. is 
brought to rest, the constant acceleration being 6.8 ft. per sec.* What will 
be its velocity at the end of 10 sec.? In what time will the velocity be 0? 
How far will it have traveled when the velocity is 5 ft. per sec. 7 
Solution. —By formula (4) above, the velocity at the end of 10 see. is 
» “ 125 — 6.8 X 10 = 57 ft. per sec. Ant. 

To find the time required to bring the body to rest, use the same formula, 
making v = 0; then, 

0 = 125 - 6.8 X t 
12*5 

from which, i ■= g = 18.38 see. Ant. 

The same result would be obtained by using formula (1), Art. 131. 

To find the space traveled when the velocity is 5 ft. per sec., first find the 
time required for the velocity to decrease to 5 ft. per sec. By formula (4) 
above, since p = 6 and Po = 125, 

120 

5 = 125 - 6.8 X f, or « = = ITff sec. 


Then, by formula (1) above. 


125+5 
8 = —s— 


X171} 


1147 ft., very nearly. 


Ans. 


The last result might have been obtained by applying formula (5), since 
8 = 125 X 17H - i X (171D* = ft-> as before. 

Example 3.—A certain elevator hoists a load 450 ft. in 10 sec. Suppose 
it takes 2 sec. to accelerate the load to full speed; that the speed is then 
uniform until the elevator begins to stop; that it takes li sec. to stop; 
and that the acceleration is uniform in both cases. What (a) is the accelera¬ 
tion when getting up to full speed? (5) the acceleration when stopping? 
(c) the uniform velocity? W the distance passed through until uniform 
velocity is reached? («) the distance passed through in stoppmg? (/) the 
distance passed through while the velocity is uniform? 

Solution.— The conditions are shown by the diagram (not drawn to scale) 
in Fig 80 The length of the Une OC represents 10 sec., and is divided into 
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10 equal parts. Let 02 =2 see. - the time h during which the load is 
accelerated; AB = 10 — (2 -i- 1.5) - 6.5 sec. * time it during which 
the velocity is uniform; DC = 1.5 sec. = time t> during which the elevator 
is being stopped, lict si = distance passed throu|^ in time tii ss * distance 
passeii through in time I,; and s, = distance passed through in time I,. 
Then, s = si + •?! + •■<:! = 450 ft., the total distance. I«t a be the accelera¬ 
tion during time <i; the calculation then proceeds as follows: 

(a) S, = lat] = X 2- = 2a. The uniform velocity between J and B 
is the velocity at the end of time h; denoting this by v, v ati ^ a X 2 



“= 2o; hence, «s = vh = 2o X 6.5 = 13o. The acceleration a' between B 
and C is a' = (see formula 1, Art. 131), or o' = = y; whence, 

Ss “ io' tj = 5 X X 1.5* = y. 'fhorefore, 

s = Si -|- s* -h S.1 = 2o + LSo 4" '2 “ 
from which a = 27 j®] ft. per sec*. Ana. 

(b) Since 27 A = »,V, o' - J X Y,"- = Yi" “ 36^ ft. per sec.* Am. 

(c) The uniform velocity between A and B is the velocity at the end 
of the time ti, which was found above to be 2a; hence, 

» = 2a = 2 X ®iY “ "iV “ S4A ft. per see. Am. 

{<!) As found above, «i = 2a = 2 X 27A = 54 A ft. Am. 

(e) As found above, «, = ^' = | X = W = 40} J ft. Abs. 

(!) As found above, s, = 13« = 13 X Yl"^ = *5“*' = 354 A ft. An«. 
Note that »i si -|- Sj = 54 A + 354 A + 40} * =■ 4.50 ft., as it should. 

AB 4- /X* 

Note further that the area of the figure OABC (a trapezoid) is - - - 

X BD = ^ ^ lotnl distance passed through. By 

using fractions in the calculation instead of decimals, more exact results 
can be obtained, which is especially desirable when checking the result. 

Evaufle 4.—A body has an initial velocity of 40 ft. per sec.; it is uni¬ 
formly accelerated for 6 sec., at the end of which time, its velocity is 120 
ft. per sec. What is (a) the uniform acceleration? (b) what is the dis¬ 
tance passed through during the 4th second? 
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Solution.— Applying formula (2) above, ti = 12, «„ = 40, < = 8; hence, 

(a) 120 “ 40 + o X 6, or a «= — g-— ■= 131 ft. per sec.* Aim. 

(b) The velocity at the end of 3 eec. is e •= 40 + 131 X 8 - 80 ft. per see. 
The velocity at the end of 4 lee. ia v' = 40 + 131 X 4 = 931 ft per see. 

40-1-80 

By formula (1) above, the space passed through in 3 sec. is a = —— 

40 4- 034 

X3 « 180 ft; the space passed through in 4 sec. is —~ X 4 « 266J ft. 

Therefore, the distance passed through in the fourth second is 266| - 180 
= 861 ft. Ans. 


Exahplb S.—A body (as an automobile) having a velocity of 80 ft. per 
sec. is brought to rest in 200 ft. Assuming the acceleration to be uniform, 
(a) in what time will the body be stopped? (b) what is the acceleration? 


Solution. —By formula (2), Art. 131, « = 1»J, from which < = j,! there- 


2 X 200 
80 


: 5 sec. Ans. 


(b) By formula (1), Art. 181, v = at, from which a ■■ 


16 ft. per 


sec.* Ans. 


Example 6. —If a body have a uniform acceleration of 28 ft. per sec.’ 
in what time will it pass through a distance of 460 ft., starting from rest? 

Solution.— By formula (3), Art. 181, s ” 1 of’, from which < = 


: 6.67— sec. Ans. 


134. In order to tell which of the foregoing formulas to use in 
any particular ease, first consider what quantities are given and 
which one is required; then select the formula that contains 
these quantities. Referring to the last example, the accelera¬ 
tion a and the space s are given, and the time t is required; the 
only formula containing these three quantities and no others is 
formula (3) of Art. 131. Again, referring to example 4, the 
initial velocity is given, the final velocity is calculated, the time 
is known, and the space is required; the only formula containmg 
»o, », t, and s, and no other quantities, is formula (1) of Art, 188, 
which is therefore used. 

These formulas expressing the relation between time, space, 
velocity, and acceleration are very important; it is therefore well 
to study Arts. 129-133 very carefully. It will also be an 
advantage to memorize the formulas. 
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(1) A l)ody is moving at the rate of 36 ft. per sec. It is then acted upon 

by a staidy force for 12J sec. that gives it a uniform acceleration; when 
the force ceases to act, the velocity is 154 ft. per sec. (o) What was the 
acceleration? (h) nliat was the distance passed through while the bodv 
was l.eing accelerated ? f (a) 9.44 ft. per sec.* 

I (5) 1187.6 ft. 

(2) While moving through a distance of 1000 ft., the velocity of a body 

decreases uniformly from 248 ft. per sec. to 52 ft. per sec. (o) WTiat was the 
negative acceleration? (6) How many seconds did it take for the body to 
pa-ss through 1000 ft.? (c) what was the distance passed through during 
the 6th second? . ” 

[ W —29.4 ft. per sec.* 

A ns. i (ft) 6% sec. 
i (c) 86.3 ft. 

(3) Referring to example 3, Art 138, suppose that the time i, required to 
accelerate the load to the mean velocity had been 2} sec. and the time 
required for stopping had been 2 sec.; what is (a) the acceleration when 
getting up to full speed? (ft) the acceleration when stopping? (c) the 
uniform velocity? (d) the distance passed through until maximum velocity 
IS attained ? (e) the distance passed through in stopping ? (f) the distance 
passed through while velocity k uniform? f (a) 23.226 ft. per sec.* 

j (5) 29.03 ft. per sec.* 

A„. J (e) 58.06 ft. per sec. 

I (</)72..58ft. 

I (e) 68.06 ft. 

. (/■) 319.36 ft. 

(4) A body starting from rest is acted upon for 8 sec. by a steady force 
that gives the body an acceleration of 48 ft. per sec.* At the end of the 
8 th second, the force is reduced and the acceleration is also reduced, the 
acceleration after 8 sec. being 32 ft. per sec.* How far does the body move 
in 12 sec.? Note that the velocity at the end of 8 sec. becomes the initial 
velocity at the instant that the acceleration becomes 32 ft. per sec.* 

Ana. 3328 ft. 

(5) The velocity of a body increases uniformly from 80 ft. per sec. to 
320 ft. per sec. If the acceleration is 20 ft. per sec.*, (o) through what dis¬ 
tance does the body pass? (ft) what time was required? 

A»s.{W2400ft. 

I (o) 12 sec. 

(6) A paper machine is running at the rate of 6 ft. per sec. The weight 
of the paper is to be changed so the velocity is increased uniformly to 360 
ft per min. in ^ seconds, (a) What is the acceleration? (ft) How many 
feet of paper will be of variable weight due to the speed change? 


Ana. 


'■{ 


(a) .0125 ft. per sec.* 
(ft) 440 ft 
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COMPOSITIOH AHD MSOLUTIOH OF VELOCITIBS 

136. Resolution of Velocities,— It was stated in Physics that 
all motion is relative; consequently, velocity is also relative. For 
example, suppose a body is moving northeast with a uniform 
velocity of 48 ft. per sec.; it has a certain velocity north and also 
east, and since the northeast direction makes an angle of 45® with 
both the east and north directions, the relative velocity north is 
48X Vi = 48 X i\/2 = 33.94 ft. per sec.; the relative velocity 
east is also 33.94 ft. per sec. In other words, the original velo¬ 
city in a northeast direction has been r(»olved into two com¬ 
ponent velocities, one north and the other east. The case is 
(exactly similar to the resolution of forces. 

136. Composition of Velocities.—Suppose a ship is moving in 
the direction AB, Fig. 81 (a), with a uniform velocity of 30 ft. per 
sec. and that when a nran standing on the deck is directly over 



the point A on a rock underneath the ship, he starts to run across 
the deck in the direction AC, with a velocity of 20 ft. per sec. 
At the end of, say 4 sec., the man will have run 20 X 4 = 80 ft.; 
if the ship had not been moving, he would have reached the point 
C, and AC would equal 80 ft., the distance from A. But, in 
4 sec., the ship will have moved 30 X 4 «= 120 ft., and relative 
to the point A, the man will be at D, when CD = AB ^ 120 ft. 
Also, his direction relative to the point A will be along the diago¬ 
nal AD of the parallelogram ABDC. At the end of 1 sec., he 
would be at 1'; at the end of 2 sec., at 2'; at the end of 3 see., 
at 3', etc., I'l, 2'2, and 3'3 all being parallel to AB. Relative 
to the fixed point on the rock, the distance moved by the man is 
represented by AD, measured to the same scale as AB and AC; 
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and since the time was 4 sec., his velocity relative to the fixed 
point is AD - 4 - 4 = s -5- i = », in which s = the distance (space) 
AD and t = the time in seconds. Consequently, if AB and AC 
represent velocities to some scale, AD also represents a velocity, 
and to the same scale, in both magnitude and direction. AD is 
called the resultant velocity or the resultant of the velocities AC 
and AB. 

137. It will be noted fhat in the case just given, the direction 
in whif'h the man runs has a component parallel to the direction 
of the ship; that is, drawing CE perpendicular to AB, the com¬ 
ponent AE equals the distance BF, DF being perpendicular to 
AB. But BF is the additional velocity in the direction AB over 
the velocity of the ship. In other words, the velocity AD may 
be resolved into a component velocity AF and another component 
velocity FD normal to AB] in which case, AF = AB -b BF. 

If the man h.ad started at A and had run in exactly the opposite 
direction, as indicated by AC' in Fig. 81 (6), the velocity repre¬ 
sented by AC' would have a component EC opposed to the velo¬ 
city of the ship. At the end of 4 sec., the man would be at D' 
relative to the point A on the rock, and AD' would represent the 
resultant velocity. AD' may be resolved into the component 
velocities AE and ED'; and the velocity of the man relative to 
the point on the rock is equal to C'D' (= AD) — EC = ED'. 
In the first case, the velocity of the man relative to A and in the 
direction AB is AF, while in the second case, it is ED'. 

The same rules govern the composition and resolution of 
velocities that apply to forces; either the triangle or parallelo¬ 
gram of velocities may be used, but it is necessary that the 
velocities be uniform. 

138. Absolute Velocity.—As regards bodies belonging to the 
earth, the velocity of a body relative to a fixed point on the earth 
is called the absolute velocity of the body. As was pointed out 
in Physics, there is really no such thing as absolute motion; but, 
except in astronomical calculations, all movements with which 
man is concerned pertain to the earth or to bodies on or within 
the earth, and it is therefore convenient and proper to define 
absolute velocity as above. In the last article, the absolute ve¬ 
locity of the man was his velocity relative to the fixed point on 
the rock. In Art. 136, the absolute velocity of the body north¬ 
east was 48 ft. per sec., and the absolute velocity north (and also 
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east) was 33.94 ft. per sec. A statement of this kind always im¬ 
plies that the velocity is relative to a fixed point on the earth’s 
surface, the earth being supposed to be stationary, unless other¬ 
wise especially stated. 

139. Combination of Unifonn and Variable Velocity.—A body 
may have a uniform motion and at the same time have a variable 
motion in another direction; the most common example of this is 
the case of a falling body when to the body is given a motion 
making an angle with a vertical line. Thus, referring to Fig. 
82, suppose a body is moving in the direction OC with a velocity 


of 100 ft. per sec. and that when it 
reaches the point 0, it begins to fall 
under the action of gravity; it will 
not fall straight down, but will 
continue to move in the general 
direction of OC while, falling, in 
accordance with the first law of 
motion. The downward velocity 
will be constantly accelerated, 
with the result that the path is a 
curve Oah. . . h, which can be 



shown by higher mathematics to 
be a curved line called a parabola. 


The constant acceleration is g = a = 32.16 ft. per sec.*, and in 8 


sec. the body will fall through a distance = s = iaP = i X 32.16 
X 8* = 1029 ft. = 08' in Kg. 82, neglecting the resistance of the 
air. At the same time, the body will have moved in the direc¬ 
tion OC a distance = 08 = s' = = 100 X 8 = 800 ft. The 
resultant of these two motions is the path Oab. . . h, and the 


velocity at any point along this path will be equal to the length 
of the path from 0 to that point divided by the time it takes to 


reach that point. 

Suppose a railway train is moving at the rate of 70 ft. per sec. 
and a baseball is thrown from it in a horizontal direction at right 
angles to the direction of the train, with a velocity of 90 ft. per 
sec. The ball will continue in the general direction of the train 
with a uniform velocity of 70 ft. per see.; it will also have a 
uniform velocity of 90 ft. per sec. at right angles to the other 
uniform velocity; and it will fall toward the ground with a con¬ 
stant acceleration of 32.16 ft. per sec.* The resultant of these 
three velocities will be a parabola whose plane makes an angle 
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„l 7' ;«»" «i(li the dircetion of motion of the train. The 
icsiiliant of the (wo uniform veloeities wiJI be a right line, and a 
vertical plane containing this line will also contain the path of 
the body, whicli will be a paralrola. When a man steps from a 
moving train, be has the siunc absolute velocity aa the train; on 
coming in contact with (he earth, ho is brought to a sudden stop, 
which hns the same effect on his body as though he were impelled 
forwards with a push, the strength of which will depend upon the 
velocity of the train. By running in the same direction as the 
\T.m\ be \wb\gs bimseM graduaWy to rcat and dvtmnisihcft tbc eHect 
,,f the jmsh; or. if he jumps Ymekwards, i.e., in a direction opito- 
to that of the train, he will diminish, perhaps destroy entirely, 
/j/-. iilisoluto velocity in the direction of the train. Even when 
tbf‘ train is moving quite slowly, the result may be a bad fall 
if ijroiKr precautions arc not taken. 


FALLING Booms 

140, Formulas for Falling Bodies .—A body descending from a 
higher level to a lower one under the influence of gravity is 
called a falling body; if there is nothing to oppose the motion, 
as when a body falls in a vacuum, the body is said to fall freely 
or it is called a freely-falling body. When it falls in air, it 
meets with a resistance that increases as the velocity increases, 
but this resistance is not uniform. There is also a resistance due 
to the buoyant action of the air, which for short heights of fall 
may bo considered as uniform, but not for great heights, because 
the density of the air decreases with the altitude. However, in 
practice, when the velocity acquired is not very great (height of 
fall is comparatively small) and the density of the body is great 
enough to make the buoyant effect of little account, bodies are 
treated as freely falling when meeting with no other resistances. 
For instance, a stone dropped from the top of a high building will 
be considered as a freely falling body in what follows. 

141. A body is caused to fall by reason of a constant force 
acting on its mass; the force is called gravitation, and it produces 
a constant acceleration, which is always denoted in works on 
mechanics by g. As was pointed out in Physics, the value of g 
varies with the latitude and altitude (distance above sea level) 
of the place where the body falls. The international Standard 
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for g is 980.66S cm. per sec.* = 32.1741 it. pet cone- 

nfMads very closely to latitude 4S° at sea level. For latitude ot 
Now York, the value of g m very closely per secy, and' 

this value will be used in all future calculations, unless otherwise 
specially stated. The constant occurs very frequently, 
in calculations pertaining to falling bodies; unless otherwise 
siiccially stated, its numerical value will be taken as 8.02. 

142. While the formulas of Arts. 131-133 may be used for 
solving any problem pertaining-to freely falling bodies, it is 
customary to represent the height of fall by h and the accelera¬ 
tion by g, in which case the formulas mentioned become 


V = gt = 32.161 

(1) 

V = VWh = 8-02\/A 

(2) 

V = Vq gt = Vo + 32.161 

(3) 

h = \vt 

(4) 

h = = 16.08t» 

15 ) 

h = v^ + y^ = Vot + 16.081* 

(6) 

h = + v)t 

(7) 

A = ^ = .OlS-WTo* 

2g 

(8) 

1 = " = .031095V 

g 

(0) 

2A 

V 

(10) 


t = Mm Vh 

(11) 

V = Vt-; + 2gh 

(12) 


The last formula (which corresponds to formula 6 of Art 
133), is derived as follows; from (3), < = formula 


(7), k = i(''o + »)<; substituting the value of <, A = i(v + v„) 
= h\ from which, »* = 2gh -f o;, and v 

' g ' _“ji 

= Vvl + 2gh. This formula is useful when it is desired to 
find the velocity with which a body would strike the ground 
when thrown downward from a known height h with an initial 
velocity »o. While all twelve formulas are used, it is probable 
that formulas (1), (2), (5), (8), and (11) are most frequently 
employed. In practice, .0155 is usually sufficiently accurate in 
10 



146 


MECHANICS AND HYDRAULICS 


(8),..031 in (9), and .25 in (11), because of the limit of accuracy 
in measuring some factor. 

143. If a body move upward instead of downward, it must 
have an initial velocity; this velocity will carry the body to 
a height indicated by formula (8), which is the velocity that would 
be attained by falling through the height h, the value obtained 
by applying formula (2), which is another way of writing formula 
(8). When the body has reached the height h, it stops, but not 
for any measurable length of time, since it immediately begins to 
fall, and on striking the earth, will have the same velocity v 
that it had on starting upwards; that is, the two velocities would 
be equal but for the resistance of the air. They are assumed to be 
equal in practice, when the velocity »o is not too great. In the 
case of a rifle or cannon ball, the velocity is so great that the 
resistance of the air must be considered, if the range is to be 
calculated with any degree of exactness. Applications of formulas 
(1)-(12) will now be shown by several examples. It may be re¬ 
marked that it is useless to calculate results correct to more than 
four significant figures when g = 32.16. 

ExAMPiiE 1.—A stone is dropped from the top of the Woolworth building 
which is, say, 800 ft. above the ground; (o) how long will it take for the 
stone to reach the ground ? (6) with what velocity will it strike ? 

Solution^ —(o) Here h and g are known; hence, use formula (11) to find 1, 

and I =\r- = .24938\/800 = 7.054— sec. A ns. 

\ g 

(&) The velocity may now be calculated by either formula (1) or by 
formula (2); using formula (2), v = V'igh = 8.02v/A = 8.02v'80b = 226.8 
ft. per sec. Ana. 

EXAMPI.E 2.—A baseball is thrown vertically upward with a velocity of 
00 ft. per sec.; (o) how high will it rise after leaving the hand? (6) how 
long before it returns to the point from which it started? 

SoLunoN.—(o) Here v and g are given and A is to be foimd; hence, using 

formula (8), A = ’’ = .015S47»* = .016647 X 90' = 126.9 ft. Ans. 

^g 

(b) The time will be twice the time required for the ball to fall through 
the height A; hence, either formula (9), (10), or (11) may be used. Using 

formula (9), « = ^ = .031096P = .031095 X 90 = 2.7986, say 2.8 sec.; and 
the total time is 2.8 X 2 = 6.6 sec. Ana. 

Exaupu^ 3.—In order to find the depth of a deep well, a stone is dropped 
within it, the time that elapses between the instant of starting and the 
sound of its striking is accurately measured, and is found to be 3.6 sec. 
Taking the velocity of sound in air as 1090 ft. per sec., what is the depth 
of the well? Calculate only to the nearest foot. 
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SoLOTioN.—^Tho total time is 3.5 sen. The time required for the sound 
to reach the car is equal to the depth of the well h divided by the velocity of 

sound, or jq^qI hence the time of falling is 3.5 - = —0)90 ~ “ 

Using formula (5), h = ’*)* “ ^*1““”“®’ *''“**■ 

posing, and combining terms, 

ft* — 81517ft = —14554225, from which ft = 179 ft. Ans . 

To prove that the result is correct, the time rciiuirod for the sound to 
travel 179 ft. is 179 -r- 1090 = .104 sec.; the time required for the stone to 

fall 179 ft. is i = = .24938\/i79 = 3.330 sec., and the total time is 

3..33G + .164 = 3.500 sec., as it should. 

ExampIiB 4.—If a body he thrown downwards with a velocity of 60 ft. 
per sec., what will lie its velocity on striking the ground 600 ft. below? 

SonmoN.—Evidently formula (12) must be used in this case; conse¬ 
quently, V = V't’r+ 29 ft = Vm* + 2 X 3‘2Ti6 X 600 = 205.4 ft. per sec. 

Ans. 


144. Projectiles.—Any freely moving body is a projectile; 
examples are a rifle bullet, a baseball, a jet of water, all moving 
freely through the air. For a body to become a projectile, it must 
have an initial velocity and must be acted on only by gravity 
and the resistance of the medium through which it passes, as 
air or water. A heavy (dense) Imdy moving freely through still 
air at a comparatively low velocity may be considered as acted 
on only by gravity, and the resistance of the air may be neglected; 
the path of every such body is a parabola, except when moving in 
a vertical line. If the direction of the initial velocity bo hori¬ 
zontal, as in Fig. 82, and the body falls downwards under the 
influence of gravity, the lx)dy will describe the path Oab. . .h, 
which is one-half of a parabola, the other half being on the other 
side of 08' and symmetrical to the half shown. The distance 8'fe, 
which is the horizontal distance between the starting and stopping 
points, is called the range. The range is evidently equal to the 
time required for the l)ody to fall through the height 08' multi¬ 
plied by the initial velocity. For instance, if the time required 
to pass through the height 08' is 8 sec. and the initial velocity is 
100 ft. per sec., the range, when the direction of the initial 
velocity is horizontal, is 8 X 100 = 800 ft. 

146. Let AM be a tangent to the parabola at h, and suppose 
that the body start from the point h with an initial velocity «o in 
the direction of the tangent hM. Resolve into two components, 
one horizontal and the other vertical, the initial velocity v», as 
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indicated in Fig. 83, the angle A being equal to the angle MhA in 
Fk 82 If the value of »o be such that the horiaontal component 
equals the initial horizontal velocity along OC in Fig. 82, and 
** the vertical component v'o equals the vdocity ac¬ 

quired in tailing through the heif^t h = 08', then 
the projectile on leaving the point h will follow 
the path As/. . .0, Fig. 82, which is identically 
(he same, but in thereverse direction, asOoAc. , .A. 
On reaching the point O, alt movement in a verti¬ 
cal direction ceases; the horizontal movement 
continues, however, and as the projectile falls, it 
describes the other half of the parabola. The time 
in falling is the same as the time in rising; hence, 
the range is twice as great as is the case in Fig. 82. 
In Fig. 84, suppose the initial velocity has the direction AM, 
the projectile starting from A. The path described will be the 
parabola ABC] the range is AC; and the greatest height is OB. 



Fia. 83. 



To find the values of the height OB and the range AC, let EF 
represent, to scale, the initial velocity V, EF being the direc¬ 
tion in which the projectile starts and coinciding with or parallel 
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to AM, the tangent. Resolve Y into two components, EG 
= Yk, the horizontal velocity, and GF » F,., the vertical ve¬ 
locity; measure F» and F,; then, by formula (8), Art. 142, 

A = ^ “ .015547 F,’ = OB. Knowing the value of ^ = OB, 
the time required for the projectile to ascend this height may be 
found by (9) or (10); using formula (9), ^ - ^ — .031095 F,. 

The time that the projectile is in the air will be twice this, or 
T = 2t, and this multiplied by the horizontal velocity gives 
range = AC = r = 2t F*. 

The angle which the tangent AM (the direction of the projec¬ 
tile at starting) makes with the horizontal (angle MAC) is called 

the angle of elevation. 

146. In general, there are two angles of elevation that will give 
the same range for the same initial velocity. Smce ACB, Fig. 
83, is a right triangle, B = 90° — A; consequently, if A = the 
angle of elevation, an angle of elevation = 90° — A will give the 
same range for the same initial velocity »» = F. Thus, referring 
to Pig. 84, if the range is AC when the angle of elevation is MAC 
and the initial velocity is F, the range will still be AC when the 
angle of elevation is NAC = 90° — MAC = MAY. The path 
of the projectile in the first case will be the parabola ABC] in 
the second case, the path will bo AB'C. This fact can bo readily 
proved by means of a garden hose; if the water leaves the nozzle 
in the direction AN, the range will be exactly the same as when 
it leaves the nozzle in the direction AM. 

When the angle is 45°, the range will be a maximum, because 
90° — 45° = 45°, and there is only one angle that will give the 
same range. In Fig. 84, PAC = 45°, the range is AC' and the 
greatest (maximum) height for this range is O'D. 

In practice, the foregoing facts are not true for high velocities, 
such as those attained by rifle bullets and cannon shots, whose 
velocities vary between, say, 2000 and 3000 ft. per sec. The 
path is then no longer a parabola, the maximum range is attained 
when the angle of elevation is considerably less than 45°, and for 
a high angle of elevation the maximum height is so great that 
the air is less dense and offer less resistance than when the 
smaller angle is used. 

Exaufle.—S uppose a baseball player can throw a ball with an initial 
velocity of 120 ft. net sec.; what is the greatest distance the ball can travel, 
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the range being measured on a horizontal lino passing through the point 
at which the ball left his hand? What would have been the range if the 
angle of elevation had been (i0°? 

Solution.— Referring to Fig. 84, if angle FEG m FG = EG = V 
X iVi, I = .03109.5F X J v'2, and r = SG X 2( = 7 X i V2 X .031095 7 
X W‘2 X 2 = .0310957* = .031095 X 120* = 447.8 ft. Ans. 

If angle of clevalaon MFjG = 60°, FG = 7, = 7 X iVs, EG = 7* 
= J7, and r = .031095 XFXlv'3X2XlV = .031095 7* X iVs 
= 387.8 ft. Am. 

If the angle of elevation is 90° - 60° = 30°, the range will also bo 387.8 ft. 

The.maximuin height that the ball rises in each case is, by formula (8), 
Art. 142, for the first case, h = .015547 (5 v'2 X 7)* = .016547 X i 
X 120* = 111.9 ft.; for the 8<»ond case, h = .015547( J"v/d X l^)* = .015547 
X J X 120* = 167.9 ft.; for the third case, h ■= .015547 X 7)* = .015547 
X I X 120* = 55.97 ft. 

Examit.® 2.—A jet of water issues from an orifice in a horizontal di- 
nxition with a velocity of 113 ft. per see.; if the center of the orifice is 10 
ft. 3 ill; above the ground, what is the range? 

Solution.— By formula (11), Art. 142, f = -i r* = .24938^* = .24938 

V 10.25 = .80191 sec., the time it will take the water to fall from the center 
of the orifice to the ground. Therefore, the range is r = v4 = 113 
X .80191 = 90.62 ft. Ans. 

147. The path of a projectile is frequently called its trajectory; 
and the higher the initial velocity the flatter will be the trajcctoiy 
between two points. If a gun be pointed directly at the point 
it is desired to hit, the ball will necessarily strike below that 
point; for this reason, the sights are “raised,” thus causing the 
gun to aim at a point above the point it is desired to strike. This 
adjustment of the sights is made according to the range and the 
velocity of the bullet. 


ANGULAR VELOCITY AND ACCELERATION 

148. Angular Velocity.—If a body in motion be acted upon by 
a force, its velocity may change or its direction may change or both 
may change. In the case of a projectile, both the direction and 
velocity change; this fact is indicated by the curved path and the 
further fact that the distances passed over in equal times are 
different. According to the first law of motion, the body must 
move in a right line unless acted upon by an external force; in the 
case of a projectile, the external force is the force of gravity. 

Suppose a ball M to rest on a horizontal frictionless plane, with 
its center connected to a fixed pivot 0, Pig. 85 (a), by a string CO. 
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If, now, the ball be struck a sharp blow in a direction parallel 
to the plane and perpendicular to CO, it will move in a circle 
having 0 for its center and CO for its radius; the velocity will be 
proportional to the effect of the blow, and if there is no friction 
or other resistances, the ball will move forever in the circle, and 
with undiminished velocity. The reason for this is that the 
direction of motion at any point is a tangent to the circle at that 
point; thus, for the point C, the direction of motion (velocity) is 
the same as that of the tangent MA, and if it were not for the 
string, the ball would move in the direction CA, when moving 




Fia. 86. 


clockwise around the circle; in other words, if the string were cut 
at the instant the ball reached the point C, it would then continue 
in the direction CA, and with the same velocity that it had when it 
reached the point C. The ball is caused to move in a circle as 
the result of a pull exerted by the string; and since this pull is 
radial, its direction is that of the radius CO. But the radius 
drawn from the center to any point of a circle is perpendicular 
(normal) to the circle and to the tangent at that point. This is 
likewise true of any other point of the circle; hence, the pull 
exerted by the string is always perpendicular to the tangent, that 
is, to the direction of motion, and therefore has no influence in 
changing the velocity along the circle. Consequently, if the 
body meets with no resistances, such as friction, the atmos¬ 
phere, etc., it will move forever with undiminished peripheral 
velocity. 

If r = the linear (= peripheral) velocity in feet per second, r 
= the radius in feet, and n = number of revolutions per second, 
V = 2irm. Let <o (Greek letter omega) = the number of radians 
turned through in one second; then, since one revolution = 2r 
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radians, u = 2irn radians per second, which is called the angular 
velocity of the ball. Comparing the two velocities, 

a :v - 2 t :2irr 

from which, _ » 


That is, the angular velocity is equal to the linear velocity divided 
by the radius of the arc in which the body moves; and the linear 
velocity is equal to the angular velocity multiplied by the radius, 
= or ii = r«. For example, suppose a flywheel makes 150 

150 

r.p.rn.; the angular velocity is « = 2m = 2 X 3.1416 X 
= 15.708 radians per second. If the radius to a point on theoutside 
of the rim is 90 in., » = 2ir X ^ X = 117.81 ft. per sec. 

Then u = ^ = 15.708 rad. per sec., as before. Also, 

12 

90 

since v = arr, v = 15.708 X J 2 “ 117.81 ft. per sec. 

149. If the body move in a curve that is not a circle, as A B, Fig. 
85 (6), the angular velocity is determined in the following manner: 
suppose the body to be at the point a and its linear velocity to be 
v'; suppose the body to move a very short distance (preferably, 
an infinitely small distance) to o'; then that part oo' of the path 
may lx; considered as an arc of a circle, the radius being O'a and 
the center O'. Then O' is called the instantaneous center for 
the minute arc oo', and O'o = / is called the radius of curvature; 
a tangent to the radius at a will be perpendicular to the radius of 

curvature O'a = r'. The angular velocity at a is then «' = ,• 

r 

In a similar manner, let 0" be the instantaneous center for the 
point ft, »" and r" the linear velocity and radius of curvature 

corresponding to 6; then, w" = etc. The tangents am, bn, 

and cp indicate the direction of the linear velocity at a, b, 
and c, respectively. In the case of a body moving in a circle, the 
instantaneous center is always the center of the circle, the radius 

of curvature is always the radius of the circle, and m = *, » being 

the linear velocity at any point. In what follows, only uniform 
velocity in a circle will be considered. 
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160. Radial Acceleration. —Referring again to Fig. 85 (a), the 
ball is acted upon by a force due to the pull of the string; so long 
as the angular velocity remains constant, this force also remains 
constant; and since a constant force always produces a constant 
acceleration, there is a constant acceleration directed toward 
the center. The ball, however, gets no nearer the center, be¬ 
cause the acceleration is just sufficient to keep the ball moving 
in its circular path, and this is always the case, regardless of the 
form of the path. The manner of deriving the expression for 
the value of the acceleration toward the center, which may be 
termed the radial acceleration, is somewhat too technical to be 
given here; but, letting v = the linear velocity, a = the angular 
velocity, and r = the radius, 


radial acceleration = - 
r 


FORCE AND MOTION 


MOMENTUM 

161. Force Required to Stop a Moving Body. —It was shown 
in Physics that if / = force in pounds, m = mass of body moved, 
w = weight of body moved, and a — acceleration of moving 
body, the force required to give the body an acceleration a is 

f = ma (1) 

If a body having a certain velocity v is brought to rest under 
the action of a constant force, it will have a constant negative 
acceleration —a, which will be the same in value as the accelera¬ 
tion required to give the body the velocity t when starting from 0; 
hence, the force required to bring the body to rest by making its 
velocity decrease uniformly from a to 0 with a constant accelera¬ 
tion a is also / = ma. By formula (1), Art. 131, v = at, from 

I* 

which a — Substituting this value of a m formula (1), above, 
/ = m X p or 

ft = mv (2) 

that is, the force required to bring a body having a velocity « to 
rest in a time I multiplied by the time is equal to the mass of the 
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body multiplied by the velocity. Since m = —, foil aula (2) may 
be written, 

ft = 7 (3) 

If w is in pounds, v in feet per second, g in feet per second per 
second, and t in seconds, / will be in jxiunds; if w is in kilograms 
(or grams), » in centimeters per second, g in centimeters per 
second per second, and t in seconds, / will be in kilograms (or 
grams). 


Example 1 .—A body weighing 128 pounds is started from rest under 
the action of a force and is given a velocity of 40 ft. per si!c. in 3 sec.; 
neglecting friction and other resistances, what force was required? 
Solution. —Solving formula (3) for /, 

, wv 128 X 40 r-j nv a 
^=ff(“32.16X3'“-‘’^-”^- 

Example 2.—What force is required to give a body weighing 280 lb. 
an acceleration of 12.4 ft. per sec.‘7 

Solution. —Since the acceleration is known, use formula (1), and 
non 

/ = ma = „„ X 12.4 =» 107.06, say 108 lb. Am. 
oJ.m 


162. Formula (2) of the last article is the fundamental formula 
of dynamics; it is so important that the expressions on either 
side of the sign of equality have been given special names; that on 
the left-hand side,/!, is called the time effect; that on the rights 
hand side, mv, is called the momentum of the body. For any 
moving body, the mass multiplied by the velocity is called the 
momentum; the force required to stop the body in a given time 
is the time effect; if the time is one second, then the momentum is 
equal to the force, and momentum may be defined as the force that 
is required to stop a moving body in one second. This definition 
must be clearly understood; it is the steady (constant) force 
which, acting for one second will bring the body to rest, and it is 
equal to the mass of the body multiplied by its velocity in linear 
units per second. Thus, if a body weighing 448 kilograms have 
a velocity of 36 meters per second, its momentum (since 36 m. 

448 448 

= 3600 cm.) will be me = ggQ ^ X 3600 = X 36 

= 1644.6—. If this body were brought to rest by a steady force 
acting for one second, the value of the force would be 1644.6 
kilograms. Note that when g is taken as 980.666 cm. per sec.*, 
the velocity must be in centimeters per second; but if the velocity 
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is in meters per second, g may be taken as 9.80665 meters per 
sec.^ 

There is no name for the unit of momentum; if, however, the 
weiRh*. be taken as 1 lb., the velocity as 1 ft. per sec., and the 
unit of 0 as 1 ft. per sec.®, then 


mil 


wv 

9 


11b. X 


1 S(!C. 


1 ft. 
i sec.* 


1 lb. X 1 sec. 


that is, the unit may be called the pound-second. For the time 
effect of the other side of the sign of equality, /I = 1 lb. X 1 sec., 
which agrees with the unit for momentum. In the metric sys¬ 
tem, the unit of momentum will be the gram-second or kUogram- 
Bccond, according to whether the weight of the body is taken in 
grams ur kilograms. 


Example. —A locomotive with its train weighs, say, 600 tons. Starting 
from rest, it gets up a speed of 30 miles per hour in just 4 minutes; if the 
acceleration be assumed to be constant, (o) what steady force must be ex¬ 
erted, neglecting all resistances? In other words, what force in addition 
to that n-quiml to ovenjome the resistances must be exerted to enable the 
locomotive and ibs train to get up to speed? (6) At 60 miles per hour 
what is its momentum? 

Solution.—( a) Riducing the tons to pounds, minutes to seconds, and 
miles per hour to feet per second and using formula (3) of Art. 161, after 
solving for/, 

wv 500 X 2000 X 30 X 5280 
Ot 32.16 X 4‘X 60 X 60 X60' 


/=- 


! 6700 lb., very nearly. An», 


Q>) At 50 miles per hour, the momentum is 
500 X 2000 X 50 X 5280 


nw = — =- 
9 


2,280,205 lb..Bee. An*. 


32.16 X 00 X 60 

163. Generating Motion by Weights.—When motion in two 
or more bodies is due to the action of gravity on one of the 
bodies, the force causing the movement is, m general, easily 
found, and when divided by the mass of all the bodies moved, 
gives a quotient that is the acceleration of each of the moving 

liodies. I'hus, from formula ( 1 ), Art. 161, a = hence, if the 

force causing the movement is known and the mass moved by 
this force is also known, the acceleration can be found. The 
two problems that follow will make this clear. 


Problem 1.—In Fig. 86 , a weight is shown resting on the top 
of a table, which will be assumed to be a perfectly smooth hori¬ 
zontal plane surface; attached to the weight P is a cord, which 
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passes over a pulley and has weight W at the other end. If the 
part ab of the cord is horizontal and all resistances are neg¬ 
lected, find (a) an expression for the acceleration in terms of P 
and W; (b) find the tension in the cord in terms of P and F; 
if P = 45 lb. and F = 72 lb., what is (c) the acceleration? (d) 
the tension in the cord? 

(a) F is caused to move downwards by the action of gravity, 
but gravity does not directly move P because the force that 



Fici. sc. 


gravity exerts on P is counteracted by the reaction of the table; 
consequently, since P must move to the right when F moves 
downwards, the total mass moved by the action of gravity on 

yfr is + mass of cord + mass of pulley (in turning). The 

last two elements may be neglected in the present case, and the 
mass moved may be considered as - . The force producing 

this movement is the weight of F; hence, the acceleration is 


_ / _fg _ Wg_ 

m w F + P' 


A ns. 


Here f =w and m = 


F + P. 
g 


(b) If there were no friction (as is here assumed), and F were 
to move downwards with a uniform velocity, there would be 
no tension in the cord, because, since ab is horizontal and P moves 
in a horizontal direction, there is no component force acting up¬ 
ward. The conditions are exactly the same in respect to the 
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force acting on P as though the cord were cut and a force equal 
to that required to accelerate P were applied to the free end. 

p 

The mass moved would then be and this multiplied by the 

acceleration, the value of which was found above, equals the 
force required to accelerate P, and is equal to the tension in ab 
= T; it also equals the tension in cd, since the tension of the 
string is the same throughout. Therefore, 

m Ps, Wg PW . 

^ = ”*“=ff-^ir + P=ir + P' 


(c) Since P = 45 lb. and IT = 72 lb.. 

If P and W are interchanged, the acceleration is „ 

rV "r I* 

45 X 32.16 

' 45 - 1 - 72 ~ 12.37— ft. per sec.® 

(d) The tension of the cord is 

„ PW 45 X 72 __ . 


W + P 45 + 72 


= 27.69+11). Ans. 


If P and W be interchanged, the tension of the cord will be 
exactly the same as before, because, 
although the mass of the body on the 
table will then be greater, the accelera¬ 
tion will be less, and in the same pro¬ 
portion. If friction bo considered, this 
will not be true, since the force of 
friction will be greater in the latter 
case than in the former. 

Problem 2.—Suppose that the weight 
P be suspended at one end of the cord 
as shown in Fig. 87; neglecting all 
resistances, find (o) the acceleration, 

(6) the tension in the cord, the weights Fia. 87. 

of P and W being the same as in Problem 1. 

(o) The moving force is evidently equal to IF - P, since W 
and P act in opposite directions. If W = P, there will be no 
motion, since the system will then be in static equilibrium. As 
the result of the action of this force, P and W Iwth move, and 
since the force is constant, both bodies receive a constant accel- 
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If+ P 


0 


oration. The msiss moved is 
oration is 

(72 - 45)32.16 


consequently, the accel- 




w 


If+ P 


72 + 45 


7.422— ft. per sec.® 
Am. 

(b) The tension of the eord will l)e equal to the tension in ah, 
and this evidently equals the weight of P + the force required to 


accelerate P; that is, since the mass of P is 


. P 


S 


T — P I ^ '.y „ — p I ^ ^ _ p I P(lf P) 

r-P+^Xa-P + ^X + 

Clearing the right-hand member of fractions, combining and 
reducing, 


7 ' = 


2PF 




Ans. 


W +P 72 + 45 
It will be observed that the tension of the cord is hero twice 
as great as in the arrangement of Problem 1; note, also, that 
interchanging the two bodies P and W will protlucc no other 
effect than to reverse the direction of rotation of the pulley. 

(If - P)ff 

Considering the expression a = , the acceleration o 

may be made as small as desired by making the difference be¬ 
tween the weights of If and P sufficiently small. It is by means 
of a device of this kind that an accurate measurement of a can 
be made experimentally; and when a is known, the value of g 
can be found at once. Thus, 8uppo.se the pulley is very light 
and that its journals turn on ball bearings, thus practically 
eliminating friction; suppose further that the cord is a fine silk 
thread, that If = 2 ounces, and P = 1.9 ounces. If, now, by 
accurate measuring and timing devices, it is found that If falls 

3.96 ft. in 3.1 sec. then, by formula (3), Art. 131, o = ^ p - 
2 X 3.96 

= —~ .8241 ft. per scc.^ The expression found above for 

(JP — P)g + p) 

the acceleration is o =q 7 p-; from which g = • 

Substituting the value of a, as just found, and If and P, 

.8241(2 +1.9) 

g = 9— “ 32.14 ft. per sec.* 

a very close approximation to the value of j at a place where 
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g = 32.16. The true value of j is one of the most important 
constants used in science. 


164. Effect of Friction.—Friction always opposes the motion; 
for most cases that arise in practice, it may be regarded as a 
constaiit force acting in direct opposition to the force producing 
the motion. Thus, referring to Problem 1, of the last article, 
suppose the coefficient of friction is ju = .22 between P and the 
table top; then the normal pressure is P, and a force equal to 
.22P must be exerted Isifore any movement can occur. Neglect¬ 
ing the friction of the pulley and cord, the force producing motion 
is W- — .22P, and the acceleration is, the mass moved being the 


same as before, o = 


^_-fP)g _ 
W4-P 


(72 - .22 X 45)32.16 


72 -I- 45 

= 17.07— ft. per sec.® If the weights P and W be interchanged, 
(P-iiW)g (45 - .22 X 72)32.16 
“ = p j^rw~ - - W+72 -“ 8.015+ ft. per scc.» 

To find the bmsion of the cord, the force required to move P 


and give it the acceleration due to the action of IF is |iP + —o; 


substituting the value of a just found, 

T- V + -22)45 X 72 

W +P W + 'P ' 72 + 45 

= 33.78 lb. 


The same value for T will be found if the weights are inter¬ 
changed. 

If it is desired to take into account the friction of the pulley 
also, the problem becomes indeterminate, because the normal 
pixissure on the pulley bearing cannot be found until the tendon 
in the cord is known. This may be approximated as closely as 
is desired by calculating T when the friction of the pulley is 
neglected; taking the value thus obtained as the tension, find 
the normal pressure on the bearing, and calculate the friction; 
this added to T will give a value T', which will bo quite near the 
actual value of the temsion. A repetition of the process will give 
a value T" that is very near the correct value. Thus, the re¬ 
sultant of the tensions in ba and cd, Fig. 86, evidently has the 
direction ef;b^ = cef = 4.5°; and ef = Ty/2. Taking the value 
of T just found, and assuming that the coefficient of friction for 
the tearing is .02, the force of friction for the pulley is .02 X 
33.78\/2 = .96— lb. This does not increase the tension in ab, 
the part of the cord between the pulley and P, but it does increase 
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If+ P 


0 


oration. The msiss moved is 
oration is 

(72 - 45)32.16 


consequently, the accel- 




w 


If+ P 


72 + 45 


7.422— ft. per sec.® 
Am. 

(b) The tension of the eord will l)e equal to the tension in ah, 
and this evidently equals the weight of P + the force required to 


accelerate P; that is, since the mass of P is 


. P 


S 


T — P I ^ '.y „ — p I ^ ^ _ p I P(lf P) 

r-P+^Xa-P + ^X + 

Clearing the right-hand member of fractions, combining and 
reducing, 


7 ' = 


2PF 




Ans. 


W +P 72 + 45 
It will be observed that the tension of the cord is hero twice 
as great as in the arrangement of Problem 1; note, also, that 
interchanging the two bodies P and W will protlucc no other 
effect than to reverse the direction of rotation of the pulley. 

(If - P)ff 

Considering the expression a = , the acceleration o 

may be made as small as desired by making the difference be¬ 
tween the weights of If and P sufficiently small. It is by means 
of a device of this kind that an accurate measurement of a can 
be made experimentally; and when a is known, the value of g 
can be found at once. Thus, 8uppo.se the pulley is very light 
and that its journals turn on ball bearings, thus practically 
eliminating friction; suppose further that the cord is a fine silk 
thread, that If = 2 ounces, and P = 1.9 ounces. If, now, by 
accurate measuring and timing devices, it is found that If falls 

3.96 ft. in 3.1 sec. then, by formula (3), Art. 131, o = ^ p - 
2 X 3.96 

= —~ .8241 ft. per scc.^ The expression found above for 

(JP — P)g + p) 

the acceleration is o =q 7 p-; from which g = • 

Substituting the value of a, as just found, and If and P, 

.8241(2 +1.9) 

g = 9— “ 32.14 ft. per sec.* 

a very close approximation to the value of j at a place where 
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is very snmll, the result being that the force of friction is small 
as compared with that due to the weight sliding on the table 
top. 

165. Motion on an Inclined Plane.—Let ABC, Fig. 88, be an 
inclined plane whose length is I and height is h, and on which 
rests a body M that is free to move down the plane. Suppose 
the weight of the lx)dy is P, represented by the vertical line oa, 
which resolves into two components ha and oh; then ha represents 
the force urging the body down the plane and oh represents the 



normal pressure against the plane. The triangles AC Band oha 

are similar; whence, the proportion -- = jg. But, oa = P, 

AB = 1, and BC = h; letting ah = f, the force urging the body 
down the plane, and substituting in the proportion. 


/ ^ r 


Ph 

'' 1 


P f 

The mass of the body is —; hemic, since o = —, the acceleration 
g tn 

Ph 

down the plane ia a = -^ = friction and other resistances 

T _ 

being neglected. From formula (3), Art. 131, ( = if 1 is 
the time it takes the body to descend the entire length of the 
plane, then s = 1, and t = 


city of the body when it reaches Af the bottom of the plane, is 
11 
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V = al = Y X I = y/^h. If the body fell freely from B 

to C, its Telocity on reaching C will be » = ■\/2gh, which is ex¬ 
actly the same as that acquired in sliding down the plane. The 
time, however, will be different in the two cases. Thus, let 
t = the time required to fall through the height h, and let t' 
= the time required to slide down the plane; then, since v = gt 

= al', t' = — = = ■! = ! X <. In other words, the time re- 

a gh h a 

1 

quired for a body to slide down a smooth frictionless plane is 
equal to the time required for the body to fall through the 
height of the plane multiplied by the ratio of the length of the 
plane to the height of the plane. 

The fact that the velocity is the same no matter how the body 
travels from a point of higher level to one of lower level is an 
extremely important principle in dynamics. 


166. If the friction be considered, these results will, of course, 

be modified. Referring to Kg. 88, let n = the coefficient of 

friction; then, the effective force /' acting in the direction oc 

will be/' = /—ju X oh. Prom the similar triangles oha and ACB, 

oh AC , , PXAC „ , —- 

— = xi,, from which, oh = -;-. But AC = v !■* — h^', 

oa AB I ’ 

in the last article, the value of / was found to be / = -j-‘, hence, 
/' = ^ — = j (ih — ny/ P — k’), and the accelera¬ 
tion is a = — ti V— A®)' 

Suppose, for example, that angle A = 45°; then I = hy/% 
and P = 2/i®. Substituting thraje values in the last expression 

for a, and assuming that m = -18, a = ~ -18%/2A“ — A®) 

32 16 

' ;(1 — .18) = 18.65 ft. per sec.® 


■ V2 

Neglecting friction, the value of a is 


fg 


o = „ = - 


I 


32.16 X A 
A y/i 


= 22.74 ft. per sec.* 


If the angle A = 30°, I = 2A, and 

o = (A — .18-\/4A>— A®) = 11.07 ft. per sec.® 
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Neglecting friction, the value of a is 
gh 32.16 X h 

' r 


0, = ■)- =-SI—■ = 16.08 ft. per see.’ 


2h 


18.65 


The ratio of the two accelerations in the first case is 22^4 
= .826 —, and in the second case, = .688+. It is evi 


dent that the angle A may be decreased until there will be no 
motion at all; this angle is the same as the angle of friction, 
which was previously defined. 

167. From what has been stated in Arts. 164-166, the reader 
will obtain a good idea of the effects of friction in retarding mo¬ 
tion. It is not advisable to pursue the subject further in an 
elementary work of this kind. It may be stated that in connec¬ 
tion with the operation of machines, the friction of the separate 
parts as they move relatively to one another is seldom considered, 
the resistances Ixiing nil groupcil and considered as a whole in 
ascertaining tlni efficiency of the machine. The subject of effi¬ 
ciency was discussed in Arts. 94-97. 


CENTRIFUGAL FORCE 

168. Central Forces.—Whenever a body moves in a curved 
path instead of a right line, it is caused to do so by the action 
of a force normal to the direction of motion, or else the acting 
force has a component acting in this direction. As was shown 
in connection with Fig. 85, a very short part of the path may be 
considered as a circular arc; then this normal force becomes a 
radial force, which acts toward the instantaneous center. Forces 
that act toward or away from a center are called central forces, 
and any force acting toward a center has received the special name 
of centripetal force. Referring to Fig. 85 (o), suppose the body 
to move in a circle, with a uniform angular velocity = a. The 
force exerted by the string, and which pulls on the ball, is the 
centripetal force. The reaction of the ball on the string is called 
the centrifugal force. The centrifugal force being a reaction 
only, it does not cause or tend to cause motion, but the centripe¬ 
tal force actually produces motion toward the center. If the 
ball revolve fast enough, the string will break, and the ball will 
no longer move in a curve, but in a right tangent to the circle 
tiiat forms its path; whence the phrase “flying off at a tangent.” 
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Although the centripetal force is the active force, still the centri¬ 
fugal force is equal and opposite to it, and both originate and 
cease at the same instant; and any motion that the body may 
have after they have ceased to act is due to the linear velocity 
that it had while moving in the curved path. 

169. Formulas for Centrifugal Force.—It was stated in Art. 
160 that the radial acceleration when a body moves in a circle 

is — = rctf*, in which r is the distance from the center of the circle 

to the center of gravity of the revolving body, v is the linear and 
a is the angular velocity of the center of gravity of the revolving 
Iwdy. Multiplying this by the mass of the body, the product 
will be the centripetal force = the centrifugal force = F. 
Therefore, 


p _ mv^ _wv^ 
~ T ~ gr 


( 1 ) 


Also, 


F = mru® 


Q 


( 2 ) 


If «, the number of revolutions per minute is known, and r is 

2irrw 

= .10472m. 


taken in feet, then v (in feet per second) = gQ 
Substituting this value of v in formula (1), 


F =~ 


w X (.10472m)* 


32.16r 


= .000341tem* 


(3) 


Formula (3) is the one most commonly used in practice for 
finding the value of the centrifugal force. 

Example. —If a ball weighing 12 lb. revolve in a horizontal plane at the 
rate of 180 r.p.m., and the distance of the center of gravity of the ball from 
the axis of revolution is 18 in., what is the centrifugal force, neglecting the 
weight of the arm connecting the ball to the shaft about which it revolves? 

Solution. —Using formula (3), and remembering that r must be ex- 

1C 

pressed in feet, F = .000341 X 12 X jg ^ “ f®®-® ~ Ih. Ans. 

160. Examples of centrifugal force are frequent in every-day 
life. When a street car goes around a curve, there is a tendency 
for the passenger to be thrown toward the outer rail. Where 
railway trains go around curves at high speed, the outer rail 
is raised, which counterbalances the centrifugal force; otherwise, 
the train would either leave the track or would tiun over. A 
bicycle rider accomplishes the same result by bending his body 
sideways, so that he leans toward the center of the curve he is 
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traveling. When belts are run at high speed, the centrifugal force 
causes the two parts (driving side and driven side) to spread 
apart, thus increasing the belt strains and lessening the arc of 
contact, which reduces the hold of the belt on the pulley and 
decreases the driving power. When a locomotive scoops up 
water from a trough between the tracks while running, the effect 
is secured by centrifugal force, the water being guided in a curved 
pipe from the trough to the tank; the faster the speed of the loco¬ 
motive, the greater the centrifugal force and the more water that 
will be supplied to the tank. 


161. Flywheels and Disks.—When a flywheel or disk, an 
emery wheel, for example, revolves at a high rate of speed, the 
centrifugal force may become so groat that the flywheel or disk 
will burst. In the case of flywheels having arms coimecting the 
hub with the rim, it is not easy to calculate the exact effect of 
the centrifugal force, in fact it is practically impossible. In 
order to be on the safe side, it is usual to disregard the arms 
and consider the rim only, in which case the effect of the 
centrifugal force is to separate one half of the rim from the 
other half. The weight of one-half the lim is calculated and 
substituted in formula (3) of Art. 169, and the result divided by 
IT = 3.1416. The reason for dividing by t is that each particle 
of the rim is acted on in a radial direction, and the sum of the 
components normal to the plane of the section at which the 
break occurs, those on one side acting in the opposite direction 
to those on the other side, is equal to the centrifugal force of 
one-half the rim divided by r. It is also customary to take the 
radius r as the distance from the center of the shaft to the inside 
of the lim, instead of calculating the center of gravity of a cross 
section of the rim and using the radius to this point for r. For 
cast-iron flywheels, it is not considered advisable to have the 
peripheral velocity ^ exceed materially “a mile a minute;” it 
ought at any rate to be less than 6000 ft. per min. 

For flywheels and disks, therefore, the centrifugal force F' 
may be expressed by the formula 


.000341u)rn* 

^ = 21 ^ 416 “ 


.00005427UTO* 


( 1 ) 


in which w = the weight of the flywheel rim or disk. For fly¬ 
wheels, r is the radius to the inside of the rim; for disks, r is the 
radius to the center of gravity of one-half the disk = .42441R, 
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where R = radius of disk (see Art. 112). Substituting the value 
of r in (1) 

F" = .00005427«i X .42441Rn> = .0{)0023wRn* (2) 

in which F" = the centrifugal force of the disk. 

Note.—I t is to be understood that the value of the centrifugal force as 
calculated by formulas (1) and (2) of this article is the force that tends to 
separate one half of the flywheel riui or one half of a disk from the other 
half, due to the revolution of the flywheel or disk. 

Example. —A certain flywheel rim has the following dimensions; outside 
diameter = 14 ft., inside dimnctcr = 12 ft. 6 in., width of face = 22 in. 
If the rim has a rectangular cross-section and is made of cast iron weighing 
.2604 lb. per eu. in., what is the centrifugal force of the flywheel when 
running at 120 r.p.m.? 

Solution. —First calculate the weight of the rim. 'rhe moan diameter 

is —= 13.25 ft. = 1.59 in. The thickness of the rim is — 

£ 2 
= .75 ft. = 9 in. Hence, the weight is to = a- X 1.59 X 22 X 9 X .2604 
= 25,755 lb., and the centrifugal force is, by fonnula (1), 

F' = .00005427 X 25,755 X ~-X 120* - 125,800 lb. Ans. 


EXAMPLES 

(1) A ball weighing 5 lb. revolves in a horizontal plane; the distance from 
the center of gravity of the ball to the axis of revolution is 161 in. and the 
ball makes 220 r.p.m. What is (a) the centrifugal force of the ball? (i>) the 
linear velocity of tho ball? (c) the angular velocity? 

(a) 113.5-lb. 

Ana. (5) 31.678 ft. per sei',. 

(c) 23.038 radians per sec. 

(2) An emery wheel runs at 1600 r.p.m.; if its diameter is 10 in., what is 
the centrifugal force tending to burst it, its weight being 24 lb.? 

Ans. .588.81b. 
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(PART ;{) 

EXAMINATION QUESTIONS 

(1) A ball rolls down a friotionleas plane, the height of which 
is 18 ft. and length of base is 81 ft. If the ball has an initial 
velocity of 44 ft. per sec., (a) what will be the velocity at the 
lower end of the plane? (6) how long will it take the ball to travel 
the length of the plane? 

Atis. 

(2) Referring to Question 1, if the ball were caused to travel 
up the plane, the other conditions, being the same as before, (a) 
what will be its velocity when it reaches the top? (6) how long 
will it take the ball to travel the length of the plane? 

. (a) 27.90— ft. per sec. 

”*• (b) 2.308+ sec. 

(3) A heavy hammer is dropped from the top of a high build¬ 
ing; a man stands 400 ft. from the point on the ground where it 
strikes. If 6.52 sec. elapse from the time the hammer starts to 
fall until the sound of the fall is heard, how high is the building? 
Take the velocity of sound in air as 1090 ft. per sec. 

Ans. 609 ft. 

(4) An automobile traveling at the rate of 50 mi. per hr. is 
stopped in 120 ft. Assuming that the force that brings the car 
to a stop is a steady one, (a) what is the acceleration? (5) how 
long will it take to stop the machine? . f (o) 22.41 ft. per sec.* 

l(6)3Kisec. 

(6) A block of pulpwood, weighing 88 lb. leaves a horizontal 
overhead conveyor with a velocity of 45 ft. per min. and falls to 
the level ground below in 2.1 sec. How high is the conveyor? 

A ns, 70.9 ft. 


f (a) 55.62+ ft. per sec. 
[ (b) 1.666— sec. 


167 



168 


MECHANICS AND HYDRAULICS 


§1 


(6) Referring to example 3, Art. 133, suppose the height of lift 

had been 625 ft. and that the total time of hoisting was IS sec. 
If 3 sec. were required to accelerate the load from rest to the mean 
velocity and 2i sec. were required to stop it, then neglecting fric¬ 
tion and other hurtftil resistances, (a) what would be the tension 
in the rope at start? (6) in the middle of the hoist? (c) when 
stopping? Total load moved is 8500 lb. f (o) 12,950 lb. 

Am. (b) 8,500 lb 
I (e) 2,567 lb. 

(7) A stream of water issues from a noszle in a horizontal 
direction and strikes the ground 25 ft. (horizontally) from a 
point vertically under the nozzle. If the nozzle is 6 ft. 9 in. 
above the ground, what is the velocity of the jot? 

Am. 38.6 —ft. per see. 

(8) A ball is thrown vertically upward, and 7.8 sec. elapse 
before it returns to the hand; how high did it go? Am. 245 ft. 

(9) The outside diameter of the flywheel of an engine is 92 in., 

width of face is 14 in., and thickness of rim is 5| in. Taking the 
weight of a cubic inch of the metal as .28 lb., what is the centri¬ 
fugal force tending to separate one half from the other when the 
flywheel is making 250 r.p.m.? Am. 67,070 lb. 

(10) The dryers on a paper machine are 6 feet in diameter, if 

the machine is running 900 ft. per. min how fast are the dryers 
turning in revolutions per minute? Am. 47.75 r.p.m. 

(11) A beater roll, 60 in. in diameter, makes 106 r.p.m. what 

is (a) the angular velocity? (6) the linear velocity of a point on the 
circumference in feet per minute. . 11.1 radians per sec. 

1665 ft. per min. 

(12) A shell weighing 880 lb. is fired from a gun with a velocity 
of 2150 ft. per sec.; what is its momentum? Am. 68,831(lb.-sec. 

(13) An automobile weighing 3300 lb. is traveling at the rate of 
2 mi. per min.; (o) what steady force will bring it to rest in 10 sec. ? 
(6) how far will it travel in being brought to rest? 

Am. 

(14) Referring to Fig. 86 and taking the coefficient of friction 
between the weight and the table as .25, what is (a) the tension 
in the cord when P = 112 lb. and W = 86 lb.? (5) what is the 
acceleration of P? Neglect all other hurtful resistances. 

{(0)60.8 lb. 

(b) 9.421 ft. per sec.* 


' (o) 1806 lb. 
(6) 880 ft. 
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(15) A ball weighing 28 lb. revolves in a horizontal plane 
against a ring, making 150 r.p.m., as in a certain type of pul¬ 
verizers; what is the centrifugal force, if the distance between 
the axis of revolution and the center of the ball is 45 in.? 

Ana. 805.6 lb. 


/'■O/ 
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162. Relation between Work and Kinetic Energy.—In Physics, 
it was stated that energy is' the ability to do work and that 
kinetic energy is energy of motion; it was also stated that energy 
and work are equivalent and both are measured in the same 
units. 

The work done in raising a body whose weight is w through a 
vertical height h ia wh; the same work will be done if the body 
falls through the height h, and if the body falls freely, the kinetic 
energy after falling through the height h will be exactly equal to 
the work that must be done to raise the body through the height 
h. Let Ek = the kinetic energy; then Ek = wh. By formula 

wv^ 

(8), Art. 142, h = hence, = *" X 2 j ~ 


w 

g 


- m. 


Therefore, the kinetic energy of a moving body may 


be written 


Ek = 


wv^ 

2g 


If V is expressed in feet per second, g must be expressed in feet 
per second per second; that is, the velocity clement (say feet per 
second) in g must be the same as that used to express v. The 
weight w may be in pounds, grams, kilograms, or tons; in the 
latter case, the imit of energy (and work) is the foot-ton, when 
the unit of length is taken as the foot. The above formula will 
give the kinetic energy of any moving body when its weight and 
velocity are known. Thus, if a shell fired from a gun weighs 
960 lb. and has a velocity on leaving the muzssle of the gim of 

171 
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2150 ft. per sec. (called the muzzle velocity), the energy of the 

sheU is E* = = 69,000,000 ft.-lb. = 

= 34,600 ft.-tons; this is exactly eqiwl to the amount of 
work that would be required to stop the shell. If this work were 


all to lie turned into heat, it would be equivalent to 


69,000,000 
778 

= 88,700 B.t.u. If the speciBc heat of the material composing 
the shell be taken as .117, the number of B.t.u. required to 
heat the shell 1 degree is 960 X .117 = 112.3 B.t.u. Conse¬ 
quently, if all the energy were expended in heating the shell, its 
88 700 

temperature would be raised = 790° F. 

Observe that if a moving body have a velocity v and its 


direction be vertically upwards, it will rise to a height ft = 


2ff’ 


in falling, it can do work to the amount wh. Therefore, the 
kinetic energy Et, is equal to the work wh that the body can do. 

163. Units of Work.—When using the English system of 
measures, the unit of work is always taken as the foot-pound; it 
is the work done when a force of one pound acts continuously 
through a distance of one foot, and is equivalent to raising a 
weight of one pound through a height of one foot. When the 
C.G.8. system is used, the unit of work is called the erg, which is 
the work done when a force of one dyne acts continuously through 
a distance of one centimeter; in other words, 1 erg = 1 dyne- 
centimeter. 

The dyne is defined as the force that will give a mass of 1 gram 
a velocity of 1 cm. per sec. in 1 second; that is, it wUl give a 
mass of 1 gram an acceleration of 1 cm. per sec’. The relation 
between the dyne and the pound is easily found: thus, to calcu¬ 
late very accurately, 1 kilogram = 2.204622341 lb.; hence, 1 
gram = .002204622341 lb. 1 meter = 3.28084275 ft.; hence, 
1 cm. = .0328084275 ft. g = 980.665 cm. per sec*. Then, 
since by formula (1), Art. 161, / = ma, and as / in this case is 

, , .1 gram , 

1 dyne, m is —-—> and a = 1 cm. per sec.’, 

1 j .00220462 2341 ^ n-iosnoAOTK 

1 dyne - ggQ ggg ^ .0328084275 ^ -0328084275 

“ = .000002248089 lb. 
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The erg = 1 dyne X 1 cm. = 


.002204622341 


X .0328084276 


980.665 

= .00000007375627 The erg is too small a unit for 

practical work; hence, what is called the joule is used in place 
of it, 1 joule being 10,000,000 = 10’ ergs. Therefore, 

1 joule = .7375627 ft.-lb. 
since .00000007376627 X 10’ = .7375627. 

From the foregoing, 

1 ft.-lb. = 

The dyne, erg, and joule belong to what is called the G.G.S. 
system of imits, which is used universally by scientists and in 
electrical engineering. The expression G.G.S. is an abbreviation 
for centimeter-gram-second. In practical calculations, the joule 
may be taken as .73756 ft.-lb. and one foot-pound may be 
taken as 1.3558 joules. 

164. In the metric system, the unit of work is the meter- 
kilogram, which corresponds to the foot-pound in the English 
system; it is the work required to raise 1 kilogram through a 
height of 1 meter, and it is equal to 1 kilogram X 1 meter = 
2.^622341 X 3.28084275 = 7.2330192 ft.-lb. (approximately 
7.233 ft.-lb.). The relation between the meter-kilogram 
(m. -Kg.) and the erg is easily found. From the definition of 

,, , , , 1 gram ^_ ,_1 gram, 

the dyne, 1 dyne - ggQ ggs* 


hence, 1 erg = 


980.665 


X 1 cm. 


1 gram X 1 cm. 


“ — 980 665 ’ which, 1 gram X 1 cm. = 980.665 ergs. 

Multiplying both sides of this equation by 1000, 

1000 grams X 1 cm. = 1 kilogram X 1 cm. = 980665 ergs. 
Multiplying both sides of the last equation by 100, 

1 kilogram X 100 cm. = 1 kilogram X 1 m. = 98,066,500 ergs. 
But, 1 kilogram X 1 meter = 1 meter-kilogram; hence, 

1 meter-kilogram = 98,066,500 ergs = 9.80665 joules. 
Now, since 1 joule = .7375627 ft.-lb., 1 m.-Kg. = 9.80665 
X .7375627 = 7.2330192 ft.-lb., the same value that was 
previously found. 

It is also evident from the above that 

1 gram = 980.665 dynes, 

1 kilogram = 980,665 dynes, 

1 ft.-lb. = y 2330192 “ -13825485 m.-Kg. 
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166. Power. —Suppose a certain machine can raise a load of 
500 lb. 6 ft. in 3 sec., and that it takes another machine 15 sec. 
to accomplish the same thing. The useful work done is 500 
X 6 = 3000 ft.-lb. in both cases; both machines have performed 
the same work, but the first machine has done it in one-fifth 
the time that it took the second machine. The first machine is 
therefore more powerful than the second; it can do five times the 
work in the same time, and is said to have five times the power 
of the second machine. 

Power is the rate of doing work; it is equal to the work done in 
a certain time divided by the time. Thus, let / = the force 
acting or the resistance oveniome, s = the space through which 
the force acts or through which the resistance was overcome, and 


t = the time; then, 


_ /« work 

Power = T — - 

t time 


Referring to the lust paragraph, the power of the first machine is 
59^1® _ jQQQ per and the power of the second 

machine is = 200 ft.-lb. per sec. 

When using the English system of units, the unit of power is 
generally taken as 1 foot-pound per second or 1 foot-pound per 
minute, the work being measured in foot-pounds and the time 
being taken in seconds or minutes. For example, suppose a man 
can exert an average force of 30 lb. on the handle of a windlass 
for 55 sec.; if tlie radius of the handle is 16 in., and he makes 
20 complete turns of the handle during the time stated, how 
many units of power does he expend? Here, the force acts 
through a distance of 2 X 16 X 3.1416 X 20 ^ 12 = 167.55 ft. 

Hence, the power expended is — 61.39 ft.-lb. per 

sec. = 91.39 X 60 = 5483 ft.-lb. per min. That is, he works 
at the rate of 91.39 ft.-lb. of work per sec. or at the rate of 
5483 ft.-lb. of work per min. 

ExAMPUi.—A man lifts a barrel of flour weighing 204 lb. 1.5 in. in i sec.; 
what power does he exert? 

204 X 15 

SoLDTiON.—Power = = 610 ft.-lb. per sec. A»s. 

IZ X <0 

166. Horsepower. —The unit of power as above defined is too 
small for measuring the power of large machines and mechanism; 
that is, the resulting numbers would be too large for convenient 
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use. For this reason, the practical unit for power measurement 
is the horsepower, which is defined as 33,000 ft.-lb. of work per¬ 
formed in 1 min. Letting H = the horsepower, / = the force 
in pounds, s = the distance (space) in feet through which the 
force acts, and t = the time in minutes, 

TT ^ /-iX 

33000i ^ 

If t be ineasui'od in seconds, lot I, bo the time in seconds; then 
t = g'; substituting this value of t in formula (1), 


330()0<, 550<. 


( 2 ) 


Therefore, a horsepower may be defined as 5.50 ft.-lb. of work 
performed in 1 second. A horsepower may also be defined as 
33000 X 60 = 1,980,000 ft.-lb. of work performed in one hour. 

It is to be noted that power and horsepower are rates of doing 
work; they do not mean that the time spent in doing the work is 
1 sec., 1 min., or 1 hr., but that the work is proportional to the 
work that would be done in those times. In the example of the 


last ai'ticle, the time was .6 sec., which is equal to 


.5_ 

TOX6d 


= kj. ^ 

7200 


= min. = J sec.; therefore, the horsepower 


of the man ia H = 
204 X 15 

1980000 X X 12 


204 X 15 204 X 15 

33000 X X 12 550 X .5 X 12 

= .927 + = .91^ horsepower. No 


man could exert so great a power for any length of time, but he 
may be able to do so for a very short time. If the work were 
performed by a machine, the horsepower of the machine, neglect¬ 
ing all hurtful resistances, would be .9,*r = | J horsepower; and if 
the machine were to operate continuously for 1 hour at this 
rate, it would perform 19800000 X .9^^ = 1,836,000 ft.-lb. of 
work. 


167. In the C.G.S. system, the unit of power is 1 joule per 
second, which is called a watt. Letting p = power, in watts, w 
= work or enei^, in joules, and t = time, in seconds, 



w — pt 


( 1 ) 

( 2 ) 


and 
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The relation between the watt and the horsepower is easily 
found. By definition, 1 watt = 1 joule per second; 1 horsepower 
= 550 ft.-lb. per sec.; hence, since 1 ft.-lb. was found to equal 
1.355817 joules, 550 ft.-lb. = 550 X 1.355817 = 745.69935 joules, 
and 1 horsepower = 745.7 joules per second = 745.7 watts. In 
practical engineering calculations, it is customary to consider 
1 horsepower as equal to 746 watts. Since (he watt is rather 
small for a practical unit, it is customary to express the power of 
large machines in terms of the kilowatt, which is 1000 watts. If 

the horsepower be taken as 746 watts, 1 kilowatt = 

= 1.340483 horsepower, and is commonly taken as 1.34 horsepower 
or, roughly, as If horsepower, which is close enough for most 
practical purposes. The true value, however, is 1 kilowatt 

■= = 1.341023 horsepower. Since it is a difficult 

matter to measure the output of a machine with any great de¬ 
gree of exactness, 1 kilowatt may usually be taken as equal to 1 ^ 
horsepower and 1 horsepower as | kilowatt. If greater exactness 
be required. 


1 kilowatt = 1..341 horsepower, and 
1 horsepower = .7457 kilowatt 
168 . In the metric system, 1 horsepower is considered to lat 
75 meterkilograms per second. Since 1 m.-kg. = 7.2330192 ft.- 
lb., 

1 metric horsepower = 75 X 7.2330192 = 542.47644 ft.-lb. per 


sec. 


Therefore, the metric horsepower is only —— = .9863208, 

say 98.632% of the English horsepower. Also, 1 English horso- 
550 

power = 542 ^"^ ~ 1.013869 metric horsepower, 1 metric 


horsepower = .74569935 X .9863208 = .7354988, say .7355 
kilowatt, and 1 kilowatt = 73^933 = 1.359622, say 1.35% 
metric hoiscirower. 

Example. —If the output of a certain dynamo is 436 kilowatts, (o) how 
many horsepower is this equivalent to? (5) how many metric horsepower? 

Solution. —(o) The number of horsepower would usually be estimated 
as 436 X 4 = S81 horsepower. More accurately, it would be 436 X 1.34 
= 684H.P. Very accurately, it would be 436 X 1.341 = 584.68 H.P, Arts. 

(5) The metric horsepower is 436 X 1.3596 - 692.79 m. H.P. Ans. 
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use. For this reason, the practical unit for power measurement 
is the horsepower, which is defined as 33,000 ft.-lb. of work per¬ 
formed in 1 min. Letting H = the horsepower, / = the force 
in pounds, s = the distance (space) in feet through which the 
force acts, and t = the time in minutes, 
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man could exert so great a power for any length of time, but he 
may be able to do so for a very short time. If the work were 
performed by a machine, the horsepower of the machine, neglect¬ 
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the machine were to operate continuously for 1 hour at this 
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167. In the C.G.S. system, the unit of power is 1 joule per 
second, which is called a watt. Letting p = power, in watts, w 
= work or enei^, in joules, and t = time, in seconds, 



w — pt 


( 1 ) 

( 2 ) 


and 



178 


MECHANICS AND HYDRAULICS 


§1 


other. Let OC, measured on OX, represent the distance through 
which the force acts; at various points a, b, c, etc. between 0 and 
C (the more the better), erect ordinates aa', 66', cc', etc. and 
make their lengths equal the forces acting at o, 6, c, etc. 
Through these points, draw the irregular line ADBFB; then, the 
area OADEFBC represents the work done while the variable 
foree acts through the distance OC. For, finding the area by 
Simpson’s or the trapezoidal rule, and dividing it by the length 
OC (actual area and actual length), the quotient will be the mean 
ordinate OA' = CB'-, drawing A'B' parallel to OX, OA'B'C is a 
rectangle, and its area is necessarily equal to the area of the 
figure OADEFBC = OA' X OC = fm X s, in which f„ = the 
mean ordinate OA', which, in turn, is the average force exerted 
throughout the distance OC; in other words, the work done is 
equivalent to the work done by a constant force OA' acting 
through the distance OC. It is to be noted that the area of 
DEF = area A'DA + B'FB; that is, the line A'B' cuts off aa 
much area above the line and under the curve ADEFB as is 
included between the line and the curve below it. 

171. A case of steady pressure, practically speaking, is the 
discharge of a steam pump; here a column of water whose 
length is equal to the total height of lift is raised a distance equal 
to the stroke at every stroke of the piston or plunger. A case of 
varying pressure is the cylinder of a steam engine; the steam fol¬ 
lows the piston at full pressure for a part of the stroke; it is then 
cut off and expands, the pressure rapidly falling, until the ex¬ 
haust port opens; the pressure then drops very nearly to the 
pressure of the atmosphere, and remains at that pressure on the 
return stroke until the exhaust port closes, when the steam is 
compressed, the pressure rapidly rising, until the end of the re¬ 
turn stroke is reached. By means of an instrument called an 
indicator, a line is drawn on a sheet of paper that indicates the 
pressure on the piston at every part pf the stroke; the outline 
so drawn is called an indicator diagram. 

An indicator diagram is shown in Fig. 90. Before any steam 
is allowed to enter the indicator from the cylinder, the line AB 
is drawn; this is called the atmospheric line, and it indicates the 
pressure of the atmosphere. The diagram begins at C, where 
the full steam pressure is on the piston urging it ahead; this con¬ 
tinues until the point D is reached, when the steam is cut off. 
The steam expands from D to E, where the exhaust port opens. 
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F is the end of the stroke. On the return stroke, the pencil traces 
the line FGHC, the exhaust port closing at H and the steam 
is compressed during that part of the stroke included between 
U and AC. While not strictly correct, the pressures indicated 
by the line FGHC may be considered as being on the opposite 
side of the piston during the forward stroke of the piston, and 
as opposing the pressures indicated by the line CDEF. Hence, 
the working pressures will be difference between these, and they 
will be represented by lines drawn perpendicular to AB and in¬ 



cluded between CDEF and FGHC. The area CDEFGHC di- 
vided by the length AB gives what is called the mean effective 
pressure; it is the average pressure (specific pressure) transmitted 
to the crosshead. Suppose the indicator spring is such that 1 
inch measured on an ordinate of the diagram represents 60 lb 
per sq. in., then, if AC is 1.97 in. long, it represents 1.97 X 60 
= 118.2 lb. per sq. in. Divide the diagram into 10 equal parts, 
as shown, and find the area by Simpson’s or the trapezoidal rule 
(the latter will usually be accurate enough for this piurpose); 
suppose the area so found is 4.42 sq. in. The line AB (length 
of diagram) can generally be made to have any convenient 
length; suppose that in this case, the length is 4 in. Then the 
mean effective pressure is 4.42 -r 4 X 60 = 66.3 lb. per sq. in. 
If AM be laid off equal to 4.42 -j- 4 = 1.105 in. and MN be 
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drawn parallel to AB, the rectangle AMNB will have (ho same 
area as the diagram. 

The pressures above AB are gauge pressures. To represent 
absolute pressures, take a reading of the barometer to find what 
the atmospheric pressure is; otherwise, call it 14.7, say 15, pounds 
per sq. in., and lay off AA' = = i in. Draw A'B' parallel 

to AB; then any ordinate measured from A'B' to the curve will 
give the absolute pressure at that point. For instance, if the 
point p on AB is 1.6 in. from A and the stroke of the piston is 
28 in., p represents the position of the piston when it has completed 

28 X = 11.2 in. of its stroke. Draw the ordinate ab, and if 

ab measures 1.64 in. and ac measures .33 in., the pressure urging 
the piston ahead of this point is 1.64 X 60 = 98.4 lb. per sq. in., 
absolute, the pressure on the other side of the piston opposing 
this motion is .33 X 60 = 19.8 lb. per sq. in., absolute, and the 
difference = 98.4 — 19.8 = 78.6 lb. per sq. in. is the effective 
pressure urging the piston ahead and acting on the crosshead. 
The length of cb is 1.64 — .33 = 1.31 in., and 1.31 X 60 = 78.6 
lb. per sq. in., as before. 

Suppose the diameter of the piston discussed above is 22 in. 
and that the engine runs at the rate of 160 r.p.m. If the engine 
is double-acting, as is usually the case, it makes 2 strokes for 
every revolution, or 160 X 2 = 320 strokes per minute. The 
28 X 320 

piston therefore travels —jg— “ fL P®*" The 

total average pressure on the piston is .7854 X 22* X 66.3 
= 25,203 lb. = the force, which in one minute acts through a 
distance of 746f ft. Consequently, the work done in 1 minute is 
25203 X 746| = 18,818,240 ft.-lb. The horsepower of the 

engine is, therefore, = 570.25 H.P. 

Let H = the horsepower, P = the mean effective pressure 
in pounds per square inch (determined from the indicator 
diagram), L = length of stroke in feet, A = area of piston in 
square inches, and N = number of strokes per minute; then 
„ ^ PLAN 
" 33000 

That this formula is correct is readily seen from the preceding 
calculation. Thus, P X A is the force, L X iY is the distance, 
and P X A X L X N =P.X LX A X N=PLAN = work done 
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in one minute, and this divided by 33000 is the horsepower. 
This formula is very easy to remember, as the letters form the 
word plan. 

172. The above formula for horsepower may be given a form 
that will adapt it to any machine that is operated by a fluid or 
which discharges a fluid. Let P = pressure in pounds per 
square foot, p = pressure in pounds per square inch, A = area 
in square feet, and a = area in square inches; then the above 
formula would be written 

„ _ pLaN 
" “ 33000 

But, A = from which, a = 144A; substituting this value 
of a in the formula, 

„ _ 144pLAW 
" 33000 

NowL X A = the volume of the cylinder in cubic feet = volume 
displaced by the piston in one stroke, and L X AX N= vol¬ 
ume in cubic feet displaced by the piston in N strokes = volume 
displaced in 1 minute; representing this volume by V and sub¬ 
stituting in the last equation, 

144pF ^ PV 
^ 33000 33000’ 

since = P, the pressuie in pounds per square foot. 

'Phis last formula may be applied to any machine operated 
by a fluid (liquid or gas) or which discharges a fluid, p being the 
average pressure of the fluid in pounds per square inch, P the 
pressure in pounds per square foot, and V the volume displaced 
or discharged in cubic feet per minute. 

Exahflk 1.—A mine ventilating fan delivers 22,000 cu. ft. of air per 
minute under a pressure of 4.26 lb. per sq. ft. If the efficiency of the fan is 
78%, what horsepower is required to operate it? 

SonmoN. —Since the pressure is in pounds per square foot, 

- i) “ 

to move the air. Since the efficiency of the fan is 78%, the power required 
to operate it = 2.833 -r .78 =* 3.63 H. P. Ans. 

In any problem involving horsepower or power measurements 
of any kind, it is not advisable to use more than three or four 
signifleant figures in the final result, on account of difliculties m 
making accurate measurements. 
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fbuMPi^ 2.—^An electrically driven pump raises water to a total height 
of 57 ft. If the efScioncy of the pump is 84% and it delivers 90,000 gallons 
of water per hour, what power in kilowatts is required to operate the pump? 
SoLcnotr.—^Taking the weight of a cubic foot of water as 62,4 lb., 
231 X 62 4 

1 United States gal. weighs —J 728 ~ “ Forpri*etieaI purposes, 

this is best taken as 8J = V = ^ lb. = weight of 1 gal. of water (the 
Imperial-British-gal. = 10 lb.); hence, 90,000 gal. weigh 90000 X ^ 
= 750,000 lb., which is raised 57 ft. in 1 hour. Using formula (1), Art. 168, 


750000 X 57 
‘33000'x 60 


21.6 hors(;puwor. 


Since the efficiency is .84, the horsepower required to op(!rate the pump 
is 21.6 .84 = 25.7 H.P. Taking 1 horsepower as J kilowatt, the power 

in kilowatts is 25.7 X I = 19..8 k.w. Ans. 

The calculation might have been performed as follows; 90000 gal. 

= — = 12,0:i0 cu. ft. = the volume of water discharged. 

A column of water 1 ft. square and 1 ft. high contains 1 eu. ft. and exerts a 
pressure of 62.4 lb.; hence, a column of water 1 ft. high exerts a pressure 
of 62.4 lb. pci sq. ft. Since the water is raised 57 ft., the total pressure 
exerted is 62.4 X 57 lb. per sq. ft. Therefore, using the formula above 

given, H = -33000 X 60'“ = 

same as was previously found. Division by 60 is required in order to reduce 
the volume per hour to volume per minute. Values have beam calculated only 
to three significant figures because the weight and volume of the water as 
given and calculated is nut correct to more than that number of figures. 
In eases of this kind, greater accuracy in calculation is not only unneccssaiy 
but it is also misleading. 

173. Buying and Selling Power.—Power, or rather work, can 
lie bought and sold as though it were a commodity; in fact it may 
Im considered as a commodity, an article of commerce. Note, 
however, that power is rate of doing work; it is a unit of compari¬ 
son, not of quantity, and can consequently neither be bought nor 
sold, though the term “buying power” frequently occurs in en¬ 
gineering transactions. What is really bought and sold is work, 
as will be readily apparent from the following considerations. 

Suppose a man has a 10-horsepower engine, and instead of fur¬ 
nishing his own “power” to operate it, he buys it in the form of 
steam delivered from a heating plant. Obviously, he cannot 
buy 10 H.P., because the length of time he runs his engine will 
determine the amount of steam used, and the engine will be rated 
at 10 H.P. whether it runs for 1 second or 1 year. He may 
arrange to pay a certain price for every hour that his engine runs, 
in which case, the price will be based on what is called the horse- 
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power-hour. Let H — the horsepower of the engine, w = the 
work done in f hours; then, U = 

w 

If < = 1 hr., then H = jjjgo ^) ' ^ ' j h,. ’ ^ horsepower-hour 

w w 

= iMb X i 'hn ^ ^ = pjlooob’ 

1 horsepower-hour = 1,980,000 ft.-lb. of work. Therefore, what 
he really buys is work, not power. If his engine runs 8 hours each 
•working day, ho will require 10 X 1980000 X 8 = 158,400,000 
ft.-lb. of work to operate it. Since this is an extremely incon¬ 
venient numlrer to use, it is customary to say that he uses 10X8 
= 80 horsepower-hours each day, and he will buy on that basis. 
It should always be kept in mind that although one may speak of 
buying “power,” what is actually bought is work. 

174 . In the case of a motor operated by electric current, the 
power will be bought on the basis of the watt-hour or kilowatt- 
hour (abbreviated to k.-w.h.). Since a watt is 1 joule per second, 
a watt-second is 1 joule, a watt-hour is 1 X 60 X 60 = 3600 
joules, and a kilowatt-hour is 1000 X 3600 = 3,600,000 joules. 
But, 1 joule = .7375627 ft.-lb.; hence, 1 k.-w.h. = 3600000 
X .7375627 = 2,655,226 ft.-lb. Or, since 1 kilowatt =1.341023 
h.p., 1 k.-w.h. = 1.341023 X 1980000 = 2,655,226 ft.-lb. 


EXAMPLES 


(I) How many horaepower ia equivalent to 256 kilowatts? 

Ann. 343.3 H.P. 

C-V A certain machine does work at the rate of 315 meter-kilograms per 


sec. (o) what is its rating in metric horsepower? 


(6) in kilowatts? 



(o) 4.2 m.H.P. 
(i) 3.089 k.w. 


(3) llie diameter of a steam-engine cylinder is 26 in., the stroke is 32 in., 
and the mean effective pressure is 72.6 lb. per sq. in., and the fly-wheel 
makes 128 r.p.m.; what is (a) the horsepower of the engine? (5) what is the 


power in kilowatts? 


(а) 797.4 H.P. 

(б) 594.6 k.w. 


(4) In a certain paper mill, a pump raises water 39 ft. and discharges 
7500 gal. per hour, If the efficiency of the pump is 75%, what is (a) the 
actual power of the pump in kilowatts? (5) If the pump is operated by 
electricity, which is furnished at 3 cents per kilowatt-hour (k.w.-h.), and 
runs an average of 40 lir. per week, how much does the electricity cost 


per week? 



(a) 1,224 k.w. 
(W $1.47. 
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(5) If the pump in Example 4 were in a Canadian mill, the Imperial 
Rallon might be the unit of volume. Calculate the problem on that basis. 

. j (o) 1.47 k.w. 
^"*'1 (a) $1.77 

(6) How many British thermal units (B.t.u.) are equivalent to one horse¬ 


power? (6) to one horsepower-hour? . f (a) 2545 —B.t.u. 

(6) 3413-B.t.u. 

(7) If the weight of an elevator and ite load of pulp is 2i tons, and it hoists 
the load 80 ft. in 12 sec., what horsepower must be used, (a) ncjrlccting all 
hurtful resistances? (b) What is the horsepower if the total eflSciency is 


73%? 


Ans, 


■{ 


(ff) 60| H.P. 
91.3 H.P. 


HYDRAULICS 

MEASURING FLOW OF WATER 

176. Definition.—Hydraulics, which isiUsocallcdhydrokinetics 
and hydrodynamics, is that branch of hydromechanics that 
deals with the flow of fluids. Although, properly speaking, any 
liquid or gas is a fluid, it is customary to restrict the meaning 
of the word hydraulics, applying the term only to the flow of 
water; and this is the sense in which it is here used. The princi¬ 
ples of hydraulics apply also to the paptsr pulp in water at low 
concentrations, to solutions, and to some mixtures. 

176. Due to various causes, some of which will soon be men¬ 
tioned, it is practically impossible to c.aluulatc the flow of water 
(or any fluid) with any high degree of accuracy. As a conse¬ 
quence, it is not advisable to express calculated values of veloci¬ 
ties, discharges, etc. to more than three significant figures, and 
all numbers used in such calculations may and ought to be 
restricted to not more than four significant figures. 

177. Mean Velocity.—If a cross-section be taken of a flowing 
stream and the velocity be measured at different points of the 
section, considerable variation in velocities will be found; in 
other words, at hardly any two points of the section will the 
velocity be the same. The surface touched by the water when 
flowing—the inside of a pipe, the sides and bottom of an open 
channel, etc.—is called the rubbing surface; that part of the 
flowing water that touches the rubbing surface is retarded by 
friction, and this hinders the movement of the layer or layers 
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next to it; the top surface moves at a different velocity from 
that of the bottom surface, etc. For these reasons and others, 
it is generally the practice to use the mean velocity in connection 
with calculations pertaining to the flow. Let = the mean 
velocity in feet per second, Q = the total quantity that flows 
past the section in cubic feet, and let A — area of section in 
square feet; 

then ~ Z 

and Q = Av„ (2) 

If for any reason it is desired to express the area in square 
inches, let a = the area in square inches; then a = 144A, 


and 

144Q 

- 

(3) 

and 

^ 144 

(4) 


Example.—I f a 6-inch pipt; discharnes 64.2 cii. ft. per min. what is the 
mean velocity of the water? 

SoLtiTioK.—^Applying fomiiila (3), reducing the discharge to cubic feet 
per second, 

144 X 54.2 , 

“ .7854 X '6* ‘X 60 " 

In what follows, unless otherwise specially staUsl, all velocities 
will be understood to be mean velocities. 

178. Wliile the discharge is usually calculated in cubic feet per 
second or per minute, it is generally expressed in gallons per 
second, per minute, per hour, or per day, particularly in com- 

1728 

mcrcial transactions. Since 1 cu. ft. = 23 ]" = 7.48052 — gal., 

the discharge can be converted into gallons by multiplying the 
number of cubic feet by 7.48052. For most cases arising in 
practice, results sufficiently exact are obtained by multiplying 
the cubic feet by 7.48, and this value will be used hereafter. If 
it be desired to convert gallons into cubic feet, divide the gallons 

231 

by 7.48 or multiply gallons by =.13368; it will be sufficiently 

exact to multiply by. 1337, and this value will be used in what 
follows. It is also to be understood that the U. S. gallon is 
referred to. The British, or Imperial, gallon is equal to 1.20114 
U. S. gal. 

Example.—( a) How many gallons are equivalent to 3276 cu. ft.? (5) 
How many cubic feet are equivalent to 63,800 gal. ? 
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SoLVTtos. — (a) Since 1 cu. ft. - 7.48 gal., 3275 cu. ft = 3275 X 7.48 
= 24,497 gal., Bay 24,500 gal. Ans. 

(b) Since 1 gal. = .1337 cu. ft., 63,800 gal. - 63800 X .1337 ■= 8,630 
cu. ft. Ant. 


EFFLUX THBOITGH STANDARD ORIFICES 


179. The Velocity of Efflux.—The word efflux means the proc¬ 
ess of flowing; hence, efflux of water means the flow of water; it 
does not mean the discharge in the sense of quantity, but simply 
the flowing or discharging without regard to quantity. An 
orifice is an opening in a vessel through which the water or other 
fluid issues or flows. 

Suppose the water to issue from a small orifice A, Fig. 91, 
in the bottom of a vessel, the velocity being » ft. per sec. (It is 

understood that v = mean 
velocity.) After a time t 
sec., a quantity Q=Av cu. ft. 
will have discharged, A being 
the area of the orifice in 
square feet. The weight of 
the water will be w = 62.4Q 
lb. Suppose that as the 
water flows out an equal 
quantity flows into the vessel, 
thus keeping the height of 
the upper surface ab of the 
water in the vessel above the level cd constant; represent this 
height by hi. For convenience, let the time be 1 second; 
then in 1 sec., w lb. of water have flowed into the vessel and w lb. 
will have flowed out of it. Evidently, any water that flows into 
the vessel will flow out of it, if the action continue long enough; 
that is w Ib. will fall from level ab to level cd, and the work it 
could do is whi. The kinetic energy of the water as it issues from 

the orifice at level cd is w X -s-, and this must equal the work; 

m* 



Fw. 91. 


hence, whi 


2g’ 


from which 


V = Vighi = 8.02\/hi 


In other words, the velocity is the same as though the water had 
fallen freely through the height hi, which is equal to the differ¬ 
ence of levels between the upper surface of the water and the 
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point of discharge. This velocity is called the theoretical velo¬ 
city of efflux; the height hi is called the hydrostatic head or, 
simply, the head; and the velocity v is said to be the velocity due 
to the head. 

If the orifice be in the side of a vessel, as at B, the head ht is 
measured to the center of the orifice, and the velocity pj is 

»2 = V^i 

If the water flows directly into the atmosphere in a horizontal 
direction, as indicated, the path will be a parabola, and the range 
may be calculated as in example 2, Art. 146. If a pipe be con¬ 
nected to the vessel, so the water can flow in an upward (vertical) 
direction, as shown at C, it will rise to the same level as the upper 
surface of the water in the vessel, since the velocity of efflux is 
due to the head h, and this velocity will carry the water to a 
height fta. 

180. From the foregoing, it is plain that if the velocity of 
efflux be known, the head that produces it, called the head 
due to the velocity, can be found, since 



Likewise, if the head be known, the velocity of efflux can be 
found. 


Example.— Wliat must be the head in order to produce a velocity of 
efflux of 42 ft. per sec. 7 

Solution.—T he head required to produce a velocity of 42 ft. per sec. is 


; = 27.4 ft. Arm. 


; = f: = .—PI _ 

‘ “ 2ff 2 X 32.10 
181. If the top surface of the water bo subjected to an addi¬ 
tional pressure of, say, p lb. per sq. in., as by fitting the vessel 
with a piston and placing a weight on the piston, the resulting 
velocity of efflux will be exactly the same as though the head had 
been increased until the specific pressure on the section ah, Fig.91, 
is equal to p. A column of water 1 in. square and 1 ft. high 

weighs = .4|, say .433 lb., and this equals the specific 


pressure, in pounds per square inch, exerted by water for each 
foot of depth. Consequently, to produce a specific pressure of 
p lb., the depth of the water in feet must be p + .433 = 2.308p, 
say 2.31p. Let h' = the head in feet equivalent to this addi¬ 
tional pressure; then 


h' == 2.31p (1) 



188 


MECHANICS AND HYDEAULICS 


§1 


The total head, called the equivalent head, is A + h', and 
V = V2gih+h') = 8.02Vh+J' (2) 

The pressure, in pounds per square foot multiplied by ve¬ 
locity in feet per minute gives available power in footr-pounds 
per minute. To convert this in to horsepower, divide by 33000. 

Exauple. —Suppose water to stand in a cylinder IS in. in diameter to a 
vortical height of 36 ft. If the cylinder is fitted with a piston weighing 
180 Ih. which rests on top of the water, and on which is laid a weight of 
4S0 lb., what will be the velocity of efflux through a small orifice in the 
bottom of the cylmder? 

Soi.moN.—The total pressure on top of the water is 180 4- 4S0 = 6.30 lb.; 
the area of the piston is .7854 X 15^ = 176.7 sq. in.; and the spe“cific 

pressure is lb. = p. Hence, A' = 2.31 X “ 8.24 ft., and 

V = 8.02\/36 + 8.24 = 54.5 ft. per sec. Atm. 


182. Size of Orifice.—In connection with the preceding 
formulas, it has been assumed that the orifice was small compared 
with a section of the water taken at right angles to the direction 
of efflux. Referring to Fig. 01, if the area o of the orifice A is less 
A . 

than in which A is the area of the bottom of the vessel, then 
the formula of Art. 179 may be used; but, if a is equal to or 
greater than the following formula must be used: 



Example. —A 22-inch round pipe is filled b) a height of 84 ft.; what will 
be the velocity of efflux through a round hole in the bottom, 9 in. in 
diameter? 

Solution. —Since areas of circles arc proportional to the squares of the 


l:j _ 

diameters, the above formula may be written v «= 8.02* 

_ _ 

=8.02 I --Vr- - 8.02 L- ■ = 74.6 ft. per sec. Arm. 


183. If the orifice is in the side of the vessel, as the opening in 
the head (flow) box admitting stock to the paper-machine wire, 
the head on the center of the orifice (distance of center of orifice 
below the upper surface of the water) must be greater than four 
times the depth of the orifice. For example, suppose the orifice 
is rectangular, and measures 2i in. by 40 in., with the short side 
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vertical; then if the head on the center is equal to or greater 
than 2.25 X 4 = 9 in., the velocity of efflux may be calculated 
by the formula of Art. 179 . Otherwise, let hi be the head on the 
bottom of the orifice, hi = the head on the top of the orifice, and 
b = the breadth; then, 

Q = V>y/2g{VK - VK) = lbV^(h\ -h\)= 5.3475( 

In this formula, Q is the discharge in cubic feet per second when 
b is measured in feet. It is to 1x5 noted that -y/^ = af, which 
accounts for the two ways of writing the above formula. 

Example. —The slot, in the flow box on a news print paper machine is 
2 in. deep and 160 in. wide; the depth of stock in the flow box is 27 in. 
above the center of the opening. TTic sUxjk contains ..5% by weight of 
dry paix-r fiber. What is (a) the velocity of stock leaving the box? (b) 
the weight of paper fed to the machine per hour? Neglect the effect of 
friction and cousislenoy of stock. The weight of a cubic foot of the stock 
may be taken as 62.4 lb. 

Soi.irTiON.—(o) The formula in Art. 179 is the one to use, and f 
= 8.02\/2.25 = 12.03 ft. per sec. = 721.8 ft. per min. Ans. 

2 X 160 20 

(/>) The area of the slot is - = g sq. ft.; hence, the dise.harge is 

20 

9 ^ 12.03 = 26.73 cu. ft. per sec.; and the weight of the paper fed to the 

machine per hour is 20.73 X 62.4 X 60 X 60 X .00.) ^ .30,023 lb., say 
30,0001b. Arts. 

Note—A s will be steii Islet, tlioso are theoretieul figuin and will bo reduced by several 
fai'toni in pracUra. 

184 . Standard Orifice.—All the foregoing formulas give what 
arc termed theoretical results, called theoretical because they 
assume conditions that never occur in practice, although the 
results may be approximately correct. The discharge is greatly 
influenced by the character of the edges of the orifice—whether 
the edges are rounded or square, whether the side of the vessel is 
thin or thick, etc. Consequently, in order to obtain accurate 
results, it is necessary to have what is termed the standard 
orifice. 

An orificd3 is a standard orifice when the water flowing through 
it touches only the inside edge of the opening. Three standard 
orifices are shown in Fig. 92. At (o), the orifice is in a thin plate 
through which the water flows without touching the wall of the 
vessel; at (6) the wall of the vessel is thin, being less in thick¬ 
ness than the diameter of the orifice, and the edges are square, as 
indicated by the shape of the cross-section; at (c), the edges have 
been beveled, so that the area of the opening at the outside of 
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the wall is greater than at the inside, thus preventing the water 
from touching the surface of the opening. 

186. The Vena Contracta. —When water issues from a stan¬ 
dard orifice, it first contracts and then expands, as indicated in 
Fig. 92; and it docs this no matter what the shape of the orifice 
or what its size. If a section of the stream be taken at the point 
of greatest contraction, this section is called the vena contracta 
or coniraded vein, a name given to it by Sir Isaac Newton. 
For a circular orifice or for a square orifice, the distance of the 
vena contracta from the edge of the standard orifice is about one- 
half the depth of the orifice, and the vertical depth of the vena 



contracta is quite closely .8 that of the orifice. Consequently, 
the area of the vena is about .8^ = .64 that of the orifice. This 
area varies slightly for different heads iind different sizes of the 
orifice, a fair average value being .627, wliich is called the coeffi¬ 
cient of contraction. Therefore, if the coefficient of contrac¬ 
tion be denoted by c,, then letting A = the area of the orifice 
and »a = the actual mean velocity, 

Q — C^aA 

Since the average value of Cc is .627, 

Q = .627t>,4 

186. The actual velocity at the vena contracta is not quite 
equal to the velocity due to the head at that point. This loss in 
velocity is due to the friction of the water at the edges of the 
orifice and to its viscosity, water not being a perfect fluid. The 
ratio of the actual velocity to the theoretical velocity due to the 
head is called the coefficient of velocity. Let = the actual 
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velocity, v = •\/2gh ~ velocity due to the head, and c, = the 
coefficient of velocity; then 

V 

from which, = ca' 

Subetitiitin;; this value of in the equation of the last article, 
Q = CeCtcA = cfiA 

in which c, = Ce X c,, and is called the coefficient of efflux. 
From this last equation, 



and the coefficient of efflux (also called the coefficient of discharge) 
can 1)0 found experimentally by carefully measuring the dis¬ 
charge for a certain time, calculating the theoretical discharge for 
the same time by the formula Q = Av = Ay/'lgh, and dividing 
the &st result by the second. Experiments show that c, varies 
somewhat for different heads and sizes of orifice, principally 
because of variations in c,, the coefficient of velocity, which 
varies from about .97 to .99. A fair average value is .98, thus 
making the average value of c,., the coefficient of efflux, 

c, = Crf, = .627 X .98 = .61446 

Taking the average value of c, ^ .615 and letting Q. = actual 
discharge and letting » = \/2gA = velocity duo to the hy¬ 
drostatic head, 

Qa = .615A» 

Example. —Water isiues from a round standard orifice, the diameter 
of which is 4M in. If the head on the center of the orifice is 23 ft. 9 in., 
what is (a) the velocity of efflux? (b) the discharge in gallons per minute? 

Solution. —(a) Taking the coefficient of velocity as .98, and letting e« 
represent the actual velocity of efflux, 

V. = c. Vip = -98 X 8.02 VmB = 38.3 ft. per sec. iln«. 

(b) Let Q, ” the actual discharge; then 

Q. = .615/1» = .616 X X 8.02-V/23.76 X 60 - 169.3 cu. ft. 

and 189.3 X 7.48 1191 gal. per min. Ant. 

187. Discharge through a Short Tube. —If instead of discharg¬ 
ing through a standard orifice, the discharge is through a short 
tube, as shown in Fig. 93, the quantity discharged in a unit of 
time is increased. The tube is straight and of the same diameter 
as the orifice; the edges are square, as indicated at a and b; and 
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the length of the tube must be at least 2J times the diameter of 
the orifice. As the water enters the tube, it contracts, in the same 
manner as for a standard orifice; it then expands and fills the tube 
before it emerges into the atmosphere. The result is that the 
average value of the coefficient of discharge is about .815, instead 
of .615, the average value for a standard 
orifice. For a short tube, therefore, 
e„ = .815Ar = .815A V^h 
where h = the head on the axis of the 
tube. 

The value of the coefficient .815 varies 
somewhat with the head, which should not 
exceed about 40 or 50 feet; it is smaller 
for high heads than for low heads, its value 
being as low as .80 for the former and as high 
as .83 for the latter. For heads higher than 
50 feet, use .8 for the coefficient. 

188. Discharge through Conical Tubes.—If instead of a straight 
tube, a conical tube be used, the discharge is further increased. 




(a) (b) 

Fig. 94. 


If the edges are sharp, as indicated at a and 5, Pig. 94 (o), the 
coefficient of efflux varies with the angle oob of the cone, its great¬ 
est value being about .95 when the angle aob = ISJ®. If the 
edges are well rounded, as shown in Fig. 94 (b), the coefficient of 
efflux is still further increased, and may usually be taken as 1; 
that is, the discharge is = Q = Ai> = A\/2gh, in which A 
= the area of the end of the tube from which the water issues, 
and h <= the head on the axis of the tube. 
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189. Discharge through Nozzles. —A nozzle is a cone-shaped 
piece attached to the end of a pipe or hose, the tip being usually 
cylindrical, as indicated in Fig. 95. The diameter D is the same 
as that of the pipe or hose, and the diameter d of the tip is much 
smaller. The object of a nozzle is to increase the coefficient of the 
velocity of efflux, which increases the range of the water, a very 
desirable result in connection with fire hose. The theoretical 
velocity of efflux may be calculated by the formula of Art. 182, in 
which a = area of cross-section of tip, A = area of cross-section 



Fig. 9B. 


of pipe, and » = the velocity of efflux. Since these cross-sections 
arc usually circles, the formula may be more conveniently 
written as follows; let d = diameter of tip, D = diameter of 

pipe or hose; then, a = Jz-rf* = .25vd‘, A = .25irD*, and j 
~ ~ ~ 5 ' Substituting in the fonuula 

of Art. 182, = ti*, and 

\1 - n* 

The coefficient of velocity varies from c, = .97 to c, = .99, a fair 
average being c, = .98; hence. 



The coefficient of efflux may also Ix) taken as .98 = c,; hence, 
T X d* / 'T~' 

Q„ = .98a» = .98 X X 8.02 which (d 

being taken in inches), _ 

(2) 

If, instead of the head h, the specific pressure p is given, then 
(by Art. 181 h = 2.31p; substituting this value of h in formulas 
( 1 ) and ( 2 ) and reducing, 

( 3 ) 

0« = .0652d*.J^ (4) 

13 
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Examplk. —The diameter of a fire hose is 21 in., the diameter of the 
tip of the nozzle is } in., and the pressure at the nozzle is 61 lb. per sq. 
in.; what is (o) the velocity of discharge? (6) the number of gallons dis¬ 
charged per minute? (e) neglecting the resistance of the air, to what 
height will the water rise if the nozzle is pointed vertically upward? 

75 

Solution.—(«) .\pp1ying formula (3), n = = i, and 

». = = 93.9 ft. per sec. Am. 

(b) Applying formula (4), 

Qa = = .288 cu. ft. per sec. 

The number of gallons per minute is, therefore. 


.288 X 7.48 X 60 = 129 gal. per min. Am. 
(c) The height to which the water will rise is 


2f 


93.9* 


2 X 32.16 


; = 137 ft. Am. 


190,—^The Venturi Meter. —This is a device for measuring the 
flow of water at some point in a pipe line; it is very simple, but 
accurate, and consists essentially of two conical surfaces (frus¬ 
tums) joined at their small ends, as indicated in Fig. 96, where 


ir 



AB and BC are the two conical frustums. The angle which AB 
makes with the axis may be from 12° to 15°, while the angle that 
BC makes with the axis should be only about one-fourth as great, 
say from 3° to 3f°; this makes the angles included between AB 
and A'B' and between BC and B'C' 24° to 30° and 6° to 7i°, 
respectively. The throat BB' is rounded to reduce friction. 
The meter is inserted in the pipe line PP', the large ends having 
the same inside diameter as the pipe, denoted by D. The 
diameter at the small end, called the throat, is denoted by d. 
Small pipes are inserted at A and B, which have gauges H and 
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189. Discharge through Nozzles. —A nozzle is a cone-shaped 
piece attached to the end of a pipe or hose, the tip being usually 
cylindrical, as indicated in Fig. 95. The diameter D is the same 
as that of the pipe or hose, and the diameter d of the tip is much 
smaller. The object of a nozzle is to increase the coefficient of the 
velocity of efflux, which increases the range of the water, a very 
desirable result in connection with fire hose. The theoretical 
velocity of efflux may be calculated by the formula of Art. 182, in 
which a = area of cross-section of tip, A = area of cross-section 



Fig. 9B. 


of pipe, and » = the velocity of efflux. Since these cross-sections 
arc usually circles, the formula may be more conveniently 
written as follows; let d = diameter of tip, D = diameter of 

pipe or hose; then, a = Jz-rf* = .25vd‘, A = .25irD*, and j 
~ ~ ~ 5 ' Substituting in the fonuula 

of Art. 182, = ti*, and 

\1 - n* 

The coefficient of velocity varies from c, = .97 to c, = .99, a fair 
average being c, = .98; hence. 



The coefficient of efflux may also Ix) taken as .98 = c,; hence, 
T X d* / 'T~' 

Q„ = .98a» = .98 X X 8.02 which (d 

being taken in inches), _ 

(2) 

If, instead of the head h, the specific pressure p is given, then 
(by Art. 181 h = 2.31p; substituting this value of h in formulas 
( 1 ) and ( 2 ) and reducing, 

( 3 ) 

0« = .0652d*.J^ (4) 

13 
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T If* 

have been calcukted as follows: Q = AV = 7 -^ , X 10 

1 A If! 

= 1.96 cu. ft. per see. 

In the foregoing formulas, it has been assumed, as is generally 
the case, that the diameter of the meter at A is equal to the 
diameter of the pipe at that point. In any case, D in the formula 
is the diameter of the pipe and F is the velocity of the water as 
it enters the meter. 


FLOW OF WATER IN PIPES 

191. Loss of Head.—When water flows through a pipe under 
the influence of gravity only, the head that induces the flow is the 
hydrostatic head measured by the difference of level between 
the upper surface of the water at the entrance to the pipe and the 
horizontal plane pas.sed through the middle point of the section 
where the water is discharged. Thus, suppose that a pipe is 
connected to the bottom of a reservoir, and the depth of the 
water at the entrance to the pipe is 18 ft.; if the 'vertical distance 
between the point where the water enters the pipe and the point 
at which the water is discharged is 45 ft, the hydrostatic head 
is 45 + 18 = 63 ft, and this is the head that induces the flow, 
provided the water is discharged freely into the atmosphere. 
Suppose, however, that the water discharges into another tank 
or reservoir, and that the depth of the water in the second reser¬ 
voir above the point of discharge is 12 ft.; this acts as a head that 
tends to prevent the water from entering the second reservoir— 
it tends to make the water move in the opposite direction in the 
pipe. Consequently, the effective hydrostatic head is 63 — 12 = 
51 ft., and this is the head inducing the flow from the first 
reservoir to the second. It is easy to see that the effective 
hydrostatic head is the difference of level between the upper 
surface of the water at entrance and the upper surface of the 
water at discharge, and the length or shape (straight or curved) 
of the pipe has nothing to do with the effective hydrostatic head, 
which will here be called, simply, the hydrostatic head. This 
consideration is of special importance where water wheels are so 
situated that high water in the tailrace or river may seriously 
affect the effective head on the wheels. 

The velocity with which water discharges from a pipe is not the 
velocity due to the hydrostatic head. As the water flows through 
the pipe, it meets wifJi certain resistances, principally friction, the 
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effect of which is exactly the same as that of a head opposing 
the flow. Denoting the hydrostatic head by A, and the [head 
that is equivalent to the resistances by A„ the effective head h 
that causes the flow is 

h = h$ — hr 

If hr is equivalent to all the resistances, then the velocity of 
efflux will be 

V = -\/2gh 

The head h, is called the loss of head, and it is made up of a 
number of elements, some of which are: 

(1) There is a loss of head when the water enters the pipe, 
unless the end of the pipe is flush with the side of the reservoir 
and is well rounded, which is not usually the case. 

(2) As the water flows through the pipe, it rubs against the 
sides of the pipe and there is a losi of head dun to friction. Ex¬ 
cept in the case of very short pipes, this is the principal loss of 
head. 

(3) If the pipe is suddenly enlarged or suddenly contracted, as 
when water flows from a small pipe into a larger one or from a 
large pipe into a smaller one, there is a loss of head due to this. 

(4) Bends, particularly sharp bends and those having a short 
radius, also produce a loss of head. 

(.5) Any obstruction of any nature whatever, such as rivets, 
flanges, valve openings, or foreign substances lodged inside the 
pipe, reduce the cross-sectional area and also the flow, and act 
as a loss of head. 

If pipes are smooth (inside), have no projecting edges, all 
enlargements or contractions arc made gradual, bends are well 
rounded and to a large radius, then the loss of head due to fric¬ 
tion is so great in comparison with the others that they may be 
neglected in calculating the discharge. 

192. Actual Velocity of Discharge.—^Thero are so many 
factors entering into and affecting the flow of water that it is 
practically impossible to calculate the discharge of a pipe with 
any groat degree of accuracy. As the result of a large number of 
experiments, carefully conducted by many different observers 
and under various conditions, it has been found that the friction 
loss varies directly as the length of the pipe, inversely as the 
diameter, and nearly as the square of the velocity, and that it is 
independent of the pressure. Many different formulas have 



MECHANICS AND HYDRAULICS 


198 


§1 


been suggested for the velocity, the following being as satis¬ 
factory as any for accuracy: 


, - J ^ 


i.36/uf 
\lfi ■FTd 


( 1 ) 


Here v = mean velocity of efflux in feet per second; 
h = hydrostatic head in feet; 

I - total length of pipe in feet from the point of en¬ 
trance to tile point of discharge; 
d = diameter of pipe in inches; 

/ — coefficient of friction. For paper stock or pulp, this 
factor varies with many conditions, principally with 
the consistency of the stock. 


It is assumed that the pipe is a straight cylindrical pipe of 
uniform cross-section (diameter) throughout its length; or, if 
the diameter varies, the change from one size to another is 
gradual, as in the case of the venturi meter. It is also assumed 
that the pipe is smooth, is either new or has been in use for but 
a sliort time, and is made of cast iron, steel, or wrought iron. 
According to Weisbach, the coefficient of friction f may be ex¬ 
pressed by the formula 


/ = 


.014.39 -f 


.0171^ 


( 2 ) 


193. Formula (1) of the last article may be used when the 
length of the pipe exceeds about 60 times its diameter. The 
term .Id allows for the loss of head due to entrance; and if 
the entrance is well rounded and the end of the pipe docs not 
project into the water, this term may be neglected; it may also be 
neglected if the pipe is longer than 1000 times its diameter. In 
either case, the formula becomes 

a = 2.315^^^ = (1) 

A pipe whose length is loss than 3 times its diameter is called a 
short tube, and its discharge may be calculated by the formula 
of Art. 187. If the length is greater than 3 times but less than 
60 times its diameter, the pipe is called a long tube or a very 
short pipe ; the velocity of the efflux is then given by the formula 

V = (.832 - .004^)(6.67 - .032^)\/a (2) 


If the pipe is longer than 60 times its diameter but less than 1000 
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times its diameter, it is called a short pipe, and the velocity of 
efflux should be calculated by formula (1) of Art. 192. A pipe 
longer than 1000 times its diameter is called a long pipe, and 
the velocity of efflux may be calculated by formula (1) above. 

Example. —What is (a) the velocity of efflux from an S-inch pipe, 24 ft. 
long, under a head of 5 ft.7 (h) the discharge in gallons per minute? 

Solution. —(o) Since Sin. = J ft., g = 24 + j ■= 30; hence, the length 

of the pipe is 36 times its diameter and formula (2) must be used. 

V » (6.67 - .032 X 36) Vs =■ 12.34 ft. per sec. An«. 

(fc) The discharge in cubic feet per second is Q = a» = 

= .005464<f*»; in gallons per second, it is —X 7.48 = .0408(i*»; in 

gallons per minute, it is .0408<l’p X 60 = 2.448d’» - 2.448 X 8’ X 12.34 
= 1933 gal. per minute. Amt. 

When the diameter of the pipe is taken in inches and v in feet 
per second, 

Q= .00.54.54(1% = ft- per ®ec. (3) 

0 = .0408(i% gal. per sec. (4) 

Q = 2.448d% gal. per min. (5) 

Knowing the velocity, it can be substituted in one of these 
three formulas to find the discharge. 

194, To calculate accurately the velocity of efflux from a long 
or a short pipe by either of the two formulas just given requires 
that the coefficient of friction / be known; but before / can be 
determined, it is necessary to know the velocity (the very quan¬ 
tity it is desired to find) to substitute in formula (2) of Ajt. 192. 
This difficulty is overcome by assuming a value for /, say .024, 
and calculate v; then calculate f or take it from the table below. 
If this value of / is greater or less than the assumed value, re¬ 
calculate t), using the new value of /. 


COEFFICIENTS OF FRICTION FOR » IN FEET PER SECOND 
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Example.— What is the velocity of efflux from a 4-mch pipe that is 740 ft. 
long, under a hc id of 58 ft.7 ^ 

SoLDTioN.—Here 4 in. = ft., and 740 .p | is evidently 

greater than 1000: hence, use the velocity formula for long pipes. Taking 
/ - .024, 


p - 2..815 


\.02' 


= 8.37 ft. per see. 


58 X4 
1.024 X 740 

Referring to the table, the value of / for c = 8 is .0205 wd for » = 9, 
.0201. Since v will be greater the smaller/ is, and since there is considerable 
difference between .0240 and .0205 or .0201, try .02 for/. Then, 


' = 2315a/. ^ ^ - = 9.17 ft. iicr second. 
\.02 X 740 


A?ts. 


For this vaJue of v, f is equal almost exactly to .0200. 

Had formula (1) of Art. 192 been u.sed, the value for » would 
have been 


V = 2.315..- 




= 8.73 ft. per sec. 


58_X 4^ 

.02 X 740 + .1 X 4 
To find the value of / for this value of » by using the table, 
proceed as follows: let v' = the next smaller value in the table 
and »" = the next larger value; let /' = the value corresponding 
to and /" = the value corresponding to v"; then, letting v = 
the given (or calculated) value and / = the required value, 

In the present case, » = 8.73, v' = 8, v" = 9, f = .0205, and 

8 73 — 8 

f" = .0201; hence, / = .0205 + (.0201 - .0205)-^_-y = .0205 
— .0004 X .73 = .0202. Substituting this value of /, 


= 2.315. 




= 8.67 ft. per sec. 


X_4_ 

.0202 X 740 + .1 X 4 
This last value of»is as close as can be obtained by the formula; 
and it will be noted that it differs quite a little from the value 

9 17 8 67 

first obtained, which was 9.17 ft. per sec., being q-^^ -— 

= .055 — = 5|% smaller. This may seem considerable, but the 
values obtained by the different formulas recommended by the 
various authorities will vary as much or more. It is safer to 
use the smaller value, however, and it is therefore su^ested 
and recommended that formula (1) of Art. 192 be used for all 
pipes the length of which is less than 5000 times the diameter. 
In any case, regardless of what formula is used or by what 
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authority recommended, it is useless to express finul results to 
more than 2 significant figures, except, perhaps, when the first 
figure is 1, in which case, 3 significant figures may be used, though 
the last figure will probably not be accurate. 

196. Interpolation. —^The method given above for finding a 
value intermediate between those given in a table is called the 
method of interpolation or, simply, interpolation, and the formula 
may be used in connection with almost any table arranged for 
practical use. To illustrate the method more fully, consider 
the portion of a table in the margin, which gives the total heat 
of steam corresponding to a given number of inches of vacuum. 

The first (left-hand) column gives the 
VaoMum Total Heat vacuum in inches of mercury, and is 
(Inches) (B.t.u.) called the column of arguments; the 

20 1130 1 column gives the total heats 

18 1133.4 B.t.u., corresponding to the given 

16 1136.1 vacuums and is called the column of 

14 1138.6 functions. If the table in the last article 

12 1140.7 were arranged in this same order, the 

1 1142.3 velocities would be the arguments and 

the values of / would be the functions. 
Suppose, now, that it were desired to find the total heat corre¬ 
sponding to a vacuum of 15.2 in. Here the given argument 
15.2 lies between 14 and 16 in the table. In all cases of this kind, 
let =the argument next above and *" = the argument next 
below the given argument, the given argument being supposed 
to be written in its proper place in the table; let u' = the func¬ 
tion corresponding to the argument »' and u" = the function 
corresponding to the argument also, let x = the given argu¬ 
ment and u = the required function, which corresponds to the 
argument x. Then 

u — u': u" — u' = X — if : j/i — i/ 

From this proportion, u can be found if a: is given or x can be 
found if u is given; thus, solving for u, 

« = «'+(«"-w')p7~ (1) 

’ and solving for *, 

X = *' -b (X" - xO (2) 

To find the value of u (the total heat) for a vacuum of 15.2 in. 
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by means of the above table, x = 15.2, x' = 16, x" = 14, u' 
= 1136.1, m" = 1138.6, and u is found to be, by formula (1), 

u = 1136.1 + (1138.6 - 1136.1)^—^ = 1137.1 B.t.u. 

If it were desired to find the vacuum corresponding to a total 
heat of 1135 B.t.u. — u, u falls between 1133.4 = u' and 1136.1 
= u"; the corresponding values of the arguments are x' = 18 
and x" = 16. "Substituting in formula (2), 

* = 18 + (16 - 18) = l®-8 in- vacuum. 

When finding values of u (the function), it is useless to express 
them to a greater number of significant figures than are given to 
the functions in the table. 

196. Quantity Discharged. —Having calculated or measured the 
velocity of efflux, the discharge is found by the formula Q = Av. 
In the case of pipes, the discharge is generally expressed in gallons 
per minute, and may be calculated by formula (5) of Art. 193 
when V is known. Substituting in this formula the value of » in 
formula (1) of Art. 192, 

Q = 5.667d‘ gal. per min. (1) 

By this formula, the discharge in gallons per minute can be cal¬ 
culated dircctiy when the length and diameter of the pipe and the 
head are known. 

To find the mean velocity of efflux when the discharge 
in gallons per minute and the diameter of the pipe in inches are 
known, solve formula (5) of Art. 193 for v, obtaining 

( 2 ) 

Example 1.—How many gallons of water will a 6-mch pipe deliver in 
24 hours under a head of 170 ft., if the length of the pipe is 5780 ft.? 

Solution. —Since formula (1) requires that f be known, this must be 
determined first, and this requires the calculation of the velocity ». Also, 

5780 X 12 

since the length of the pipe divided by the diameter = '■ -g-is greater 

than 5 000, formula (1) of Art. 198 may be used. Assuming that / ■= .024, 

’’ “ 024 ^"^^^ “ ^ 6 - / = 

being smaller than the assumed value .0240, shows that the vtdue of v will 

be greater than 6.27 if .0214 were substituted for /. Taking v as, say, 6.6, 
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/ °° .0211. Now V may be recalculated or fonnula (1) above may be applied 
to find the discharge, in which case, 


e = 5.667 X 6>^-- 


170X6 


0211 X6780 +.1X6 ”«• 

- 590 X 60 X 24 = 849,600, say 850,000 gal. in 24 hours. Arts. 

If it is desired to calculate/, find that / = .0213 for v = 6.27. Substitut- 

Oil a 

= 6.65. For 


ing in formula (1) of Art. 162, v 


'V.O 


5.36X170X6 


(.0213 X .5780 + .1X6 

V = 6.66, / » .0211, and Q will be found to have the same value as before, 
since / and all the other quantities are the same. If .0211 be substituted for 
/ in the above formula, the value of v will be found to be 6.68, for which 
/ = .0211 to four decimal places, which are all that can be relied on. Note 
that a change of 2 units in the number expressed by the significant figures of 
/, makes a change of 3 units in the significant figures of v; thus for / = .0213, 

V = 6.65 and for / = .0211, » = 6.68. The difference between / = .0240 
and the calculated value of / multiplied by | will therefore be approximately 
equal to the difference between the velocities. For instance (.0240 — .0213) 
X I = .00405, or, say, 41 units; since v increases when / decreases, 627 + 
41 = 668, or 6.68, which is the exact value of / to 3 significant figures. 
This method of approximating/from the value .0240 and calculated values 
of V and / is usually exact enough for all practical purposes. 

Example 2.—An 8-inch pipe discharges 1,480,000 gal. of water per day 
of 24 hours; what is the average velocity of elBux? 

1,480,000 


Solution. —The discharge in galions per minute is 
per min. Substitutuig in formula (2) above, 

.4085 X 1028 
" ' 8 » 


60 X24 


= 1028-gal. 


= 6.58, say 6.6 ft. per sec. Ans. 


197. Head Required to Produce a Given Discharge.—Sup¬ 
pose a certain discharge is required from a pipe of a given size; 
the head necessary to produce this discharge may be found by 
solving formula (1) of the last article for h, obtaining 


‘ - (s»i) Yj + •>) 


( 1 ) 


\5.667dV 

If it is desired to find the head that will produce a certain velo¬ 
city, solve formula (1) of Art. 192 for h, obtaining. 




Id) = .187»“ 




( 2 ) 


Example. —It is desired to have an 8-inch pipe discharge 1,200,000 gaL 
per day of 24 hours; if the length of the pipe is 7500 ft., what must be the 
head? 

1200000 

Solution. —The discharge per minute is “ 833 gal. The 

velocity of efflux is, by formula (2) of the hist article. 
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From the table of Art. 194, / «= .0219, by interpolation, for v ■« 6.3. Sub¬ 
stituting in formula (1) above. 

198. To Find the Diameter of the Pipe for a Given Discharge. 

If the velocity of efflux is known, the diameter is readily found 
by solving formula (2) of Art. 196 for d, obtaining 
, „ [MEQ 


: 109-ft. Ans. 


If, however, r is not known, neglect the temi .Id in formula (1) 
of Art. 196 and solve for d, obtaining 

( 2 ) 

\32.11A ^ ' 

In order to apply this formula, it is first necessary to assume a 
value for /, calculate d, then apply formula (2) of Art. 196 to find 
», and, finally, find the value of f corresponding to this v, substi¬ 
tute in formula (2) again, and calculate d. For example, suppose 
it is desired to find the diameter of a pipe that will discharge 
900,000 gal, of water per day of 24 hours under a head of 80 ft. 
the length of the pipe being 9600 ft. The discharge per minute is 

~ ®25gal. Assuming that / = .024, as recommended in 
Art. 194, formula (2) above may be written 

\ 32.11/1 "V 1346k 

Substituting the values given in this last formula, 

, _ 5/6252 X 9600 _ 

V 1340'X 80 

Substituting this value of d in formula (2) of Art. 196, 


= 8.1 in. 


.4085 X 625 


= 3.89 ft. per sec. 


J’rom the table of Art. 194, f = .0231 for v = 3.89; hence, 
substituting this value of / in formula (2), 

j _ s/.0231 X 9600 X 625* _ o n > 

" <1 -- 

Consequently, if the pipe is new, an 8-inch pipe will probably 


199. It will be noted that in the preceding calculation, it was 
necessary' to extract the fifth root of a number. It is never 
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necessary to obtain more than two significant figures for the 
diameter of a pipe, because fractions of an inch rarely occur in the 
diameter of a pipe as ordinarily manufactured and the largest 
commercial size is less than 100 in. in diameter. From 1 in. to 
72 in., the ordinary sizes for cast-iron or wrought-iron pipe are 
as follows: 1, 2, 3, 4, 6, 8, 10, 12, 14, 16, 18, 20, 24, 30, 36, 42, 
48, 54, 60, 72 inches in diameter. Therefore, in calculating the 
diameter of a pipe as illustrated in the last article, if a fraction 
occur in the calculated diameter, always take the commercial 
size next larger than the integral part of the calculated diameter. 
The diameter of the pipe as calculated will be for new pipe; but 
as the pipe continues in use, the discharge for the same head will 
become considerably reduced. For this reason, it would be 
better to use a 10-ineh pipe than an 8-inch one for the case 
mentioned in the last article, if the supply is to be kept up inde¬ 
finitely at 900,000 gal. per day. If the pipe is foul from long use, 
or is quite rough (duo to the corroding action of impure water or 
to other causes), the coefficient of friction/should be doubled in 
calculating the discharge, that is, the value 2/ should be used 
instead of /; this will make the discharge from a foul pipe about 
70% of that from a clean pipe having the same diameter and head. 
Since the fifth root is desired to only two significant figures, it, 
may be obtained directly from the table of powers given in 
Elementary Applied Mathematics. 


Example. —If the head is 64 ft. and the length of the pipe is 370 ft., 
what should be the diameter to diseharge 200 gal. of water per minute? 
Solution. —Applying formula (3), 


d 


ifm* X 370 „ 
V1340 X 64 


2.8, say 3 in. 


Since the selected value, 3 in,, is relatively considerably larger than the 
calculated value, 2.8 in., and since a 2-inch pipe will evidently be too 
small, it is not necessary to calculate the diameter any closer. It will be 
well, however, to calculate the discharge for a 3-inch pipe. Doing so, the 
approximate velocity may be found roughly by formula (2) of Art. 106, in 
order to determine an approximate value for /. Thus, 


r 


■4085 X 200 
3* 


tt -|- ft. per sec. 


Prom tlie table of Art. 104, / “ .0201 when » 
mula (1) of Art. 108, 


Q = 6.667 X yyj- 


64 X 3 


0201 X 370 -h .1 X 3 


9. Substituting in for- 


254 gal. per min. 


Therefore, the 3-inch pipe will be sufficiently large. Ans. 
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900. A littte considention vili show that insofar os C0Tn.tnetc\a\ 
svies of pipe are concerned, the diameter may be calculated by 
formula (3) of Art. 198. ft is only when exact dimensionB arc 
required that the more reined method of Art, 196 is necessary. 

Paper pulp suspended in water has a higher cceSdent of 
friction than water, and the coefficient varies with the kind of 
stock and its consistency. This necessitates larger rape, pumps, 
etc. than would be required for water, as is explained in the 
chapter on pumps under General Mill Equipment. 


EXAMPLES 

(1) What is (a) the velocity of efflux from a standard square orifice, 3 in. 

square, the head on the center being 18 ft, 4 in.? (t) What is the discharge 
in gallons per minute? . i (a) 33.6 ft. per sec. 

' I (6) £02 gal. per min. 

(2) The pressure at the entrance to a venturi meter is 32.7 lb. per sq. in. 

the pressure at the throat is 21.fi lb. per sq. in., diameter at entrance is 4 in., 
diameter at throat is If in. What is (o) the velocity at entrance? (6) the 
discharge? . / (a) 7.8 ft. per sec. 

"*■ I (b) 300 gal. per min. 

(3) What is the discharge through a short tube having sharp edges, if the 
diameter of the tube is 2f in, and the head on the center is 18 ft. 6 in.? 

A ns. 430 gal. per min. 

(4) A nossle has a diameter of 3 in. at the large end and If in. at the tip. 

When the pressure is 75 lb. jier sq. in., (o) what will be the velocity of efflux? 

(5) To what height can the water bo thrown if the nossle is pointed vertically 
upward? (c) What is the discharge? ( (a) 105 ft. per sec. 

Atm. I (b) 170 ft. 

I (c) 324 gal. per min. 

(5) What is (a) the velocity of efflux from a pipe 6 ft. long, IJ^ in. in 
diameter, under a head of 18 ft. 5 in.? (h) What is the discharge? 

/ (a) 23.0 ft. per sec. 

"*■ I (b) 172 gal. per min. 

(6) A 4-inch pipe, 1876 ft. long, discharges water under a head of 156 ft.; 
what is (a) the velocity of efflux? (5) the discharge? 

. / (o) 9.39 ft. per sec. 

I (5) 368 gal. per min. 

(7) What should be (o) the diameter of a pipe, commercial size, to discharge 
2,400,000 gal. per day of 24 hours, if the length of the pipe is 14,400 ft. and 
the head is 240 ft? (6) How many gallons per day will a pipe of this 
diameter discharge under the same conditions when new? 

, j (a) Diameter « 12 in. 

\ (5) 3,600,000 gaL 

(8) What must be the head in order that a 2-inch pipe that is 1026 feet 
long may discharge 3000 gal. of water per hour?* Ans. 66 ft. 
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EXAMINATION QUESTIONS 


(1) A steam pump is rated at 28 horsepower; what (a) would 
be its rating in kilowatts? (6) in metric horsepower? 

An,. I 20.9 k.w. 

(b) 28.4 metric h.p. 


(2) The m.e.p. (mean effective pressure) as measured from an 
indicator diagram of a steam engine is 65.15 lb. per sq. in.; if 
the diameter of the cylinder is 28 in., length of stroke 36 in., and 
revolutions per minute is 125, what is the horsepower? 


Ans. 912 h.p. 

(3) The power of an electric current in watts is equal to the 

strength of the current in amperes multiplied by the pressure in 
volts. If a dynamo deliver 65 amperes of current at 225 volts, 
(a) what is the power of the current in kilowatts? (6) If the 
efficiency of the dynamo is 88.6%, what horsepower is required 
to operate it? (e) If the dynamo be driven by a steam turbine 
having an efficiency of 91%, what power must it generate to 
operate the dynamo? f (a) 14.625 k.w. 

Arts. I (6) 22.14 h.p 
1 (c) 24.33 h.p. 

(4) A paper mill has a contract with an electric power plant to 
furnish current for lighting and power at the rate of 1% cents per 
k.w.-h. During one week of 7 days, it burned 28 25-watt lamps, 
56 40-watt lamps, and 24 125-watt lamps an average of 11hours 
per day; (o) what was the daily cost for lighting? (5) what was 
the equivalent of the work paid for in horsepower-hours? 

. ((a) $1,195, say $1.20. 

”*• I (5) 91.6 h.p.-hr. 

(5) To what height will a 50-horsepower pump deliver 540 gal. 

of water per minute, if the efficiency of the pump (allowing for 
friction, leakage, etc.) is 78%? Ans. 286 ft. 
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(6) Water flows through a rectangular orifice 3 in. by 5J4 in- at 
the rate of 1240 gal. per min.; what is its mean velocity? 

Ares. 21.6 ft. per sec. 

(7) If the orifice in Question 6 is a standard orifice, what is the 
head on the center to obtain the same discharge? Ares. 19.2 ft. 

(8) The nozzle of a fire hose is 3 in. in diameter at entrance and 
Yi in. in diameter at the tip; (a) if the head is 180 ft., what is the 
velocity of discharge? (6) to what vertical height can the water 
be thrown? (c) what is the discharge? 

( (a) 105.7 ft. per. sec. 

Ans. (6) 173.7 ft. 

{ (c) 145.5 gal. per rain. 

(9) What is (a) the velocity and (6) the discharge through a 
pipe in. in diameter and 70 in. long under a head of 21 ft.? 

, f (a) 23.7 ft. i)cr sec. 

’ ( (fe) 131- gal. per min. 

(10) What is (a) the velocity at entrance and (b) the discharge 

through a venturi meter if the head at entrance is 59 ft., head 
at throat is 42 ft., diameter at entrance is 3J^ in., and diameter at 
throat is in.? . (o) 6.0() ft. per sec. 

(b) 182 gal. f)er min. 

(11) What is (a) the discharge and (b) the velocity of discharge 
from a 5-inch pipe, 1280 ft. long, under a head of 210 ft.? 

. (o) 924 gal. p('r min. 

(6) 15.1 ft. per sec. 

(12) What commercial size of pipe should bo laid to deliver 
3,000,000 gal. of water to a paper mill per day under a head of 
356 ft., if the length of the pipe is 12,700 ft.? Ares. 10 in. 

(13) What head is required for a 3-inch pipe, 756 ft. long, to 

deliver 5000 gal. of water per hour? Ans. 16 ft. 

(14) Assuming that the water in the last example were used to 

drive a small turbine having an efficiency of 77.8%, what would 
be the horsepower of the turbine? Ares. 0.262, say i h.p. 

(15) A 450-hor8epower steam engine is operated an average 

of 7 hr. 24 min. for 6 days each week. Counting 52 weeks per 
year, (o) what will be the cost per kilowatt-hour if the power 
is bought for $36 per horsepower-year 7 (b) what is the power 
cost per hour of operation? . (o) $0.0209. 

(b) $7,017. 



SECTION 2 

ELEMENTS OF ELECTRICITY 

By J. J. ClARK, M.E. 

(PART I) 

NATURE AND KINDS OF ELECTRICITY 

INTRODUCTION 

1. Purpose of Study.—The subject of electricity has been in¬ 
cluded in this course in order that the student may understand 
the application of its principles in connection with the operation 
of the different electrical machines and apparatus used in pulp 
and paper miUs. How electricity is generated and controlled 
will be explained, and such of its principles will be discussed 
as will enable the student to understand the construction and 
operation of electric motors and other apparatus used about 
the plant; that is, he will understand their object, how to select 
them for different purposes, and what makes them “go.” It is 
beyond the scope of this work to teach the design of electrical 
machinery, but the student who has made a thorough study 
of the principles here explained ought to be able to select intelli¬ 
gently the proper machine or apparatus for any specific purpose, 
to determine whether the apparatus already in use is that best 
adapted to the fulfillment of the desired purpose, and should 
be able to understand what is the matter with it if it get out of 
order. 

The connection between electricity and magnetism is extremely 
close, and the student is urged to pay particular attention to the 
explanations here given; a thorough understanding of the prin¬ 
ciples of magnetism will make the subsequent part of the text 
comparatively easy. More complete information relating to the 
entire subject will be found in textbooks that can usually be 
obtained from the local library or in the library of the engineering 
department of the plant. 

12 1 
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ELEMENTS OF ELECTRICITY 

STATIC ELECTRICITY 

2. Nature of Electricity.—According to the Standard Dic- 
tionaiy, electricity is "an impondemble and innsible agent 
producing various manifestations of energy, and generally 
rendered active by some molecular disturbance ." ImpondercAle 
means without weight. The exact nature of electricity is not 
known; many theories have been advanced, but no one of them 
has been accepted as sctisfactory. Just what it is does not mat¬ 
ter to the practical man; his only concern is to know how to 
generate it, control it, and make it do useful work. He is equally 
ignorant concerning the forces called gravitation, chemical 
affinity, and many other of nature’s phenomena, but that does 
not deter him from utilizing them to the best advantage. It is 
very doubtful if he could derive any greater benefit from them 
if he knew what is their ultimate cause, since he could not, in 
any case, create them. 

3. Generating Electricity.—There is really no such thing as 
generating or producing electricity, in the sense that something 
is obtained where nothing was before. Electricity is probably 
all-pervasive and is in equilibrium, and it manifests itself only 
when its equilibrium is disturbed by the action of mechanical 
or chemical forces; when these forces are directed in a specified 
and definite manner, the state of equilibrium is altered in a 
specified and definite manner also, and before the state of equilib¬ 
rium can be restored, work must be done. If properly directed, 
this work may be utilized in a definite manner. The process is 
exactly analogous to the action of a pile driver. When the weight 
rests on the pile, everything is in equilibrium. In raising the 
wei^t to a particular height, a certain force must be exerted; 
and since this force acts through a distance equal to the height, 
a certain amount of work is done in raising the weight. Now 
for the system to return to its previous state of equilibrium, the 
weight must be restored to its previous level—the height of the 
pile—and in doing this, work may be accomplished. If the 
weight is allowed to fall on the pile—by removing its support and 
guiding it—^the work done will be measured by the force of the 
blow and the distance that the pile is driven. 

Thus, when anything is done to disturb the equilibrium of the 
electrical state of matter, work must be done to produce this 
disturbance; and work, useful or otherwise, may be obtained as 
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the result of the action. The action produces what may be 
termed an electric stress, and this is what is. called produciiig or 
generating electricity. Always bear in mind the unalterable 
fact that electricity is not something that can be obtained from 
nothing; it is merely an agent, and gives back only what it 
receives. In other words, in order to obtain a certain amount of 
work or energy by means of electricity, it is necessary to do at 
least as much work in producing the electric stress as is fpven out 
when the stress is removed. For example, suppose one pulley 
to drive another puUcy by means of a belt. As much work must 
be imparted to the driving pulley as is received by the driven 
pulley; in fact, more work must be imparted to the driving 
pulley, because of the hurtful resistances—^friction, bending the 
belt, heating the bearings, etc. So it is when electricity is the 
agent; more work must be done than is obtained through the 
agency of electricity. 

4. Electricity is an agent (see definition. Art. 2), an extremely 
useful one, and has two uses: (1) to transform energy from one 
state or kind to another; (2) to transfer energy from one point 
to another. By means of the dynamo, for instance, mechanical 
energy may be changed into electrical energy, which, in turn, 
may be used to drive a motor, heat an electric iron, light the 
house, cause the release of chlorine from salt, and in innumerable 
other ways. By means of wires, called conductors, electrical 
energy may be conveyed long distances—many miles, in fact— 
before it is again transformed and utilized. 

6. Kinds of Electricity.—There is really only one kind of elec¬ 
tricity; but since it manifests itself in two widely different forms, 
in so far as their effects are concerned, it is customary to divide 
it into two classes: {!) static, or frictional, electricity; {2) dynamic, 
or current, electricity. 

Static, or frictional, electricity is generated by friction, by 
rubbing together certain unlike substances. For example, if a 
stick of sealing wax be rubbed with a piece of flannel or a glass 
rod bo rubbed with a piece of silk, it will be found that the stick 
and the rod will both attract light substances, such as pith balls, 
pieces of paper, etc., the attraction being caused by the static 
electricity generated by the friction. Under certain conditions, 
when an electrified body is brought into contact with another 
body, a spark of light will pass between the points of contact just 
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before they touch. This may be well illustrated in the following 
manner; let a person stand on a piece of rubber or a glass plate, 
or take four glass tumblers, set them on the floor about a foot 
apart in the form of a square, lay a board on top of the tumblers, 
and let the person stand on the board; lot a second person rub 
the back of the first person (who keeps on his coat, which is pre¬ 
sumably made of wool) with a piece of fur, say a muff; then, if 
cither person (or a third person) bring liLs finger to the skin of 
the other, a spark will pass, and the skin will feel a sensation 
like the prick of a pin. By continuing the rubbing, as many 
sparks may bo obtained as are desired. The best results arc 
obtained when the room is cool and the air is dry. Whenever, in 
combing the hair, the hair follows the comb, this effect is produced 
by static electricity. Sometimes, when walking under and near a 
rapidly moving Ix-lt, the hair on one’s head will be drawn toward 
the belt with a slight pull; this is also caused by static electricity. 

6. Positive and Negative Electricity.—By experiment, it will 
bo found that there arc two kinds of electrification, to which have 
boon given the names of positive electricity and negative electri¬ 
city. Both kinds are always generated at the same time When 
the glass rod is rubbed with silk, one kind is excited on the rod 
and the other kind on the silk; that excited on the rod is called 
positive electricity, and that excited on the silk is called negative 
electricity. The order is reversed when the stick of sealing wax 
is rubbed with flannel; here the electricity excited on the stick 
is negative and that excited on the flannel is positive. These 
facts can easily be proved by the circumstance that if both bodies 
are electrified positively or both negatively, they repel each 
other; while if one is electrified positively and the other nega¬ 
tively, they attract each other. This fact may be stated in the 
form of the following very important law: 

Law.— Bodies that are similarly electrified repel one another, while 
two bodies dissimilarly electrified attract each other. 

It is to be noted that either kind of electrification might have 
been termed positive, in which case, the other would have been 
negative; but, having decided to call the kind on the glass rod 
when rubbed with silk positive, or -f, the kind produced on the 
silk is negative, or —. 

7. It is to be noted that the electricity produced by friction 
stays where it is generated until it is discharged, as it is termed, 
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by bringing the electrified body into contact with or near another 
body. For instance, when the back of the person standing on the 
tumblers has been rubbed, he will retain the electricity indefi¬ 
nitely; but as soon as he steps on the floor or comes into contact 
with another person or object in contact with the floor, the elec¬ 
tricity is discharged. For this reason, frictional electricity is 
called static electricity, the word static meaning a state of rest or 
equilibrium. 

8. In the case of static electricity, the resulting electric stress 
is very high, but what may be called the electric quantity is 
very Ipw. As a consequence, static electricity is practically 
useless as an agent for doing useful work; indeed, it is something 
to be avoided in paper mills or any other place where machinery 
is employed. When a moving belt passes close to a permanent 
object, tiny blue sparks may frequently be seen in the dark; these 
sparks are caused by the friction between the belt and the pulley, 
which results in .an electric stress, and causes an accumulation 
of sUUic electric charges (as they are termed), which leave the belt 
by the way of the permanent object and escape to the earth, thus 
restoring the equilibrium. In cases where this action takes place 
to a large extent, a metal wire or bar is fixed close to the belt, to 
remove those charges at a place where it is most convenient in¬ 
stead of allowing them to escape at random. Similar effects 
are observed on the winding rolls of a paper machine (because 
of the friction between the calenders and the paper); here a flexible 
copper wire or a brass chain is used to remove the electric charge, 
which passes along the wire or chain to the frame and thence to 
the ground. If the charge be not removed, more work must be 
expended in winding and unwinding the paper, on account of 
the attractive forces between one layer of paper and the next 
on the roll. Much of the trouble experienced by the printer 
in feeding sheets of paper to the press is due to these static 
charges. 

Static charges of this kind are not dangerous to human life; 
but if they are not removed by a wire or chain or other conductor, 
they may escape to the body, head, or hand. The sudden shock 
is not dangerous in itself, but it may so startle a man as to cause 
him to make a quick, unusual movement, which may bring him 
into contact with moving parts of a machine. These sparks are 
identical in character with lightning, the only difference being 
that in the case of lightning, the electrical stress is enormously 
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higher. Still, sparks from a iiigh-speed belt have been known to 

ignite a wiping rag that was wet with gasoline. 

S. Caaductors.—An electric charge may be conveyed from one 
point to another by means of what is called a conductor. While 
all substances will conduct electricity, some of them conduct so 
badly that for all practical purposes, they do not conduct at all; 
such substances arc called insulators or non-conductors. Glass, 
rubber, and gutta pcrcha are the best e.vamples of insulators; 
practically, they do not conduct electricity at all. Pure water and 
air are also very poor conductors. All the metals are good 
conductors, though some are far better than others; silver is the 
best conductor known, and copper ranks next. As copper is 
very nearly as good a conductor as silver, and is much cheaper, 
it is the one most used in practice. 

In the experiment in Art. 6, glass tumblers were used to keep 
the electricity from passing from the body to the earth. The glass 
being a non-conductor, the electricity remained stored in the body 
until a path was made for it to escape to the earth, thus restoring 
the equilibrium. The path was the body of the second man, and 
the reason that it was necessary to approach so close before the 
spark could take effect was because air is such a poor conductor 
that the length of the path through the air had to be exceedingly 
short. Had the first person stood on the floor instead of the 
insulators, the electricity would have been generated as before; 
but it would have been conducted to the earth, the body acting 
as a conductor, as fast as formed, and no spark or other effect 
could be obtained. If several persons stand on insulators, the 
charge may be passed from one to another, a spark taking place 
each time, until the last person touches something not insulated 
from the earth. If the persons are insulated from the floor by 
wearing rubber boots or having rubber soles and heels on their 
shoes, the one having the charge may walk around the room and 
wait indefinitely before giving the charge to anyone else, provided 
no part of his body comes into contact with another object. It 
should also be noted that the spark may come from any part of 
the body of the person having the charge. Thus, if the second 
person faring any part of his body, say a finger, to any exposed 
part of the person charged, the back of the neck, hand, chin, etc., 
the spark will pass; this shows that the charge covers the entire 
body, and when discharged, is concentrated and passes along 
the conductor, entering it at the point of contact. Moreover, 



§2 NATURE AND KINDS OP ELECTRICITY 


7 


the charge concentrates and passes to the ground almost 
instantaneously. 


CURRENT ELECTRICITY 

10. Definition.—If by some means, electricity can be supplied 
as fast as it flows away, the result will be a continuous current of 
electricity. This effect may be secured very simply by taking a 
glass jar, Fig. 1, and partly filling it with a solution of sulphuric 



Fig. 1. 


acid and water; then place in this 
solution two plates, one of copper 
and the other of zinc, and solder to 
each plate a copper wire. On con¬ 
necting the ends of the two wires, 
it will be found that a current of 
electricity is flowing along the 
wire. By experiment, it can be 
shown that the current leaves the 
copper plate, flows through the 
wire, enters again at the zinc plate, 
then flows through the solution to 
the copper plate. The electric 
current is caused by chemical 
action, the acid in the solution 
Electricity produced in this man¬ 


dissolving the zinc gradually, 
ner is called current or dynamic electricity, because the elec¬ 
tricity is in motion, moving (flowing) as fast as it is generated. 


11. The apparatus described in the last article is called a 
primary element or ceU; and when two or more cells are properly 
connected, the arrangement is called a battery. The copper 
plate is designated in Fig. 1 by Cu, the chemical symbol for cop¬ 
per, and the zinc plate is designated by Zn, the chemical symbol 
for zinc. The point or place where the wire is attached to the 
plate, and all that part of the plate above and not touched by the 
solution, is called the dectrode or pole, terms often incorrectly 
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applied to the whole plate. In Fig. 1, P is the positive electrode 
(pole) and N is the negative electrode (pole). It will be observed 
that the current (as indicated by the arrows) leaves the cell at 
the positive electrode (positive pole), flows through the wire and 
coil C, enters the cell at the negative electrode (negative pole), 
then flows through the solution, which is called the electrolyte, 
to the negative plate, continuing in this manner until the elec¬ 
trolyte will dissolve no more zinc (has become saturated) or until 
the zinc in contact with the electrolyte has been dissolved. The 
positive and negative plates and the positive and negative poles 
arc indicated by -|- and -, respectively. The path of the current, 
which is made up of the two plates, the electrolyte, the wire, and 
the coil, is called the electric circuit, or, simply, the circuit. That 
part of the circuit not in contact with (ho electrolyte is called the 
external circuit; the parts of the plates touched by the electro¬ 
lyte and the part of the electrolyte included between the plates 
is called the internal circuit. 

12. If the circuit be interrupted at any point, as by separating 
the wire into two parts (by opening the switch S), by disconnecting 
the wire at one of the electrodes, or by lifting one or both plates 
out of the electrolyte, it is called an open circuit; but when the 
circuit forms a contmuous path from one plate to the other and 
through the electrolyte, it is called a closed circuit A current 
will flow only when the circuit is closed; if there is a break any¬ 
where in it, no matter how far the break may be from the point 
where the current is generated, it is an open circuit, and no current 
will flow. 

Without regard to how the current is generated, the circuit 
must be complete, that is, must be closed, before the current 
can flow. In the experiment described in Art. 6, the circuit was 
completed when the person standing on the insulators touched 
another person or object, the current flowing through the body 
of the person touched or through the object touched to the earth, 
and through the earth to the place where it was generated. 

13. Another way of obtaining dynamic (current) electricity 
is by means of a dynamo, which is a machine for transforming 
mechanical energy into electrical energy. The mechanical 
energy is supplied usually by a steam engine, steam turbine, 
water motor, or gas engine, and the dynamo converts it into 
electrical energy. 
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14. In accordance with its manner of flowing, current elec¬ 
tricity is divided into two classes: direct, or corUimums, currents 
and alternating currents. When the current flows through a 
closed circuit continuously and always in the same general 
direction, it Ls called a direct, or continuous, current; all currents 
from primary cells are direct currents. The currents generated 
by a dynamo, as will be explained hereafter, frequently flow firet 
in one direction and then in the opposite direction, then in the 
first direction again, and reversing once more; such a ctirrent 
is called an alternating current, because the direction of its flow 
alternates. These alternations arc very rapid, as a nile. In an 
ordinary alternating current system, these changes take place 
at the rate of 120 times per second. The change in direction and 
the change back again is called a cycle; evidently, it takes two 
changes lo make one cycle, and 120 changes per scicond are equal 
to 120 -7- 2 = CO cycles per second. In technical language, the 
ordinary idternating current system “has a fre(picncy of 60 
cycles per second.” If an incandescent lamp is lighted by this 
alternating current, the current through the filament reverses 
its direction 120 times every second, and every time it reverses, 
the current falls to zero. If the rate of alternation were very low, 
the lamp would, of course, flicker; but the rate is so high that the 
eye cannot perceive any flickering. In some cases, the frequency 
is exceedingly high; thus, in wireless telegraphy, currents may 
alternate with a frequency of 1,000,000 cycles per second. 


THEORY OF CURRENT ELECTRICITY 

FLOW OF CURRENT 

16. Meaning of Flow.—From what has been stated previously, 
it is clear that there is no actual transference of a substance from 
one place to another when electricity flows, in the sense that when 
water, for example, flows through a pipe, a certain amount of 
water is transferred from one point to another. Electric energy, 
however, is transferred when the current flows. This may seem 
at first to be somewhat mysterious, but a little consideration 
will make the matter clear. Suppose that one end of a wire be 
inserted in the flame of a gas jet and held there; if the wire is 
not too long, and if it be covered with some non-heat-conducting 
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applied to the whole plate. In Fig. 1, P is the positive electrode 
(pole) and N is the negative electrode (pole). It will be observed 
that the current (as indicated by the arrows) leaves the cell at 
the positive electrode (positive pole), flows through the wire and 
coil C, enters the cell at the negative electrode (negative pole), 
then flows through the solution, which is called the electrolyte, 
to the negative plate, continuing in this manner until the elec¬ 
trolyte will dissolve no more zinc (has become saturated) or until 
the zinc in contact with the electrolyte has been dissolved. The 
positive and negative plates and the positive and negative poles 
arc indicated by -|- and -, respectively. The path of the current, 
which is made up of the two plates, the electrolyte, the wire, and 
the coil, is called the electric circuit, or, simply, the circuit. That 
part of the circuit not in contact with (ho electrolyte is called the 
external circuit; the parts of the plates touched by the electro¬ 
lyte and the part of the electrolyte included between the plates 
is called the internal circuit. 

12. If the circuit be interrupted at any point, as by separating 
the wire into two parts (by opening the switch S), by disconnecting 
the wire at one of the electrodes, or by lifting one or both plates 
out of the electrolyte, it is called an open circuit; but when the 
circuit forms a contmuous path from one plate to the other and 
through the electrolyte, it is called a closed circuit A current 
will flow only when the circuit is closed; if there is a break any¬ 
where in it, no matter how far the break may be from the point 
where the current is generated, it is an open circuit, and no current 
will flow. 

Without regard to how the current is generated, the circuit 
must be complete, that is, must be closed, before the current 
can flow. In the experiment described in Art. 6, the circuit was 
completed when the person standing on the insulators touched 
another person or object, the current flowing through the body 
of the person touched or through the object touched to the earth, 
and through the earth to the place where it was generated. 

13. Another way of obtaining dynamic (current) electricity 
is by means of a dynamo, which is a machine for transforming 
mechanical energy into electrical energy. The mechanical 
energy is supplied usually by a steam engine, steam turbine, 
water motor, or gas engine, and the dynamo converts it into 
electrical energy. 
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Coulomb. The coulomb is the amount of (quantity of) elec¬ 
tricity that is required to deposit 0.001118 gram of silver out of a 
solution of nitrate of silver and water, the solution consisting 
of 15 parts of silver nitrate and 85 parts of Water, both by weight. 
Consequently, the number of coulombs required to deposit 2.5 

2.5 

grams of silver from such a solution is “ 2236.1 + 

coulombs. 

Comparing the flow of electricity with the flow of water through 
a pipe, the coulomb corresponds to the quantity of water dis¬ 
charged, measured in gallons, cubic feet, or pounds. 


17. The Ampere.—In connection with problems concerning 
flow, quantity alone is of very little value; what is wanted is the 
rate of fUno, as the number of gallons or cubic feet or pounds of 
water discharged per second, per minute, or per hour. The unit 
of rate of flow of a current of electricity is one amlonib per second, 
which is called one ampere (named after Andre Marie Ampere). 
There is no single word for the term, one foot per second, but 
the single word, ampere, includes both quantity and time. An 
analogous term is the word knot, to indicate the speed of a ship; 
it means one nautical mile per hour. 


18. Whenever the word per occurs in a unit that is made up of 

two or more quantities, it always indicates division; hence, an 

.... , , , one coulomb 

ampere, which is one coulomb per second, means 

one pound 


one pound per square foot means 


, etc. There- 


one square foot’ 

fore, if 2.5 grams of silver are deposited out of a standard silver 

nitrate solution in 320 seconds, the rate of flow of the current is 

2.6 nt\i, 2.5 „ rton >7 __ 

say 7, amperes. 


.001118 


320 

2.5 


.001118 X 320 


= 6.988- 


because ■gjyj’jjg “ 2236.1 coulombs, and 2236.1 


320 


coulombs per second = 7 amperes. The rate of flow of the 
current is called the strength of the current; consequently, the 
strength of the current required to deposit, 2.5 grams of silver 
from a standard silver nitrate solution in 320 seconds is 7 
amperes. 

l^enever a unit is made up of two (or more) quantities united 
by a hyphen, their multiplication is understood; thus, one foot¬ 
pound means one foot X one pound. Hence, one ampere-second 
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one couJqmp 

means one ampere X one second = “o^^^cond” ^ secona 

= one cx)uIomb; that is, if the strength of the current in amperes 
is known, and the current flows with unvarying strength for a 
certain number of seconds, the product of the amperes and the 
seconds is the number of coulombs. For instance, if a pipe 

• ,• L 1260 

discharges 1200 gallons of water per minute, it discharges gQ - 


= 21 gal. per sec., and the number of gallons discharged in 15 
seconds is 21 X 15 = 315 gal. This result may be arrived at 

( one galA 
on^sceJ 


X 15 (sec.) = 21 X 15 ^ ^ 


the 


.seconds canceling. 

19. The current flow is always measured in amperes, and it is 
for this reason that the expression, ampere-seconds, is frequently 
used instead of its equivalent value, coulombs, when it is desired 
to specify the quantity of electricity and not the quantity per 
unit of time. An ordinary 16-candlcpower, carbon-filament lamp 
takes about }4 ampere, that is, a current of about ampere is 
flowing through it; a tungsten lamp of the same candlepower 
takes about K ampere. An ordinary electric iron takes about 
5 amperes, and a 10-horsepowcr motor about 75 ampcn«. The 
foregoing figures imply that the voltage is about 110. 

20. Potential and Electromotive Force.—When the weight 
that drives the pile (in the operation of a pile driver) is raised, 
it possesses what is termed potential energy, or energy due to 
position. As previously pwinted out, when an electrical stress 
(sec Art. 3) is produced, work must be done, and if the current 
does not flow, this work is stored up as potential energy, in the 
same manner as when the weight of a pUe driver is raised and 
held, not being allowed to fall. In works on electricity, the 
single word potential is used instead of the term potential energy; 
hence, before an electric current can flow, there must be a differ¬ 
ence of potential between one end of the circuit and the other 
or between one point of the circuit and another. In the case of 
the pile driver, when the weight rests on the earth, it may be said 
to have zero potential; and when it rests on top of the pile, it 
has a potential E' equal to the work necessary to raise the weight 
from the earth to the top of the pile; and when it is raised to 
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the height from which it is to be allowed to fall, it has a potential 
E" equal to the work required to raise it from the earth to that 
point. The difference of potentials E' — E" is the potential 
available for doing work on the pile. 

In the case of electric currents, the potential of the earth is 
taken as zero, and the difference of potential between any two 
points of a circuit is the potential available for overcoming re¬ 
sistances and doing work. Since every electric current possesses 
capacity for doing work, every such current possesses potential. 

The difference of potential between any two points of a cir¬ 
cuit is what causes a current to flow between those points; 
and, since the current always flows from the positive towards 
the negative or from a higher potential to a lower, it is assumed 
that the positive end of a circuit is at a higher potential than 
the negaf ive end. 

21. Energy and work are mutually equivalent, work being 
the actual mamfestation of energy. But work is equal to a 
force multiplied by the distance through which it acts; hence, 
when energy is turned into work, a force must act, and the value 
of tliis force deijcnds upon the difference of potential available 
and the distance through which it acts. Every electric current, 
therefore, may be regarded as being caused by the action of a 
force, the value of the force being determined by the difference 
of potential. In the case of the pile driver, the force of gravity 
is the acting force and equals the weight of the falling weight. 
Another illustration is the flow of water through a pipe, when 
the water flows from a certain level to a lower level. The force 
causing the flow is the pressure created by the difference of level 
between where the water enters the pipe and where it discharges, 
called the head. As the head increases the discharge increases, 
and vice versa. So it is with the electric current, the acting 
force or pressure, called the electromotive force, causes the cur¬ 
rent to flow, and the greater the electromotive force the greater 
the strength of the current in amperes, and vice versa. 

22. Some writers use the word potential in the sense of a force, 
giving to the words potential and electromotive force practically 
the same meaning; this is an error, as potential is energy, and 
not a force. The electromotive force, however, is caused by 
the difference of potential, and if there were no difference of 
potential there would be no electromotive force. It is to be 
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uofod (hat aTi cloOrouiotin' forcp iimy (!xis(. whether the current 
move or not. For iiusliuuT, if (ho iliscdiarge end of a pipe bo 
closoil by (urninn a oook oi' I’losiuK a valvo, t.hc watoi- in tho pipe 
will still 1)0 subjc'ctoil to a pros.sure; in fact, (he pressure at tho 
<'lo.so(l ('lul will bo firoator than when (ho ciirront is flowing, bn- 
oauso no work is being done and no rosistanoes arc being ovcr- 
oomo. This is o.xactly what happens in connection with an 
electrir current; if the circuit is open, so the current cannot 
flow, the clectroniotive forc(' will be greater at some particular 
point in the circuit than when the current is flowing. 

23. The practical unit of electromotive force is the volt (named 
after Alessandro I'olta), .and is usually defined as the electro¬ 
motive force lliat is required to cause a current of one ampere to 
J?on- iigainfit a resistance of one ohm. Instead of the words 
electmmotivc force, tho abbreviation E.M.F. or e.m.f. is freely 
used, both in writing and speaking; also, the word voltage 
ust'd ior the same purpose. The voltage, or e.m.f., 
cAw'ecwV'?, el a standard CaThaTtrC\atls.c cell is 
1.4;J4 volts; that i.s, it rcfyiiires an e.m.f. of 1.434 volts to force 
.? of 1 ampem through the electrolyte of a standard 

Cl^Aar^-C/arie cel/. Consequently, a volt may be deSned as 
fjiftis of the e.m.f. between the electrodes of a Carbart-Clarke 
standard cell. 

24. Usual Voltages.—The voltages in regular commercial 
use cover a wide range of values; they often go as high as 110,000 
volts. Lighting systems usually cany current at 110 volts; 
transmission systems for long distances carry current under a 
pressure of 6600 to 220,000 volts. Generators (dynamos) are 
made that produce voltages as high as 6600, and sometimes 
13,200 volts. In order to obtain higher voltages, tho voltage 
is increased by means of what are called transformers, which step 
up the alternating current voltage from that of the generator 
to that of the line, and then step it down at the other end to that 
of the apparatus using the current. In mills and factories, tho 
voltage for motor circuits is usually 125 or 250 volts, where direct 
current is used, and 220, 440, or 550 volts where alternating 
current is used. In many cases, alternating currents operate 
motors at 2200 volts, and sometimes at 6600 volts. 

26. Direction of Flow. —The current always flows from a point 
of high potential to one of lower potential. From what was 
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stated in Art. 11, the point of high potential may be indicated 
by the sign + and any point of lower potential by —; thus, if 
one end of a wire through which a current is flowing or will flow 
when the circuit is closed be marked + and the other end be 
marked —, the current will flow from the positive, or +, end 


if 

Fiq. 2. 

to the negative, or —, end. In Fig. 2, the long light line (A) 
of the primary cell represents the positive (+) terminal and 
the short heavy line (B) represents the negative (—) terminal; 
the current thus flows from A to C along the upper wire, through 
the resistance Ct>, and back to B. 






In Fig. 3, consider the terminals A and B, across which an 
e.m.f. is maintained. Since A is marked +, the current will flow 
from A into electrical apparatus between A and B, and then 
away at B, and back to its source. 


Ji>U 


\ 


4|P|»nihM 


¥i<\. ». 



Fig. 4 represents a d.-c. (direct current) dynamo, D, lighting a 
bank of four incandescent lamps L, and driving a motor Jlf. 
The current is flowing from the + terminal of the dynamo, along 
the top wire of the circuit, to the lamps and the motor, and back 
to the negative (-) terminal of the dynamo. 
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26. Resistance.—All substances offer a resistance to the 
passage of an electric current when they are used as conductors. 
If an incandescent IG-caudlepower lamp having a carbon filament 
be placed in a circuit having an c.m.f. of 110 volts, a current of 
.5 ampere will flow through the lamp; but, if a tungsten lamp 
of the same candlcpower be placed on the same circuit, only .2 
ampere will be forced through the lamp. That is, 110 volts 
forces .f) ampere through the carbon filament and only .2 ampere 
through the tungsten filament; hence, the resistance of the 
carlwn filament is less than that of the tungsten filament. Re¬ 
sistance may thus be defined as that property of a substance 
which resists or limits the flow of an electric current through it. 

The amount of resistance offered by a conductor depends upon 
the material of which it is composed, its length, its shape and 
its cross-sectional area. The resistance also de{)end8 upon the 
terap)eraturc of the conductor, increasing as the temperature 
increases, in the ciise of mcl.als, and decreasing as the temperar- 
ture increases, in the case of carbon, the various insulators, and 
electrolytic solutions. 

27. The unit of resistance used in practice is the ohm (named 
after George Simon Ohm). Several values have been used for 
the ohm at various times, but the value now universally used 
is that of the International Ohm, which may be defined as the 
resistance offered by a coluum of mercury 1 sqimre millimeter 
in cross section and 100.3 centimeters in height, at a temperature 
of 0° G. (32° F.). The resistance of 1000 feet of No. 10, B. and 
S. gauge, copper wire is very nearly one ohm. For wire of the 
same material i&vd at the same temperature, the resistance varies 
directly as the length and inversely as the cross section; that is, 
as the length of the wire increases the resistance increases in the 
same proportion, and as the cross-sectional area increases the 
resistance decreases in the same proportion. This is what would 
naturally be expected, since if the length be doubled, the wire 
will bo equivalent to two wires of the same length, and the 
resistance of two equal wires will be twice that of one wire. 
However, if the cross-sectional area be doubled, the wire will be 
equivalent to two wires each having the same length, area, and 
resistance as the original wire, and the same e.m.f. will transmit 
twice the current. Hence, the resistance of the larger wire will 
be half that of the smaller wire. 
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OHM’S LAW 

28. The relation between the voltage, resistance, and strength 
of current was first stated by Dr. G. S. Ohin, and this relation is 
known as Ohm’s law. This law is extremely important, and it 
should be carefully committed to memory. 

Ohm’s Law .—The strength of a continuous current in a circuit 
varies directly as the electromotive force and inversely as the resis¬ 
tance; the strength' {in amperes) is equal to the electromotive force 
{in volts) applied to that circuit divided hy the total resistance of 
the circuit {in ohms). 

Let I = strength of current in amperes; 

E = electromotive force applied to the circuit; in volts; 

R — total resistance of circuit in ohms; 

then, 


R 


From formula (1), 


R 


E 

I 


and 


E = IR 


( 1 ) 


( 2 ) 


(3) 


For example, if a lamp having a carbon filament uses .5 ampere 
of current and the voltage across the lamp is 110 volts, the resis¬ 
tance is, by formula (2), R = = 220 ohms. In the case of 

a tungsten lamp having the same voltage and using only .2 am- 
ixsre of current, the resistance is R = “ 2 - = 550 ohms. 

Examplr 1.—If the c.m.f. of a Grove cell is 1.8 volts, the internal resist¬ 
ance is .32 ohm, and the external resistance is 8 ohms, what is the strength 
of the current in the circuit? 

Solution. —The total resistance is the sum of the internal and external 
resistances, or 8 + .32 = 8.32 ohms. Applying formula (1), 

. 1.8 


8.32 


; .216 + ampere. Ans. 


Example 2.—If the internal resistance of a Daniel cell is 2.2 ohms, the 
resistance of the external eireuit is 33 ohms, and the strength of the current 
is .03125 ampere, what is the c.m.f. of the cell? 

Solution. —The total resistance is 2.2 -h 33 = .36.2 ohms. Applying 
formula (3), 

E = .03125 X 35.2 = 1.1 volts. Ans. 

Example 3. —The wire in the external circuit of a certain cell has a re- 
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Histance of 20 ohms, the cell has an e.m.f. of 1.44 volts, and the strength of 
the current is .066 ampere. What is the internal resistance of the cell? 
Solution. —Representing the internal resistance by r, the total resistance 

is r + 20 ohms. By formula (2), r + 20 ■= = 21.818 + ohms, and 

r = 21.818 - 20 = I.8I8 ohms. Ann. 


ELECTRIC CIRCUITS 

29. It was stated in Art. 12 that before a current can flow the 
circuit must be closed; it was also stated that the current must 
return to the point or place where it was generated; and these 



statements are true, no matter how 
the current is produced. It will 
be convenient in what follows 
under the above heading to con¬ 
sider the current as produced by a 
battery of cells, but all statements 
will apply with equal truth when 
the current is generated by a 
dynamo. 

Before taking up the general sub¬ 
ject of electric circuits, it will be 
well to consider again the circuit 
described in connection with Fig. 
.'), which is Fig. 1 repeated. 

Where the current leaves the cell, 
or where it leaves its place of generation, is always positive and 
is marked -|-; the potential at this point is always higher than 
at any other point of the circuit. The point where the current 
enters (returns to) the cell is negative and is marked minus (—); 
the potential at this point is always lower than at any other point 
of the exicmal circuit. The direction of the current is indicated 
by the arrows. The current passes from the zinc plate, through 
the electrolyte to the copper plate; hence, that part of the zinc 
plate touched by the electrolyte is positive, and that part of it 
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above the electrolyte is negative. This corresponds to a bar 
magnet, in which one end is positive and the other negative. 
For the same reason, that part of the copper plate touched by the 
electrolyte is negative (since the current flows to it, and the 
current always flows towards a negative), and the part above it 
is positive. The plate that is consumed by the electrolyte is 
called positive; in this case, the zinc plate is the positive plate. 
The other plate, the copper plate in this case, is the negative 
plate. Instead of positive and negative plates, the words anode 
and cathode are used, the anode being the electrode (pole) by 
which the cunont enters the cell, and the cathode being the elec¬ 
trode (pole) by which the current IcMves the cell. In Fig. 5, the 
current flows from the anode (the zinc plate) through the elec¬ 
trolyte to the cathode (the copijcr plate), loaves the cell at the 
cathode, flows through the wire to the resistance coil C, through 
the coil and the other wire to the anode, where it enters the 
cell. S is a switch, the oix;ning or closing of which opens or closes 
the circuit. Thus, if the switch is open, no current flows; but 
if it is closed, the current flows through the entire circuit. Elec¬ 
tricity produced by a cell or a battery of cells is usually called 
voltaic, or galvanic, electricity, named after Alessandro Volta and 
AJvisio Galvani, respectively. 

30. Series Circuit.—When the current leaves its source and 
returns to it by a single path, the path traveled is called a series 
circuit; the circuit in Fig. 6 is a series circuit. The cii-cuit may 
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be composed of wires of different siz^ and made of different 
materials (and, hence, of different resistances) and may have any 
number of resistances, such as lamps, motors, rheostats, etc.; 
but if the current pass through each in succession and back to 
the source, the whole making a single path, the whole is a series 
circuit, and the various resistances are said to be connected in 
series. Referring to Fig. 6 , JS is a battery of cells generating 
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electricity. The curreut leaves the battery at the point marked 
+, flows to and through the resistance coil Ci, to and through the 
resistance coil C'j, to and througj' the resistance coil Ca, and then 
back to the battery. The path is therefore a single one, and the 
circuit is a scries circuit. Referring now to the battery B, the 
heavy linos represent anodes and the (longer) light lines cathodes, 
each anode and its adjacent cathode representing one cell. The 
cells are so connected thai the cathode of the first (right-hand) 
coll is joiiml to the mode of the second cell; the cathode of the 
second cell is joined to the anode of the third cell, etc. The cur¬ 
rent, consequently, passes through each cell in succession, and the 
cells arc said to be connected in series. The result of this arrange¬ 
ment is that the entire circuit—wir<», coils, and cells—is a series 
circuit. Considered as poles, the cathode is the positive pole and 
is marked +, the anode is the negative pole, and is marked -. 

31. Resistance of a Series Circuit. —When all the resistances 
are in series, as in Fig. 6, the total resistance of the circuit is 
equal to the sum of the separate resistances that make up the 
circuit, or the resistance of the wire -f resistances of coils -|- 
intcrnal resistances of the cells composing the battery. The 
diagram shows that there are 5 cells, and if the internal resis¬ 
tance of each cell is 1.7 ohms, the resistance of the battery is 
1.7 X 5 = 8.5 ohms. If the total resistance of the conducting 
wire is 4.5 ohms, the total resistance of the circuit is 8.5 -t- 4.5 
-|- 7 -I- 66 -b 12 = 88 ohms. 

32. The ejmi. of Cells Connected in Series.— The e.m.f. of 

a battery of cells connected in series is equal to the sum of the 
e.m.f.’s of the cells. This Ls evident, since it is equivalent to 
pihng several weights on top of one another, thus making a single 
weight whose value is equal to the sum of the separate weights. 

If each cell of the battery in Fig. 6, has a voltage of 1.32 volts, 
the e.m.f. of the battery is 1.32 X 5 = 6.6, and the strength of 
6 6 

the current in the circuit is gg = .075 ampere. 

Example. —Suppose it liod been desired to pass a current of about .36 
ampere through the above circuit; how many cells of the same voltage (1.32 
volts) would have been required? 

SonmoN.-By formula (3), Art. 28, IS = JB = .36B. The resistance of 
the external circuit is 4.S + 7 + 56 -b 12 = 79.5 ohms. Let n = the num¬ 
ber of cells, then the resistance of the internal circuit is 1.7 X n = 1.7», 
and the voltage of all the cells is 1.32«. The total resistance is fl = 1.7n 
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+ 79.5, and E ■■ 1.32» = .36(1.7n + 79.6). Dividing both aides of this 
equation by .36, 

SHn = 1.7n + 79.6 
Multiplying by 3, lln = 5.1» + 238.5 
Whence, 5.9n = 238.5 

and n “ 40.4 + , say 40 cells. .An*. 

To ascertain whether this result is correct, calculate the 
strength of the circuit when 40 cells are used. The internal re¬ 
sistance is 1.7 X 40 = 68 ohms; the total resistance is 68 -|- 
79.5 = 147.5 o h m s . The total e.m.f. is 1.32 X 40 = 52.8 volts. 

52.8 

Then, by formula (1), Art. 28, I = j 4 ^ “ .358— ampere. 

Had 41 cells been used, the total r^istance would have been 
1.7 X 41 -|- 79.5 = 149.2 ohms; the total voltage, 1.32 X 41 = 

54.12 

54.12 volts, and the strength of current, ^ “ -363— ampere. 

When cells are connected in scries, the current generated in 
the first cell flows into the second, the current generated in the 
first two cells flows into the third, etc., and the total current, 
which is generated in all the cells, flows through the entire outer, 
or external circuit, when all the external resistances are in scries. 
Note that: the current flmving at any point of the external circuit 
of a series circuit is exactly the same as of any other point of the 
external circuit. 

33. Parallel or Multiple Circuits.— When a circuit is divided 
into two or more branches, uniting later at some point in the 
circuit, as in Fig. 7, where the circuit is divided at A and united 
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at D, the circuit is called a parallel or multiple circuit The 
reason for using the names is evident; in the diagram, the two 
wires V and L are parcMd, and since there is more than one wire, 
this fact is indicated by the word multiple. The current flowing 
through the wire m is divided at A, a part going through the wire 
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U, the coil C', and wire U', and the remainder through the wire 
L, the coil C", and the wire L'; both parts of the current unite at 
D, and the entire current flows back to the battery through the 
wire n. The two circuits between A and D are called shunts; L 
is said to shunt U and U is said to shunt L, meaning thereby that 
a part of the current which would otherwise go through U (or 
L), if there were but one wire; is deflected or shunted through L 
(or V), The case is siruilar to that of a water main hav¬ 
ing branches; the water flowing through the main will divide, 
a part going through one branch, a part through another 
branch, etc. If the branches were all to unite again, form¬ 
ing another main, all the current flowing through the first 
main would flow through the second, and also through the 
branches. This is what happens in a multiple electric circuit; 
all the current flows through the main conductors, and this equals 
the sum of the currents flowing through the shunts. If the re¬ 
sistances of the shimts are aU equal, the amount of current flow¬ 
ing through each will be equal to the current in the main 
conductors divided by the number of shunts; if they are not equal 
the current divides inversely as their resistances. Thus, in Fig. 
7, if the current in the mains is 16 amperes and the resistance of 
the upper circuit is equal to the resistance of the lower circuit, 
the current in the two shunts will be 15 4- 2 = 7.5 amperes in 
each. If, however, the resistance in the upper shunt is 24 ohms 
and in the lower shunt 40 ohms, it is evident that more current 
will flow through JJ than through L, since the resistance of U 
is less than the resistance of L. Let x = the current flow¬ 
ing through O’; then 15 — a; = the amount of current flowing 
through L. By Ohm’s law, the strength of the current varies 
inversely as the re^tance; the e.m.f. causii^ the flow is deter¬ 
mined by the difference of potential between the terminals of 
the circuit, and for any particular value, the variation in current 
flow will be due to a variation in the resistances. If the cur¬ 
rent varied directly as the resistance, the current in the two 
shunts could be determined by the proportion 
X : 15 - a; = 24 : 40 

But, since the proportion is an inverse one, it must be written 
either as 


or as 


X : 15 — X = -j'j : ^ (o) 

X : 16 - X = 40 ; 24 (5) 



§2 


THEOEY OF CURRENT ELECTRICITY 


23 


Solving either proportion, (o) or (b), a: = 9.375 = 0?^ amperes, 
and 15 — a: = 15 — 9% = 5^ amperes. Therefore, the upper 
wire U carries 9% amperes and the lower wire L carries 5% am¬ 
peres. The sum of the currents carried by the two shunts is 
9% + 6% = 15 amperes, the total current. 

34. These results might have been obtained in another manner, 
usii^ a method similar to that of partnership in arithmetic. 
Thus, the current going through the upper shunt is proportional 
to = .041%; the current going through the lower shunt is 
proportional to %o = -025; the sum is .066%; hence, the upper 
.041% 

shunt carries X 15 = 9.375 amperes, and the lower shunt 


carries X 15 = 5.625 amperes. Or, instead of reducing 

the fractions to decimals (that is, to a common denominator of 
100), reduce the fractions to fractions having a common demoni- 
nator, preferably the least common denominator, and then 
operate with the numerators in the same manner as with the 
decimals. Thus, the L.C.M. of 24 and 40 is 120; -if = and 
■?'ir = tIv; 5 -f 3 = 8; then, the current in the upper shunt is 
f X 15 = 9| amperes, and the current in the lower shunt is 
f X 15 = 5| amperes. 

35. This last method may be applied to any number of shunts. 
Thus, suppose there were four shunts. A, B,C, and D, in a mul¬ 
tiple circuit, and that 24 amperes are flowing through the main. 
If the resistances are >1 = 6 ohms, R = 10 ohms, C = 3 ohms, 
and D = 11 ohms, what is the current in each shunt? The frac¬ 
tions are J, iV, ^ and the L.C.D. is 330, and the frao- 
tions reduced to this denominator are sVt) iMi and 
The sum of the numerators is 228; and the current in shunt A 
is tVV X 24 = 5.789 amp., the current in shunt B is -ffjs X 24 
» 3.474 amp., the current in shunt C is ^ X 24 = 11.679 
amp., and the current in shunt D is #r X 24 » 3.158 amp. The 
sum of the currents in the four shunts is 5.789 + 3.474 H- 11.579 
-i- 3.158 o 24.000 amp., the same as the current in the main. 


more than two figures, it will usually be easier to reduce tibe 
fnwtions to decimals than to reduce than to a common 


denominator. 

Aimther example of a muliiide dreuit is shown in Hg. 4. 
Ban ilm current is divided so that it paasm threu{^ tech of 
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the four lamps and also through the motor M. In this case, 
there are evidently 5 shunts. 

36. Conductance.—The conductance of a circuit is the recip¬ 
rocal of its resistance. Thus, if the resistance of a certain cir¬ 
cuit is 34.72 ohms, its conductance is 1 ^ 34.72 = .02880-f-; if 

the resistance of a circuit is .00037, its conductance is ' QQg 3 y = 

167—. Consequently, (see Art. 36) in a multiple circuit, the 
current divides in direct proportion to the conductances of the 
shunts. Th!' unit of conductance is the mho (pronounced mo), 
this word being ohm written backwards. In the first case above, 
the conductance is .0288 mho; in the second ca.se, it is 1.57 mhos. 

If the conductance in mhos is known, the reciprocal of it will 
be the resistance in ohms; for instance, if the conductance of a 
certain circuit is .0026 mho, the resistance of this circuit is 1 -i- 
.0626 = 16 ohms. 

37. Connecting Cells in Multiple or Parallel.—Two or more 
cells may be connected in multiple or parallel by connecting each 
anode to a main and each cathode to a main, as shown in Fig. 8, 

where all the cathodes are connected 
to the main conductor M and all the 
anodes arc connected to the main con¬ 
ductor N. The current flows from the 
cathodes through wire M, the coil C, 
the wire N, and back to the anodes. 
The e.m.f. of the circuit is the same 
as the e.m.f. of one cell, assuming 
that the cells are alike and that they all have the same e.m.f. 
To understand tliis statement, assume that there are 6 blocks 
of wood, each block being one foot square and of such thickness 
as to weigh 8 pounds; then the pressure per square foot due to 
the weight of one block will be 8 pounds. If the blocks are 
piled, one on top of the other, they will be arranged in series, 
and the pressure per square foot due to their weight will be 
6 X 8 = 40 pounds. If, however they arc arranged alongside 
one another, they will be arranged in multiple, and the pressure 
per square foot will be the same as that of one block, or 8 
pounds. This is exactly what happens in the case of the voltage 
of a multiple circuit—the voltage of any one shimt is the same 
as the voltage of the main. 
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As another illustration, a cell will generate the same e.m.f. I'e- 
gardlcss of its size; but if the distance between the plates remain 
constant, the current strength will be in proportion to the area 
of the plates in contact with the clcctrolyt,e, assuming that this 
area (which may be called the wetted area) is the same for both 
plates;'but if not, the smaller wetted area sliould be used in 
forming the proportion. Suppose the wotted area is 1 square 
millimeter; then the internal resistance may be considered as 
equal to that of a wire of the same substance as the electrolyte, 
having a cross-section of 1 sq. ram. and a length equal to the 
distance between the plates. If the area bo doubled, the resis¬ 
tance will be halved; but the o.m.f. being the same as before, 
the current will be doubled, all in accordance with the statements 
in Art. 27. If a number of cells, say 5, are connected in scries, 
the current must pass through all 5 cells; this is equivalent to 
lengthening the path through the electrolyte, making it, in this 
case, 5 times as long, and increasing the resistance 5 times. But, 
if the resistance be increased 5 times, the e.m.f. must also bo 
increased 5 times to get the same strength of current. Therefore, 
when cells are connected in scries, the electromotive force of the 
combination is equal to the e.m.f. of 1 cell multiplied by the num¬ 
ber of cells. 

If the cells arc connected in parallel (multiple), the effect wUl 
evidently be the same as though one large cell were used whose 
plates had the same wetted area !is the sum of the wetted areas 
of the small cells, assuming that the distance between the plates 
were the same in both cases. The resistance of the electrolyte 

in the large cell will, however, be only “th as great, the number 

of colls being n, since the wetted area of the large coll is n times 
that of one of the small cells. The e.m.f. (voltage) generated by 
the chemical action of the electrolyte will evidently bo the same 
as for one of the small cells. Thus, suppose there are 6 cells; 
then, if the 5 anode plates and 5 cathode plates are placed in the 
same large cell, and are situated the same distance apart as in 
the small cells, and the corresponding anodes and cathodes are 
connected by wires, the conditions are exactly the same as though 
there were 5 separate cells. But, if all the anodes are connected 
to a single wire and all the cathodes are connected to the same 
wire, the result is the same as though there were a single anode 
and a ainglp cathode, each having a wetted area 5 times that 
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of a single cell. This, however, has not in any way changed 
the e.m.f. 


Assuming that there is no external resistance, connecting the 
cells in multiple increases the current strength as many tim% 
as there are cells; because, assuming that there are n cells, the 

resistance of the electrolyte is only ^th as great. Since I 


E R fi E 

= tz< and E remains the same, I = E -i- =EX-s = nX-5- 
it fl K K 

When iho cells are connected in series, the current strength 

remains the same. The current passes through all the cells in 

succession; the e.m.f. is n times as great, but the resistance is 

n tunes as great also; and I = —= vj, as before. It is 

» X it it 

here assumeil, as in the preceding case, that there is no external 
resistance. 

What is true of cells is true of resistances; if a circuit is divided, 
the difference of potential between the terminals makes the e.m.f. 
of each shunt the same. Hence, if a constant current is desired, 
connections should be made in series; but, if a constant e.mf. 
is desired, connections should be made in parallel or multiple. 


38, Joint Resistance.—When two or more resistances are con¬ 
nected in parallel, the resistance of the combination is less than 
the resistance of either; this must be so, since the area of all the 
conductors is greater than the area of any one of them. Refer¬ 
ring to Fig. 7, the resistance of the shunts considered as a single 
combination and called the joint resistance is equal to the recip¬ 
rocal of the sum of their conductances. If the resistance of the 
upper wire and coil is 24 ohms, its conductance is mho; if 
the resistance of the lower wire and coil is 40 ohms, its conduc¬ 
tance is } 4 o niho; the sum is ^-^4 + Ko = H20 = Ks and 
the joint resistance is 1 -i- Hs = 15 ohms. This method of 
finding the joint resistance may be applied to any number of 
shunts. 

The joint resistance being known and the current dividing at 
A being 15 amperes, the voltage of the current in the shunts 
(due to the difference of potential between A and B) may be cal¬ 
culated by Ohm’s law. The total current of 16 amp. unites at 
D, and since the joint resistance is 15 ohms, the voltage at A 
is £ = /if = 15 X 16 = 225 volts. Hence, the current going 
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through U is r = = 9.375 amp., and the current 

E 225 , 

through L is I" = = •'’■^25 amp., the same result as pre¬ 

viously obtained. 

To make the foregoing a little clearer refer to Fig. 9. A and D 
are two parts of a water main that is divided into two branches, 
B and C. The pressure per square inch at m and n is the same as 
at A; hence, the specific pressure P at A is the moving force 
(motive force) at m and n that causes the water to flow through 
the shunts B and C; and this pressure corresponds in all respects 
to the e.m.f. at A in Fig. 7. Consequently, dividing or splitting 



a current, thus making a multiple circuit, does not change the 
motive force; and what is true of water is, in this case, also true 
of an electric current. It makes no difference whether the cur¬ 
rent is divided or whether it is united, the motive force is un¬ 
changed. Thus, the motive force (specific pressure) at D, Fig. 9, 
is the same as at m' and n'; and in Fig. 8, the e.m.f. at w is 
equal to the e.m.f. at n plus the e.m.f. required to overcome the 
resistance between m and n, which is the e.m.f. of one cell. 

Note that the joint resistance is less than the resistance of 
either shunt. This was to be expected; since, if one of the shunts 
were to be opened, all the current would then flow through the 
E 

other shunt. Since R = j and E is not changed, it follows that 


if I be increased, R must be decreased, and R is decreased by con¬ 
necting the other shunt. The more paths (shunts) there are 
for the current to follow, the less the resistance, and the joint 
resistance is less than that of the shunt having the smallest re¬ 
sistance. Also, the sum of the currents in all the shunts must 
always equal that at the point where it divides and the point 
where it unites, and this, in turn, must equal the current at any 
point of the mains. 
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39. Applying Ohm’s Law to Parts of a Circuit—Whenever a 
continuous ciirront is hawing, Ohm’s Jaw may be applied to any 
section of the circuit, provided the resistance is taken as the re¬ 
sistance of that section only, and the voltage is taken as that due 
to the difference of jjotential between the two entls of the sec¬ 
tion. For instance, in the last article, the volbige across the 
shunts was 22.5 volts, which was produced by the potential differ¬ 
ence between A and D; the resistance in the upper shunt between 
A and 7) is 24 ohms, and in the lower shunt it is 40 ohms; hence, 
if it is desired to find the current in either shunt, the voltaRc and 
resistance for that shunt must bo substituted for E and It in 
the formula expressing Ohm's law. 

It is to be noted that in a multiple circuit if the resistance is 
high, only a small (mrrent will flow through that shunt; but if the 
resistance is low, a large current will flow through it. No matter 
how many shunts there are in a multiple circuit, nor how high 
the resistance of one of those shunts may be, the current flows 
through all the shunts, though only a very small current may flow 
through the shunt having the highest resistance. Electricity is 
like water in this respect: it does not follow one path or several 
paths; it follows all paths that form a closed circuit with the main. 
The strength of the current in any shunt, any part of a shunt, or 
any part of the circuit may be found by Ohm’s law when the 
voltage and resistance of the section are known; or, if the cur¬ 
rent and resistance are known, as is usually the case, the voltage 
across the section may be calculated; or, finally, as is sometimes 
the case, if the strength of the current through the section and 
the voltage across the section are known, the resistance can be 
calculated by Ohm’s law. 

Example 1.— Referring to Fig. 6, suppose the battery to be made up of 
20 cells conmwted in series, and that each cell has an c.m.f. of 1.8 volts and 
an internal resistance of 1.4.5 ohms. The resistances of the coils C, and C, 
being 7 ohms and 56 ohms, respectively, the resistance of the wire being 5 
ohms, and the cun-ent strength being ,33026 ampere, what is the resistance 
of coil Cj? 

Solution.— Since the voltage is known only lor the difference of potential 
between the terminals of the battery, it is nccessaiy to calculate Vhe tolal 
resistance, subtract from this the sum of the known resistances, and the 
remainder will be the resistance of the coil. ITie total voltage is 1 8 
X 20^ 36 volte; tlie current is .33026 amperes; hence, the total resistance is 

^ “ 7 “ 109.00 + ohms. The resistance (internal) of the 

battery is 1,45 X 20 = 29 ohms; the sum of the external resistances, not 
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including coil Cj, is 5 + 7 + 56 = 68 ohms; and 68 + 29 = 97 ohms, the 
sum of the known resistances. Therefore, the resistance of coil Ci is 109 
— 97 = 12 ohms. Am. 

Example 2. Keferring to Fig. 10, suppose S to be a battery of 20 cells 
connected in multiple, and that the wires leading from the cells to the 
mains connect with the mains so near together that for practical purposes 
they may be said to connect at points, as m and n in Fig. 8. If each cell 
has an c.m.f. of 1.8 volts and the internal resistance of each cell is 1.44 
ohms, what is the strength of the current through coils f'l and Ct, assuming 
that the wire in shunts M and N is twice as long as in shunts P and Qt 



Fio. 10. 


SoLTTTioK. —iSince the cells are all connected in multiple, the c.m.f. of 
the circuit is 1.8 volts: and since there arc 20 cells, the internal resistance 
1.44 

Ri of the battery k lU = = .072 ohm. Clonsideruig E and F as the 

points where the wires from the battcrj' connect with the mains, the length 
ECl>F is twice EA bF, and the resistance of the former is twice that of the 
latter. (.Sec Art. 27.) Since the total resistance of the wire is 3 + 3 

2 

= 6 ohms, the resistance of ECDF is 6 X g ^ ohms, ahd of EABF 


6 X g = 2 ohms. 


1 


EAUF is 


_ 1 
23+2 


.2 mhos and of 
= .04 mhos; the total conductance of the external circuit 


Tlie conductance of ECDF is j-, , 
4 + 1 


is .2 + .04 = .24 mhos and its resistance is -gj = 4.167 ohms. 

Tlierefore, the total resistance of the multiple circuit is 4.167 + .072 

1 8 

= 4.2;19 ohms; the strength of the current is = .4246 amperes. The 

10 

29 

current flowing through coil Ci is .4246 X Jf - -354 amperes. Arm. 

12 

The current flowing through coil Cj is .4246 X -jy = .0708 amperes. Am 

‘e 

Sine^! the external resistance is 4.107ohm8 and the internal resistance only 
.072 ohm, the latter may be neglected in practice, and the strength of the 
1 R 

current is ^ = .43 amp. The results obtained above may be considered 

in practice as .35 amp. and .07 amp., and the sum is .42 amp. 
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39. Applying Ohm’s Law to Parts of a Circuit— Whenever a 
continuous ciirront is hawing, Ohm’s Jaw may be applied to any 
section of the circuit, provided the resistance is taken as the re¬ 
sistance of that section only, and the voltage is taken as that due 
to the difference of jjotential between the two entls of the sec¬ 
tion. For instance, in the last article, the volbige across the 
shunts was 22.5 volts, which was produced by the potential differ¬ 
ence between A and D; the resistance in the upper shunt between 
A and 7) is 24 ohms, and in the lower shunt it is 40 ohms; hence, 
if it is desired to find the current in either shunt, the voltaRc and 
resistance for that shunt must bo substituted for E and It in 
the formula expressing Ohm's law. 

It is to be noted that in a multiple circuit if the resistance is 
high, only a small (mrrent will flow through that shunt; but if the 
resistance is low, a large current will flow through it. No matter 
how many shunts there are in a multiple circuit, nor how high 
the resistance of one of those shunts may be, the current flows 
through all the shunts, though only a very small current may flow 
through the shunt having the highest resistance. Electricity is 
like water in this respect: it does not follow one path or several 
paths; it follows all paths that form a closed circuit with the main. 
The strength of the current in any shunt, any part of a shunt, or 
any part of the circuit may be found by Ohm’s law when the 
voltage and resistance of the section are known; or, if the cur¬ 
rent and resistance are known, as is usually the case, the voltage 
across the section may be calculated; or, finally, as is sometimes 
the case, if the strength of the current through the section and 
the voltage across the section are known, the resistance can be 
calculated by Ohm’s law. 

Example 1.— Referring to Fig. 6, suppose the battery to be made up of 
20 cells conmwted in series, and that each cell has an c.m.f. of 1.8 volts and 
an internal resistance of 1.4.5 ohms. The resistances of the coils C, and C, 
being 7 ohms and 56 ohms, respectively, the resistance of the wire being 5 
ohms, and the cun-ent strength being ,33026 ampere, what is the resistance 
of coil Cj? 

Solution.— Since the voltage is known only lor the difference of potential 
between the terminals of the battery, it is nccessaiy to calculate Vhe tolal 
resistance, subtract from this the sum of the known resistances, and the 
remainder will be the resistance of the coil. ITie total voltage is 1 8 
X 20^ 36 volte; tlie current is .33026 amperes; hence, the total resistance is 

^ “ 7 “ 109.00 + ohms. The resistance (internal) of the 

battery is 1,45 X 20 = 29 ohms; the sum of the external resistances, not 
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resistance is = 21.76 ohms. The internal resistance of the battery is 

1.875 X 24 = 45 ohms; the external resistance is 6 + 21.76 + 9 = 38.76 
ohms; and the total resistance is 36.76 + 45 = 81.76 ohms. By Ohm’s 

E 

law, the strength of the current flowing through the entire circuit is 

= gj yg = .44031 amp. The current in the upper shunt is .44031 X ^ 

17 

= . 1409 amp., and in the lower shunt it is .44031 X ^ = .29941 amp. By 

Ohm’s law, E = IB; hence, since the rraistanco to A is 45 + 6 = 51 ohms, 
the voltage necessary to carry the current to A is .44031 X 51 = 22.466 
volts; the resistance to /) is 51 + 21.76 = 72.76 ohms, and the voltage 
necessary to carry the current to W is 72.76 X .44031 = 32.037 volts; the 
voltage necessary to carry the current across the shunts is 32.037 — 22.456 - 
9.581 volts. Ans. Or, since the resistance of the shunts is 21.76 oluns and 
the current (total) across them is .44031 ampere, the c.m.f. required to 
cany the current across the shunts is jB = .44031 X 21.76 = 9.581 volts, 
the same result as before. 

That the voltage required to send the current through the 
upper and lower shunts is the same and is equal to the result 
just obtained may be reatlily proved by multiplying the current 
in either shunt by the resistance of the shunt; thus, for upper 
shunt, E = .1409 X 68 = 9.581 + volts, and for lower shunt, 
E = .29941 X 32 = 9.581+ volts. 

41. Referring to the example just given, the e.m.f. of the 
external circuit is highest where the current leaves the last cell 
and enters the wire; from this point on, it continually decreases, 
becoming zero where the wire connects with the anode of the 
first cell. For instance, referring to Fig. 11; the voltage re¬ 
quired to force the current through the battery is .44031 
X 45 = 19.814 volts; the e.m.f. at m, where the current enters 
the wire is 36 - 19.814 = 16.186 volts; at +, the e.m.f. is 36 
— 22.456 = 13.544 volts; at D, the e.m.f. is 36 — 32.037 = 3.963 
volts; and at n, the c.m.f. is 36 - 36 = 0. This corresponds 
exactly to the flow of water through a pipe; as the distance from 
the supply increases, the force (pressure) causing the water 
to flow decreases. This loss in motive force, which occurs in 
every circuit, is called the line drop, and more will be said con¬ 
cerning this later. It may be here stated, however, that in well- 
designed electric circuits, the line drop is comparatively small. 
Since a loss of electromotive force implies (and is the result of) 
a loss of potential, the term loss of potential is frequently used 
instead of line drop. It is the loss of potential between any 



ELEMENTS OF ELECTRICITY 


^2 


52 


\ti\ 8 that causes the current to flow between them, bc- 
loss of potential equals the potential required to over- 
conw tho TcmBlancc bet n'cea tlwse two points, 

III connection with the foregoing, it is to bo noted ths/t the 
c.m.f. referred to is the e.m.f. required to drive the current 
through the external circuit. The actual e.m.f. at the cathode 
must bo greater than this by an amount sufficient to drive the 
current through the internal resistance, and this is the c.m.f 
at the anode. In the case of a dynamo, let £ = total e.m.f. 
generated. It = total resistance, £' = o.m.f. required for exter¬ 
nal circuit, £" = e.m.f. reejuired for overcoming internal resis¬ 
tance, R", of dynamo; then, E = E' + E" = e.m.f. of current at 
point where it leaves the dynamo (the positive brush) and E" 

= E — E' = e.m.f. at point where current returns and entera 
the dynamo (the negative brush). The curnmt remains con¬ 
stant tliro\ighout the circuit; because, as the c.m.f. decreases, the 
rc.sistance to be overcome also decreases, and in the same pro¬ 
portion. When the e.m.f. drojM to the value E", the resistance 

E" E 

is that of the internal circuit only, and ^ — ji" ~ £• 

Referring again to the preceding example and to Mg. 11, if 
the resistance of the wire in the upper shunt bo 2 ohms between 
A and a, 1 ohm between h and c, 3 ohms between d and e, and 
2 ohms between / and D in the upper shunt (the total is2-b 
1 -I- 3 -|- 2 = 8 ohms), what is the line drop between A and o, 

A and 6, A and c, A and d, A and c, and A and/? The resistance 
between A and a is 2 ohms and the current is .1409 ampere; 
hence, the line drop between A and a is Ea = .1409 X 2 
= .2818 volt. Similarly, the line drop between A and b is Et 
— .1409 X 12 = 1.6908 volts; between A and c, the lino drop is 
Ec — .1409 X 13 = 1.8317 volts; between A and d, the line 
drop is Ed - .1409 X 33 = 4.6497 volts; between A and e, 
the line drop is E, = .1409 X 36 = 6.0724 volts; between A 
and/, the line drop is E/ = .1409 X 66 = 9.2994 volts. 

It will be observed that when calculating the line drop be¬ 
tween any two points, the strength of the current flowing be¬ 
tween those points is multiplied by the total resistance between 
those points. Thus, the line drop between b and e is .1409 X 
(1 + 20 -f- 3) = .1409 X 24 = 3.3816 volts. 

42. Use of Series and Parallel Coimections.— A common use 
of the series circuit is a street lighting system in which the arc 
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(or incandescent) lamps are connected in series. The lamps are 
all alike, and each lamp offers the same resistance. Since in a 
series circuit, the strength of the current is the same throughout 
the circuit, the voltage across each lamp is the same also, neglect¬ 
ing the line drop in the conductor (which is comparatively 
small), because E = IR, and as I and R do not change, E re¬ 
mains constant. Therefore, the voltage of the dynamo generat¬ 
ing the current is equal to the voltage of one lamp multiplied 
by the number of lamps, to which must be added the voltage 
necessary to send the current through the conductors. 

In the case of houses, factories, mills, and public buildings, it 
is desirable to keep the c.m.f. constant, since the various in¬ 
candescent lamps, motors, fans, electric irons, etc. are all de¬ 
signed for a certain voltage; the resistances and current strengths 
vary greatly, however, and it is therefore necessary to connect 
with the mains in multiple. By so doing, every lamp, motor, 
fan, or other piece of electrical apparatus is connected in parallel 
with each other, and every one has the same voltage at its ter¬ 
minals. The dynamo furnishing the current for such a circuit 
will have passing through it the sum of all the currents required 
to operate all the electrical apparatus in the circuit. 

When lamps are connected in series, if one burns out, thus 
breaking the circuit, all the lamps in the circuit will go out. 
For this reason, lamps connected in scries are fitted with auto¬ 
matic etU-outs, as they are called; then if a lamp bums out, the 
circuit is closed automatically, cutting out the lamp, and the 
remaining lamps continue to burn. 

43. Fig. 12 shows in diagrammatic form how lamps are con¬ 
nected in multiple. Here AB and CD are the mains, or rather, 
sub-mains, simse they lead from 
the street mains to the house or 
other building. The current 
flows from the dynamo to A 
and on to B, dividing at a, b, c, 
etc., flowing through the lamps, Fiq. 12. 

and then back through the other 

sub-main CD to the negative pole of the dynamo. Assuming 
that the resistances of all the lamps are equal, the total re¬ 
sistance of all the lamps (when all are burning) will be equal 
to the resistance of one lamp divided by the number of lamps, 
provided the conductors are of sufficient sise to allow the line 
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drop to be neglected. Suppose there are 50 lamps, the voltage 
of each being 110 volts and the resistance of each when hot 
(burning) being 220 ohms. When all the lamps are burning, 
the total resistance will be 220 -i- 50 = 4.4 ohms. If the 
resistance of the conductors (mains) is .6 ohm, the resistance of 
the circuit is 4.4 +.6 = 5 ohms, and the strength of current 
required to light the lamps is / = 110 5 = 22 amp. 

If only 25 lamps are burning, the total resistance will be 220 -f- 
25 = 8.8 ohms; the line drop to the first lamp will be the same 
as before, .6 ohm, and the resistance of the circuit will bo 8.8 
+ .6 = 9.4 ohms; and the current required for 25 lamps will be 

I = jj ^ = 11.7 amp. 

That the current for 25 lamps is more than one-half that for 
50 lamps is due to the fact that the resistance of the mains is 
the same (practically) in both cases. Therefore, there is less 
drop of pressure in the mains, with half the lamps out, and the 
applied e.m.f. at the lamp terminals is greater, thus forcing more 
current through them. 


WORK, ENERGY, AND POWER 

44. Work.—When a force overcomes a resistance and acts 
through a certain distance, work is done. The unit of work in 
English measures is the foot-pound, which means that a force of 
one pound has acted against a resistance of one pound through a 
distance of one foot. If a pound weight be raised vertically a 
distance of one foot, one foot-p>ound of work will be done, be¬ 
cause the pound weight offers a resistance of one pound and this 
resistance is overcome through a distance of one foot. Conse¬ 
quently, to find the work done in overcoming any resistance 
whatever, multiply the resistance (expressed in pounds) by the-.* 
distance through which the forc'e acts (expressed in feet); the 
product will be the work in foot-pounds. 

Work always implies a movement; if a body in motion be 
acted on by a force, it will either increase or decrease the velocity 
of the body (if it be an external force), and work will be done. 
If, however, the body be at rest and the force is not great enough 
Jp cause a movement in the body, no work will be done. For 
i^tance, a man may push with all his might against a stone wail; 
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he will thus exert considerable force on the wall, but no work will 
be done, unless the wall moves. 

45. The practical electrical unit of work is the volt-coulomb, 
and is the work done by one coulomb of electricity when the e.m.f. 
of the current is one volt. Since an ampere is one coulomb per 
second and a coulomb is one ampere-second (see Art. 18), the 
practical unit of electrical work may be defined as: 

The 'practical unit of electrical work is the work done when a 
current of one ampere hewing an e.m.f. of one voU flows far one second. 

Instead of the term volt-coulomb, the single word joule 
(named after James Prescott Joule) Ls used. Hence, to find the 
work drnie by an electric current, multiply the current in amperes by 
the time in seconds and by the e.m.f. of the current in volts; the result 
will be the work in joules. To express this as a formula, 

Let W = the work in joules; 

I = the strength of current in amperes; 

E = electromotive force of current in volts; 
t = time that current acts, in seconds; 

then, W = lEt 

Example. —If a ctirrcnt of 11.5 amperes, having an e.m.f. of 110 volts, 
flows for 24 seconds, what is the work done? 

Solution. —Substituting in the formula, W = 11.5 X 110 X 24 «= 30,360 
joules, jlns. 

46. Energy.—A body has energy when it has capacity to do 
work. When the weight that drives the pile in the case of a 
pile driver, is raised to a certain height above the pile, it possesses 
energy; because,, when released and allowed to fall on the pile 
it will drive the pile into the earth, thus overcoming a resistance 
through a distance and doii^ work. A gram of gunpowder 
possesses energy; because, when exploded, it drives a bullet a 
certain distance into a block of wood, say, thus overcoming the 
resistance of the wood through a certain distant. Energy is 

' always measured by the work it can do; hence, it is measured in 
the same units as work, and the formula for work, given in the 
preceding article, may be used for finding the energy of an electric 
current. 

Example.— H a current of .8 ampere flows for 15 seconds under an e.m.f. 
of 55 volts, what is its energy, that is, how much work can it do? 

Solution —The work that the current can do is IE = .8 X 65 X 15 
=. 660 joules: therefore, the energy (effective) of the current is 660 jouleg. 

' Ans. 
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47, Power.—Power is tlio rate of doiiiR work. Iii order to 
eonipare the i'a])!uiiy of tAvo machines, it is not suiRcient to 
compare the woi k done hy one with that (lone by the Other, unless 
the tinie is the same, since one machine iniKlit do as much work 
in an hour as tlie otlier did in a month. To obtain a proper basis 
of comparison, it is neeess:iry to find the work done by ((.aclima- 
ehiiip in a ((erlain s|)(‘eili('d time'. Th(' time is usually taken as 
one s((Coiid; lauice, dividing the work done by the time in seconds 
that it took lo do it. iiba's the work jht second, which is called 
tli(( power of the maeldne or of wliatever aRcmt did the work. 
In Englisli measures, the unit of work is one foot-pound; conse- 
qmmtly, the unit of power is one foot-pound per second. Simi¬ 
larly, the unit of electrical jjower is one joule per second, since 
the unit of electrical noi-k is one joule. Inste.ad of the term 
joule per second, the siiiftle word watt (named after James Watt) 
is used. Hence, to find tlu' i)ower in watts, divide the number 
of joules by the time in .seconds. 

Representinf; the power by P and th(> energy or work by W, 


That Ls, the pow(!r in watts is (apial to the work in joules ditddcd 
by the time in .secionds. But, by Art. 46, W = lEt; hence, 
lEt ^ ^ 

— = - 7 - = IE. Therefore, the power of an electric current 


t 


in watts is equal to the strength of the current in amperes mul- 
tipRed by the o.m.f. in volts, or 


P = IE (2) 

This expression is strictly true for direct current power only. 
In Art. 192 an expression for alternating current power is given. 
The differouce is that the power factor of the (uirrent has to be 
taken into consideration. The student, however, need have no 
concern over this matter for the present. 

By Ohm’s law, £ = IE; substituting this value of E in formula 
(2), P = IXlR = PR, and 

P = PR (3) 

That is, the power of a current in watts is equal to the square of 
the current in amperes multiplied by the resistance in ohniq 
Example. —Under the conditions of Art. 43, it was shown that a current 
of 22 ampenw was required to light 50 lamps in multiple. The e.m.f. across 
each lamp was IJO volts and the total resistance was 6 ohms; what was the 
total power required in watts? 
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Solution. —Using formula (2), 

P = 22 X 110 = 2420 watts. Ana. 

Using formula (3), the resistance being 5 ohms, 

P = 22* X S = 2420 watts. Ana, 

While both formulas give the same result, as they should, it 
may happen in practice that the voltage may not be known, in 
which case, formula (3) would lie used; or the resistance may not 
be known, in which case formula (2) would be xised. It is to 
l)e noted that the number of watts required for each lamp in the 
foregoing example is 2420 -f 50 = 48.4 watts. 

48. The Kilowatt.—For measuring large amounts of power, the 
watt is too small a unit; hence, one thousand watts has been 
adapted as the unit of machines, unless they are very small, and 
this unit is called a kilowatt. To express watts as kilowatts 
(abbreviation K.W.), divide the number of watts by 1000 by 
moving the decimal point three places to the left; to express 
kilowatts in watts, multiply the number of kilowatts by 1000 by 
moving the decimal point three places to the right. Thus, 2420 
watts = 2.420 K.W., and 15.7 K.W. = 15,700 watts. 

Roughly speaking, 1 kilowatt equals 1% horsepower, and 1 
horsepower equals ^ kilowatt. 

49. The Kilowatt-hour.—The watt or kilowatt is useful for 
comparing the capacities of machines, but it is useless in estimat¬ 
ing costs in connection with the use of power. For example, 
suppose in a certain mill, the motors are operated by a current 
received from a large central generating station. Suppose the 
rated power of all the motors in the mill is, say, 300 K.W. If all 
the motors were operating all the time, a basis for computing the 
cost could be arrived at. Evidently, all the motors will not be 
working all the time; some of the motors will operate only a part 
of each 24 hours, and some may work only at odd times. Conse¬ 
quently, the power of a motor (which may not work even to full 
capacity when running) cannot be used as a fair basis for esti¬ 
mating the price to be paid for the use of current. If, however, 
the work done be known, this can be used in calculating costs, 
because a certain number of joules (or foot-pounds) of work 
represent a certain expenditure of energy, no matter how derived; 
and it makes no difference, in computing the cost of this energy, 
whether the energy was expended in one second or one week. 

W 

By formula (1), Art. 47, = y, from which, W = P X < = 
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PL If, therefore, the power of a machine be known, the amount of 
work in joules that it does in a given time is equal to the power 
in watts multiplied by the time in seconds that the machine is 
running; that is, if the power of a machine is 1 watt and it runs 
for 1 second, the work done is 1 watt X 1 second = 1 watt- 
second = 1 joule. The watt-second is too small a unit for prac¬ 
tical purpos<iS, and the kilowatt-hour is used instead. Since 
1 K.W. = KKX) watts and 1 hour 60 X 60 = 3600 seconds, 
1 kilowatt-hour = 1000 X 3600 = 3,000,000 watt-seconds = 
3,600,000 joules. 

The abbreviation for kilowatt-hour is usually written K.W.H.; 
hence, JIO K.W.H. = 30 X 3600000 = 108,000,000 joules. An 
instrument called a watt-hour meter (or kilowatt-hour meter), 
which will be described later, measures the current supplied in 
kilowatt-hours; and with such a meter in place, it makes no dif¬ 
ference when or for how long the current is used, since the meter 
registers the amount of energy consumed, and it is paid for 
accordingly. 

60. Forms of Energy.—Energy exists in a number of forms, but 
for present purposes, it will be considered only in connection 
with the application of an electric current. When the current 
drives a motor, the energy of the current is transformed from 
electric energy to mechanical energy. When an electric current 
is used to heat a flat iron, electric energy is transformed into 
heat, i.e., heat energy. The electric current is also used to de¬ 
compose a solution in order to obtain a chemical clement or com¬ 
pound; thus, by passing a current througli a certain brine solu¬ 
tion, caustic soda and chlorine gas are obtained, and electric 
energy is transformed into chemical energy. It may here be 
stated that whenever a high resistance is offered to the passage 
of an electric current, heat is generated; this is what makes a 
lamp glow or an electric iron hot. When heat is the object 
sought, the energy thus expended is useful; but, in the large 
majority of cases, the heating of the conductors is a disadvan¬ 
tage, and the energy expended in heating is wasted. 

61. Efficiency.—It is impossible for any machine or mechanism 
to give out as much energy or power as it receives, because it is 
not possible to operate it without friction, and the work done in 
overcoming friction is lost; there are usually other losses also 
besides that due to overcoming friction. The work or power that 
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is supplied to a machine is ci^ed the inputi and the work or power 
that is given mU by the machine is called the output; the quotient 
obtamed by dividing the output by the input is called the effi¬ 
ciency of the machine. 


Let Wi = the energy or work supplied (the input); 

F„ = the energy or work given out (the output); 
Pi = the power supplied (the input); 

Pc = the power given out (the output); 
e = the efficiency; 


then, 


Wc _ ^ 

Wi Pi 


( 1 ) 


Efficiency is commonly expressed as a percentage, in which case, 
the value obtained for e in the above formula is multiplied by 100. 

The efficiency of a combination of several machines or mechan¬ 
isms is the produd of the efficiencies of aU the machines or mechcm- 
isms that make up the combination. For example, suppose a 
dynamo is driven by a belt that is, in turn, driven by an 
engine, and that the dynamo drives a motor. If the efficiency 
of the engine be ei, of the belt «j, of the dynamo Cj, of the con¬ 
ductor carrying the current from the dynamo to the motor a, 
and of the motor es, the efficiency of the entire combination is 


e = ciejcaeiej (2) 

Example. —Suppose that in a combination like that just mentioned, the 
engine and dynamo have rated effioienoies of 87% and 92%, respectively; 
that the efficiency of the belt is 98%, and of the conductor carrying the cui^ 
rent from the dynamo to the motor is 98.5%. If the motor receives 12.4 
K.'W. and gives out 11.2 K.W., what is (o) the efficiency of the motorf 
(5) what is the efficiency of the entire combination? (c) what power could 
be supplied by the engine if there were no losses? 

Solution.—( a) The input of the motor is 12.4 K.W. and the output is 

11 2 

11.2 K.W.; hence, the efficiency of the motor is, by formula (1), 

= .9032+ = 90.32%. Ans. 

(5) The efficiency of the entire combination is, by formula (2), e • .87 
X .98 X .92 X .985 X .9032 = .6978+, say 69.78%. Ana. 

(e) The efficiency of the entire combination must equal the output of tiie 
motor divided by the power that could be supplied by the engine if there 

were no losses; let P, = the former and Pi = the latter; then « “ 
from which, Pr - y - ^ - 16.06+ K.W. Ana. 

The entire amount of power lost is 16.05 — 11.2 = 4.85 K.W. 
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PL If, therefore, the power of a machine be known, the amount of 
work in joules that it does in a given time is equal to the power 
in watts multiplied by the time in seconds that the machine is 
running; that is, if the power of a machine is 1 watt and it runs 
for 1 second, the work done is 1 watt X 1 second = 1 watt- 
second = 1 joule. The watt-second is too small a unit for prac¬ 
tical purpos<iS, and the kilowatt-hour is used instead. Since 
1 K.W. = KKX) watts and 1 hour 60 X 60 = 3600 seconds, 
1 kilowatt-hour = 1000 X 3600 = 3,000,000 watt-seconds = 
3,600,000 joules. 

The abbreviation for kilowatt-hour is usually written K.W.H.; 
hence, JIO K.W.H. = 30 X 3600000 = 108,000,000 joules. An 
instrument called a watt-hour meter (or kilowatt-hour meter), 
which will be described later, measures the current supplied in 
kilowatt-hours; and with such a meter in place, it makes no dif¬ 
ference when or for how long the current is used, since the meter 
registers the amount of energy consumed, and it is paid for 
accordingly. 

60. Forms of Energy.—Energy exists in a number of forms, but 
for present purposes, it will be considered only in connection 
with the application of an electric current. When the current 
drives a motor, the energy of the current is transformed from 
electric energy to mechanical energy. When an electric current 
is used to heat a flat iron, electric energy is transformed into 
heat, i.e., heat energy. The electric current is also used to de¬ 
compose a solution in order to obtain a chemical clement or com¬ 
pound; thus, by passing a current througli a certain brine solu¬ 
tion, caustic soda and chlorine gas are obtained, and electric 
energy is transformed into chemical energy. It may here be 
stated that whenever a high resistance is offered to the passage 
of an electric current, heat is generated; this is what makes a 
lamp glow or an electric iron hot. When heat is the object 
sought, the energy thus expended is useful; but, in the large 
majority of cases, the heating of the conductors is a disadvan¬ 
tage, and the energy expended in heating is wasted. 

61. Efficiency.—It is impossible for any machine or mechanism 
to give out as much energy or power as it receives, because it is 
not possible to operate it without friction, and the work done in 
overcoming friction is lost; there are usually other losses also 
besides that due to overcoming friction. The work or power that 
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63. Fonnulas Containing P = Power.—Formula (2), Art. 47, 


P = IE (1) 


may be written in several ways, one of which has already been 
given, viz.. 


By Ohm’s law, I 


P = PR 


E 


( 2 ) 


which substituted in the first formula, gives 
JS* 

F = ft (3) 


From these three formulas, the following are derived: 

(4) 

f - (5) 

E = ^j ( 6 ) 

E = VPR ( 7 ) 

R-p ( 8 ) 

ftS 

R=p (9) 

As mentioned in Art. 47, these equations when applied to al¬ 
ternating currents, should be modified by the introduction of the 
“power factor,” explained in Art. 192. For small amounts of 
current, and in domestic use, the power factor is not considered, 
and these equations apply to alternating current and are strictly 
correct for all direct-current power. 

Example 1.—If the e.m.f. of a lamp is 110 volts and the resistance of the 
lamp is 220 ohms, how many watts are required by the lamp? 

Solution. —Since formula (3) includes E and R, both of which are known, 
110 ’ 

apply it in this case, obtaining P = = SS watts. An*. 

Example 2. —If on a 110-volt circuit a 50-watt lamp lie inserted, what 
must be the resistance of the lamp? 

Solution. —Here E and P are known and R is required. Using formula 
110 ’ 

(9,, H = -=Tr - 242 ohms. An*. 

50 

Example 3. —If an electric iron has a resistance of 48 ohms and uses 
258 watts, what is the strength of the current? 
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SoiimoN.—Hero S and P are known and J is required. 
(6),/ = Substituting the values of P and iJ, / 


By formula 
= 2.309 amp. 


Aru. 


Example 4. —Referring to the last example, what is the e.m.f. of the 
current? 


SoLtJTiw.—Since P and R arc known. E may be found by formula (7), 
E = Vpb = V'2^'xl8 = 110.8+ volts. An». 

Or, since I was found to be 2.309 amp., E might have been found by 
Ohm’s law; thus, E ^ IR = 2.309 X 48 = 110.8+ volts, as before. 

Example 5.—Suppose that a 25-watt timgsten lamp is burned an average 
of 4% hours every night from September to May, inclusive. If the light 
company charge 10 cents per kilowatt hour, what is the average cost of 
burning this lamp per month. Also what is the cost per hour? 

Solution.— The total number of days is 30 + 31 + 30 + 31 + 31 + 28 
+ 31 + 30 + 31 = 273; the total number of hours tliat the light bums is 
273 X = 1296?i = 1296.75 hours; total number of watt-hours used 
1296.75 X 25 = 32419 W.H., or .12.419 K. W.H.; total cost for the 9 months 
is 32.419 X 10 => 324.19 cents; and the average cost per month is 324.19 -e 
9 = .16.02, say 36 cents per month. Ana. 

25 X 1 

The cost per hour is X 10 = .25 cent = H cent. Ana. 

Example 6.—Referring to example 3, what is the cost per hour of operat¬ 
ing the electric iron at 10 cents per kilowatt hour? 

SoLunoN.—The cost is X 10 = 2.56 cents pur hour. Ana. 


EXAMPLES 

1 . When and why is static electricity troublesome in the paper mill? 
How is it formed? 

5. In what units are the following expressed: (a) quantity of electricity, 
(b) rate of flow of electricity, (c) electric potential, (d) electrical resistance? 

8 . What quantity of electricity will pass through a conductor if the e.m.f. 
is one volt and the resistance is one ohm? 

4 . If an electric bell circuit is furnished current from two cells in scries 
each with an e.m.f. of 1.75 volts and an internal resistance of 1.1 ohms, and 
the current is .3 ampere, what is the resistance of the exterior circuit? 

Xns. 9.47 — ohms. 

6. If this circuit were made up with the cells in multiple, wliat would be 

the strength of the current? Ana. .176 — amp. 

6 . A circuit is divided into 3 shunts whose resistances are 2, 5 and 9 

ohms. What is the current in each of these parallel circuits if the current 
in the main is 15 anqieres? Ana. 9.247 —; 3.699 —; 2.056 — amp. 

7. If the resistance of the main in example 6 is 120 ohms, what is the e.m.f. 

for the whole external circuit? Ans. 1818.5 volts. 
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8 . A 60-H.F. motor driving a beater receive)) 37.3 kilowatbi but delivers 

only 40 H.P. What is the efficiency of the motor? An». 80%. 

9 . The basement of a paper mill is lighted by 10 75-nratt lamps. 

(a) How many horsepower-hours are consumed in 24 hours and (5) what 
is the cost per day at 1.2 cents per kilowatt hour? 

Ana. (a) 24.12-1- h.p.-hr. (b) 21.6 cents. 


CONDUCTORS AND INSULATORS 

64. Conductor Losses.—In Art. 9, it was stated that there 
was no such substance as a perfect non-conductor, that is, one 
that would under no circumstances conduct electricity. If the 
voltage (e.m.f.) is high enough, an appreciable amount of elec¬ 
tricity will pass through any substance; but for relatively low 
voltages, some substances are such poor conductors that practi¬ 
cally no current can flow through them. Such substances are 
called insulators; and if a conductor be entirely covered with 
an insulating substance, the current will be confined to the con¬ 
ductor, in the same manner as the wall of a pipe confines water. 

If two “bare” wires (either or both carrying a current) touch 
each other, a short dreuit is the result; that is, the current is 
divided between the two conductors in the same manner as in a 
multiple circuit, both wires become shunts, the resistance is 
decreased, and the current is greatly increased. To prevent 
this short circuiting, it is necessary to cover the wires with an 
insulating material; and when this is done, the covered wires 
may be placed in contact with each other without any danger of 
a short circuit being formed. 

Various materials are used for the insulating covering, rubber 
being the principal one. The effectiveness of the insulation 
depends not only upon the material of which it is made but also 
upon its thickness, the thicker the covering the greater the re¬ 
sistance it offers to the passage of electricity through it. At the 
same time, it is not advisable to have it too thick, since this 
greatly increases the size and weight of the conductor. Con¬ 
sequently, in practice, the carrying capacity of wires is limited. 
For instance, an insulated wire intended for use on a 110- or 
220-volt circuit would not be suitable at all for canydng 2200 
volts; in the latter case, if two wires were to come in contact, 
the insulation would probably be “punctured” and a short cir¬ 
cuit would result. 
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66. Whenever (here ih* a leakage of current throU|^ Uie inauht- 
tioii, there is a loss in power, because the current is Wasted and 
can do no useful work. It Is important, therefore, to reduce this 
loss as much as jHissible by proper selection of the wire f<w any 
particular installation. 

The loss by leakage through the insulation is generally quite 
small and in most installations may be neglected. , The greatest 
source of loss is that due to the line drop, and this is one of the 
principal considerations in all power circuits. In an elementary 
text, of this kind, it is not feasible to enter thoroughly into all the 
pha.s(!s of the subject; but it may lie pointed out that the line 
drop depends upon (he size and length of the wire, the material 
of which it is made, and the temperature of the wire when the 
current is flowing. These elements will be considered separately. 


66. Length of Conductor.—The resistance of a conductor hav¬ 
ing a uniform cross-sectional area varies directly as its length. 
I^ct h be the length of a conductor having a resistance r,, and ki, 
k be the length of a conductor having a resistance rj, both con¬ 
ductors having the same cross-sectional area throughout the 
entire lengths; then, 

ri : ra = h : h; 


from which, 
and 


h X Ti 

= -ir' 

, li X r2 
— 


( 1 ) 

( 2 ) 


By means of formula (1), the resistance of any conductor may 
be found if the resistance of a known length of the same conduc¬ 
tor is given; and by formula (2), the length of a conductor having 
a known or required resistance may be found if the resistance 
of a known hmgth of the .same conductor is given. For example, 
the resistance of 1000 feet of No. 10, B &8gauge, copper wire is al¬ 
most exactly 1 ohm; then, the resistance of 3480 ft. of the same 

V 1 

wire is, by formula (1), ra = "-Yooo” “ 

required to find the length of the same wire to have a resistance of 

.87 ohm, apply fonnula (2), and k = ^ = 870 ft. Both 

of these results might have been obtained by substituting in 
the proportion given above, instead of using the formulas. 
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67. Area of CiHiductor.—If two conductors have the same 
length and uniform (but different) cross-sectional areas, thdr 
resistances vary inversely as their cross-sectional areas. Let the 
resistance and area of one conductor be n and ot, and of the other. 
ri and (H) then, 


from which, 
and 


ri; ri = oj: Oi; 

r> = 

r,oi 
oj = — 


riOi . 
Os ’ 


( 1 ) 

( 2 ) 


Formula (1) may be written rs = ri . If the conductor is 

a wire, its cross-scction is almost invariably a circle, in which 
case, letting di and ds be the diameters. 


rs = 




from which. 


Xri 






( 3 ) 


As an example, the diameter of a No. 10, B & S gauge wire is 
very nearly Ho mch, and as stated in the last article, the resist¬ 
ance of 1000 ft. of copper wire of this gauge is very nearly 1 ohm; 
consequently, the resistance of 1000 ft. of copper wire having a 

•P 

diameter of .081 in. is, by formula (3), rs = 1 X -ggy, = 1.524 
ohms. 


68. Mils and Circular Mils.—The unit of measure for the diam¬ 
eter of wires used for conductors of electricity is the mil, one 
mil being 1000th of an inch, just as one mil is 1000th of a dollar. 
Therefore, if the diameter is given in inches or fraction of an 
inch, the diameter in mils may be found by multiplying the dia¬ 
meter in inches by 1000; or, if the diameter is given in mils, it 
may be expressed in inches by dividing the diameter in mils by 
1000. To multiply by 1000, move the decimal point three 
places to the right; and to divide by 1000, move the decimal point 
three places to the left. Thus, 534 mils = .534 in., 27.45 mils = 
.02745 in. Also, f in. = .125 in. = .125 X 1000 = 125 mils, and 
.030214 in. = 30.214 mils. 
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The mat of crosssectional area of a wire is generally taken as 
the circular mil, a circular mil being the area of a circle 1 mil in 
diameter. The area of a wire in circular mils is thus equal to 
the square of the diameter in mils; for instance, if the diameter of 
a wire is 345.8 mils, the area of its cross-scction is 345.8* = 
119,577.64 circular mils. It must be remembered that t has 
not been used, so the area is in circular, not square, units. If 
the area in square mils is desired, it is necessary to multiply the 

TT 

area in circular mils by .7854 = and if the area in square in¬ 
ches is desired, divide the area in square mils by 1,000,000, that 
is, move the decimal point 6 places to the kft. This is evidently 
correct since 1 mil = .001 in., and 1 square mil = .001* = .000001 
= ixninirT sq. in. 

Although the area in circular mils is not the true area, which is 
the area in square mils, nevertheless, it is convenient to use it 
in all wiring calculations, and it can be substituted directly in 
formula (2); it can also be used in all ratios and proportions. 
Wire tables give the gauge numbers, diameters in mils, areas in 
circular mils, and the resistance in ohms for 1000 feet. 

69. The B & S. Wire Gauge. —All wire used in electrical work is 
made in certain standard sizes; and instead of specifying the dif¬ 
ferent sizes of wire by the actual diameter in mils (or inches), 
the sizes are denoted by numbers. The size of any particular 
wire is measured by means of an instrument called a wire gauge, 
which is made in many forms, one of which is a circular disk 
having slots around the outside, the distance between the two 
sides of a particular slot being equal to the diameter of the wire 
having the same number as the slot. The term wire gauge is 
applied not only to the measuring instrument itself but also to 
the scale showing the relation between the numbers and the diam¬ 
eters of the wire. The gauge almost universally used by the 
electrical workers on this continent is that known as the Brown 
& Sharpe (B. & S.) or American wire gauge. The following 
table gives the gauge number, diameter in mils, area in circular 
mils, and the resistance in ohms of 1000 ft. of annealed copper 
wire. 
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KBSISTAHCE OF ANNEALED COPPER WIRE 


Gauge 

No. 

Diameter 
in mils 
d 

Area in 
dreular 
mils 

Ohme per 
1000 ft. 
at 20®C. 
or OS’F. 

Gauge 

No. 

Diameter 
in mils 
d 

Area in 
circular 
mils 

Ohms per 
1000 ft. 

at 

or fl8®F. 

0000 

400.00 

211,000 

.04893 

; 

10 

35.890 

1288.1 

8.0.38 

000 

409.64 

107,800 


20 

31.901 

1021.5 

10.14 

00 

364.80 


.07780 

21 


810.09 

12.78 

0 

324.86 

105,530 

.00811 

22 

25.347 

042.47 

16.12 

1 

289.30 

83,094 

.1237 

23 

22.671 

509.45 

20.32 

2 

257.03 


■imH 

24 

20.100 

404.01 

25.03 

3 

229.42 

52,033 

.1967 

25 


320.41 

32.31 

4 

204.31 

41,742 

.2480 

20 


254.08 

40.75 

5 

■MRtM 

33,102 

.3128 

27 

14.195 

201.50 

51.38 

0 

102.02 

26,250 

.3944 

28 

12.041 

169.79 

64.79 

7 

144.28 

20,817 

.4973 

29 

11.267 

120.72 

81.70 

8 

128.40 

16 ,r >10 

.6271 

30 

10.025 

100.50 

103.0 

9 

114.43 

13,094 

.7W)8 

31 

8.928 

70.71 

129.9 

10 


10.382 


32 

7.950 

03.20 

103.8 

11 

90.742 

8,2.'M. 1 

1.257 

33 

7.080 

50.13 

206.6 

12 

80.808 

6,529.0 

1.586 

34 

6.305 

39.75 

260.6 

13 

71.962 

5,178.5 

1.999 

35 

5.615 

31.53 

328.4 

14 

04.084 

4,100.8 

2..521 

1 — 


25.00 

414.2 

15 

57.068 

3,250.8 

3.170 

37 

4.453 

10.83 

522.2 

16 

50.820 

2,582.7 

4.009 

38 

3.905 

15.72 

658.5 

17 

45.257 

2,048.2 

5 05.5 

39 

3.581 

12.47 

830.4 

18 

40.303 

1,024.3 

0.374 

40 

3.145 

9.80 

1047.0 


60. Referring to the table just given, note that the diameter of 
a No. 10 wire is 101.89 mils = .10189 in., or .1 = Ho in. quite 
closely; and when exact values are not required, this value for 
the diameter may be used in practice. The resistance of 1000 ft, 
of No. 10 wire is .9972 ohm, which is almost exactly 1 ohm; in 
fact, in practice, it would be best to take this resistance as 1 ohm, 
because the quality of the wire is not uniform, and the real re¬ 
sistance is very likely to be higher than that given in the table. 

A further examination of the table shows that whenever 3 is 
added to the gauge number, the area of the wire having this 
number is half and the resistance is double that of the former. 
Thus, adding 3 to 10 makes 13; the area of No. 13 wire is 5.178, 
which is very nearly one-half of 10,381, and the resistance is 
1.999, which is very nearly twice .9972, the area and resistance 
of No. 10 wire. Similarly, mbtraeting 3 from the gauge number, 
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gives the Dumber of a ffiro that has twice the area and the 
resistance. Thus, the area and resistance of No. 8 wire is 16,510 
circular mils and .6271 ohm; multiplying the first value by 2 and 
dividing thesocond by2 gives 33,020 circular mils and .31355obm, 
which correspond very closely with the values given in the table 
for No. 5 (8 — 3 = 5) wire. Therefore, the resistance of two 
No. 8 wires connected in parallel will be the same as that of one 
No. 5 wire of the same length, and the resistance of 4 No. 8 wires 
in a divided circuit will be the same as that of 1 No. 2 wire of 
game length. 

61. When Length and Area both Vary.—Since the resistance 
varies directly as the length and inversely as the area of the cross- 
section the following proportion will express this fact: 

li . h 

ri:rt = — :~- 
Oi as 

from which, 

riods ... 

- ita 

If the conductor is a round wire, Oi and as may be replaced by 
dd and ds*, and 

ridi^is 


rs = 


diHi 


( 2 ) 


It is to be noted that formula (2) can be applied only to wires 
having a circular cross-section, while formula (1) can bo applied 
to any conductor, provided its cross-section is uniform through¬ 
out its entire length. It is also 
well to note what is meant by 
length. Regardless of its shape, 
the length of a conductor is always 
measured in the direction in which 
the current flows. Thus, Pig. 13 
represents an iron block having 
the dimensions given. If the cur¬ 
rent flows in the direction of the 
arrow A, the length is 6 in. and the cross.«cctional area is 2 X 8 
= 16 square inches; if the current flows in the direction of the 
arrow B, the length is 8 in. and the cross-sectional area is 2 X 6 = 
12 sq. in.; if the current flows in the direction of the arrow C, the 
length is 2 in. and the cross-sectional area is 6 X 8 = 48 sq. in. 

Example. —^Knowing that the resistance of 1000 ft. of Xo. 16 copper wire 
is 4.009 ohms, calculate fo) the resistance of one mile of No. 12 wire; also 
(b) the resistance of 1000 ft. of Xo. 12 wire. 
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Solution.—( a) The diameter of No. 16 wire ia, from table, 50.82 mils, 
and the diameter of No. 12 wire is 80.808 mils. Substituting in formula (2), 


(«) 

(b) 


r. 


Tl 


4.009 X 50.82* X 5^ 
80.808* X l6o6 
4.009 X 50.82* X 1000 
'80.808* XiOOO 


8.372 ohms. 


1.5856 ohms. 


Arts. 

Ane. 


Or, using formula (1), Oi = 2582.7 circ. rails, Oi 
(from the table), and 


6529.9 circ. mils 


(o) 

(b) 


4.009 X 2582.7 X 5280 


■ 6.W9.9 X 1000 


= 8.372 ohms. 


r* = ■ 


4.009 X 2.582.7 X 1000 


6529.9 X 1000 


-= 1.5856 ohms. 


Ans. 

Ans. 


Note that the answer to (fc) agrees with the value given in the table for 
the resistance of 1000 ft. of No. 12 wire. 


62. Megohm and Microhm.—When meg or mega is prefixed 
to the name of a unit, it denotes a unit 1 ,(X)0,00() times as large; 
thus, 1 megohm = 1,000,000 ohms. Hence, to express ohms in 
megohms, divide the number of ohms by 1,000,000, which is 
conveniently done by moving the decimal point (i places to the 
lejt; and to express megohms in ohms, move the decimal point 
6 places to the right. For example, 914,060,000 ohms = 914.06 
megohms; and 15.63 megohms = 15,630,000 ohms. The meg¬ 
ohm is used for measuring very high resistances. 

When micr or micro is prefixed to the name of a unit, it denotes 
a unit only one-millionth (moioouth) as large; thus, 1 microhm 
= .000001 ohm. Hence, to express ohms in microhms, multiply 
the number of ohms by 1,000,000, which is conveniently done 
by moving the decimal point 6 places to the right; to express 
microhms in ohms, divide the number of microhms by 1,000,000 
by moving the decimal point 6 places to the left. Thus, .002145 
ohm = 2145 microhms, and 703 microhms = .000703 ohm. 
The microhm is used in measuring very low resistances. 

Example. —What is the resistance of a rectangular sheet of copper 24 
ft. long, 3 ft. wide, and H e >n. thick, the current flowing in the direction of 
the longest side? 

Solution. —Referring to the table in Art. 69 , note that the diameter of 
No. 36 vrire is exactly 5 mils = .005 in. The area in square mils ia 
.7854 X 5* = .7854 X 25 « 19.635 sq. mils. The resistanee per thousand 
feet is 414.2 ohms, and the resistance in microhms per foot is 414,200,000 + 
1000 = 414,200 microhms. The cross-sectional area of the copper sheet is 
3 X 12 X Ks = 2.25 sq. in. = 2,250,000 sq. mils. Substituting in formula 
(1), Art. 61 , 1, = 1 ft.,!. * 24 ft., and 

414,200 X 19.635 X 24 
2,250,000 X I 


rj K 


86,75 microhms. Ans. 
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63. Conducting Material.—^The resistance of a conductor de¬ 
pends also upon the material of which it is made, llic best 
conducting material is annealed silver, and the next best is an¬ 
nealed copper; hard drawn silver or copper has a considerable 
higher resistance than when annealed. 

The materials most used for condueting wires are copper, 
aluminum, and iron, the latter being used in tel^aphy, the cur¬ 
rent carried Ixiiug quite small. Iron may also be used when it is 
desired to obtain a high resistance, as when it is desired to con¬ 
vert the current into heat. The resistance of aluminum is about 
1.8 times as great as copper; but since a cubic inch of copper 
weighs nearly 3^ times as much as a cubic inch of aluminum, the 
same weight of aluminiun wire will offer only about one-half the 
resistance of copper wire, because 3.5 -5- 1.8 = 1.9+, say 2. 
Annealwl, pure iron wire has about 6 times the resistance of 
copper, and German silver wire has about 13 times the resistance 
of annealed copper wire. The resistance of commercial iron 
wire may be taken as 7 times that of copper. 

Gonscquently, if it is desired to find the resistance of aluminum, 
iron, or German silver wire, find the resistance of copper wire of 
the same length and diameter and then multiply by 1.8, 7, or 13, 
respectively. 

64. Temperature.—For most metals, particularly all those 
used as conductors, an increase in temperature increases the 
resistance; but, tor carbon and liquids (water, electrolytes, etc.), 
the resistance decreases as the temperature increases. The in¬ 
crease in resistance due to an increase in temperature is not uni¬ 
form, but varies with the material of which the conductor is 
made; it also varies for the same material for different tempera¬ 
tures. For practical purposes, however, and for temperatures 
between 32°r. and 212°F., the increase in resistance may be 
taken as about Tiifth for every degree rise in temperature for 
copper and aluminum wire. Let Ri be the resistance at some 
known temperature, ii and fij the resistance at some higher 
temperature h; then. 



For example, the resistance of No. 16 copper wire at 68“^. 
is 4.009 ohms per 1000 feet; the resistance at 150®F. is about 

R, = 4.009 (l + “ 4.831- ohms per 1000 ft. 
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A practical application of this effect is the resistance pyrometer. 
A fine platinum wire, attached to conductors of very low resis¬ 
tance, in a suitable mounting is exposed to the temperature to 
be measured. A current of known voltage is passed and if the 
resistance of the platinum wire is different from that at which 
the instrument is standardized, the current will vary and can 
be measured by an ammeter. The scale on the ammeter can be 
made to show the temperature. 

66. In the case of wires for lines, coils, motors, etc., the increase 
of resistance due to an increase in temperature means that the 
voltage (line) drop also increases with the temperature, thus in¬ 
creasing the power loss. If a wire is allowed to carry more cur¬ 
rent than it should, the temperature rises higher and higher and 
the power (watts) loss becomes greater and greater. If the cur¬ 
rent is excessive, the conductor becomes so hot that it will 
damage the rubber or other imsulation, and the conductor will 
be ruined. If this excess of current be increased still more, the 
conductor may become heated so greatly that it will melt or 
fuse. A larger wire will offer less resistance, and the heating 
effect will likewise be less. The current carrying capacity of 
conductors is thus seen to be limited; and this fact is extremely 
important when deciding on the size of wire for carrying the 
loads of dynamos, motors, lighting circuits, etc. 

When a machine is running, the bearings heat on account of 
tihe friction between the rubbing surfaces. By making the 
bearings as smooth as possible and making them of sufficient size 
to keep the pressure per square inch low, the heating effect is 
kept within reasonable limits. The friction in this case corre¬ 
sponds to the resistance R that opposes the flow of an electric 
current, and the resistance in both cases results in heat. By en¬ 
larging the conductor or the bearing, the heating effect is re¬ 
duced. The following table gives the safe carrying capacity of 
copper wires for interior conductors, according to the standard 
adopted by the American Institute of Electrical Engineers for 
rubber insulations. The table does not take into account the 
effect of drop, the currents specified being such as to prevent 
gradual deterioration of the insulation by the heat of the 
wires. For insulated aluminum wire, the safe carrying capacity 
is 84 per cent, of that given in the table for copper wire of the 
same size. 
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CARRYING CAPACITY OF COPPER WIRES 


B.& 8. 


B.& 8. 


Gauge 

Amperes 

Gauge 

Amperes 

No. 


No. 


0000 

225 

5. 

55 

000 

175 

6 

50 

00 

150 

8 

35 

0 

125 

10 

25 

1 

100 

12 

20 

2 

90 

14 

15 

3 

80 

16 

6 

4 

70 

18 

3 


66. Fuses.—In many cases, it is desirable that the tempera¬ 
ture shall not rise above a certain point; this is especially true 
of interior wiring circuits, where a high temperature might result 
in fires. To accomplish this result, a short strip (usually an al¬ 
loy of lead and tin) having a high resistance and a low melting 
point, and called a fuse, is inserted in the circuit. Suppose it is 
desired to restrict the strength of the current to 10 amperes; with 
a fuse of the proper size, a current of this strength will have no 
effect on it; but if the current be increased to say, 20 amperes, 
the fuse will melt and the circuit will be broken. The use of 
fuses thus kccp)S lighting circuits, motors, etc. from carrying 
more current than they are designed for. 

67. The Incandescent Lamp.—The heating of a conductor by 
a ciirrent passing through it is the principle of the incandescent 
electric lamp. When a 110-volt lamp is connected in a circuit 
having an e.m.f. of only, say, 40 volts, the current flowing will 
be too small to heat the filament high enough to make it glow 
brightly; as the voltage increases, the current increases, in ac¬ 
cordance nnth Ohm’s law (the resistance being practically con¬ 
stant), and the increase in current increases the temperature 
of the filament. At 100 volts, the filament will become quite 
bright, and at 110 volts, the lamp will give out its full, rated can- 
dlcpower. If the voltage be still further increased, the lamp will 
burn (glow) with intense brilliancy, but its life will be shortened, 
and if too high a voltage be used, the filament will become hot 
enough to melt, or “burn out.” Even when the current is kept 
at the proper voltage the filament is very hot; it does not melt, 
because its melting point is extremely high; and it does not burn 
away, because the bulb contains no oxygen or other sup¬ 
porter of combustion, the inside of the bulb being generally a 
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practically perfect vacuum. If the bulb contained air (and, con¬ 
sequently, oxygen), the filament would burn up at a voltage much 
less than the normal value of 110 volts. 


LINE DROP AND LINE LOSS 

68, Line Drop.—The term line drop was defined in Art. 41. 
It is evident from what has preceded that there will be more or 
less of a drop in voltage for every foot of length of the circuit from 
where the current leaves the dynamo or other source of current 
to where it returns. Strictly speaking, the term line drop is 
used to refer to the loss of voltage in the conductors alone, whence 
its name; it has no relation to the drop in voltage due to the 
operation of motors, lamps, or other electric apparatus. 

Line drop is often expressed as a percentage of the voltage 
supplied to the circuit by the dynamo. Thus, suppose the dynamo 
supplies a current of 20 amperes at an e.m.f. of 110 volts to 
drive a motor; if the resistance of the wire leading to the motor is 
.1 ohm and the resistance of the return wire from the motor to the 
dynamo is also .1 ohm, the total resistance in the line is .1 -f .1 
= .2 ohm. The drop in line voltage due to this resistance is, by 
Ohm’s law, E =77i = 20 X .2 = 4 volts; the voltage across the 
motor is 110 — 4 = 106 volts. The line drop in this case is 
4 -r 110 = .0364 = 3.64 per cent, of the voltage at the dynamo. 
If it were desired to supply the current to the motor at a voltage 
of 110 volts, it would bo necessary for the dynamo to supply 
current to the line at 110 + 4 = 114 volts. In the latter case, 
the percentage drop in line would be 4 ^ 114 X 100 «= 3.51 per 
cent. Although the percentage of line drop is less, the actual 
value is the same as before, or 4 volts; and since the e.m.f. of the 
line is greater, the power required to drive the dynamo is also 
greater. 

69. Line Loss.—Since it requires power to keep a current 
flowing, a certain amount of power is required to keep the current 
flowing through the line wires of any system. The power con¬ 
sumed for this purpose is wasted, and this is called the line loss. 
Knowing the total resistance of the line and the strength of the 
current, the line loss in watts is found by formula (2), Art. 63, 
P = PR. Thus, referring to the last article, the current is 20 
amperes and the resistance is .2 ohm; hence, the line loss is 20* 
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X .2 = 80 watts. The line loss might have been calculated by 
formula (1), since P = /jB = 20 X 4 = 80 watts, as before. It 
is usually more convenient, however, to calculate the line loss by 
formula (2), since the current and the resistance of the circuit 
are the two factors most generally known; consequently, the 
line loss is frequently called the PR loss. 

Ordinarily, the actual drop in commercial electric circuits is 
several per cent.; in long transmiasion lines, it may be 10, 12, 
or 15 per cent, or even higher for very long lines. Evidently, 
excessive drops should be avoided wherever possible. 

70. Relation of Line Voltage to Line Drop and Line Loss.— 
The lino drop and, as a consequence, the line loss may fre¬ 
quently be lessened by a different arrangement of the machines 
or lights in a circuit. Suppose it is desired to use 10 110-volt 


tHwaiSAmp. 


Fio. 14. 

lamps, each taking ampere, and that the lamps arc arranged 
in multiple, as shown in the diagram. Fig. 14. Suppose further 
that the lamps ore 2000 ft. from the dynamo, and that No. 7 
copper wire is used for conductors. Calling the resistance of 
1000 ft. of No. 10 wire 1 ohm, the resistance of 1000 ft. of No. 7 
wire is only one-half as great (see Art. 60, second paragraph), or 
3-^ ohm. The total length of the circuit is 2 X 2000 = 4000 = 
4 X 1000 ft., and the total resistance of the line is .5 X 4 = 2 
ohms, or 1 ohm in each wire. 

Since the current is divided among 10 lamps and each lamp 
takes .5 ampere, the total current is 10 X .5 = 5 amperes. The 
volts drop in line in E = IR = 5 X 2 = 10 volts, and the line 
loss is P = PR = 5* X 2 = 50 watts. The power used by the 
lamps is P = JP = 5 X 110 = 550 watts. Thus, in order to 
get 550 watts to the lamps, it was necessary to waste 50 watts in 
the line, or 50 -s- (550 -|- 50) X 100 = 8j^ per cent. 

Now suppose that instead of the arrangement of lamps shown 
in Fig. 14, the lamps were connected as shown in Fig. 15. Here 
there arc 5 sets of two lamps in series, the sets being connected 
in parallel with the mains. The e.m.f. between a and o', b and 
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b', etc. is now 110 X 2 = 220 volts instead of 110 volts, as in 
Fig. 14, but the current in each shunt remains the same as before, 
or 34 ampere. As there are 6 shunts, the total current will be 
.5X5 = 2.5 amperes. The resistance in line will also be the 
same as before, or 2 ohms, and the line drop will be 2.5 X 2 = 
5 volts, or one-half as much as before. The line loss will be 2.5* 
X 2 = 12.5 watts, and the percentage of line loss will be 12.5 -5- 
(550 + 12.5) X 100 = 2% per cent. The total watts consumed 
by the 10 lamps is the same in both cases, because the number of 
watts taken by each shunt in Fig. 15 is twice the number taken 
in Fig. 14, since the c\irrcnt is now divided among 5 shunts, each 
getting 2.5 ^ 5 = .5 ampere (the same as before); but the e.m.f. 
across the shunts is now 220 volts, instead of 110 volts, the num- 



each Lump nim 
f4mp,at 
UOfVU 


Fig. 15. 


her of watts taken by one shunt is P - IE = .5 X 220 = 110 
watts, and the number taken by the 5 shunts (10 lamps) is 110 X 
5 = 550 watts. The same power has been transmitted to the 
same lamps, with a line loss of only 12.5 watts instead of 60 watts, 

12.6 

the line loss being 2?^ per cent, or only = 34th that of the 
first arrangement. 

The reason for the decrease in line loss is easily found. In the 
formula P = IE, P(the power) is the same m both cases for the 
lamps; but for the line loss, P is not the same; the line drop has 
been halved and the current has been halved, thus making P 
only 34 X 34 = 34th as great. This fact is also indicated by 
the formula P = PR; if R remains the same and the current is 
halved, the value of P will be only (34)* = 34th as great. It will 
be noted that in order to reduce the current one-half, the e.m.f. 
was doubled; hence, doubling the e.m.f. decreased the line 
loss to one-fourth. In general, if e' be the e.m.f. before the 

change and e" be the e.m.f. after the change, and k = then 
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the power loss after the change will be fc* times that before the 
change. Thus, suppose the e.m.f. of a certain circuit is 125 
volts, and after certain changes have been made in the connec¬ 
tions, the e.m.f. is 300 volts, the load, being the same as before. 


1 

2.42 


1 

5.76 


th 


/125\8 /5\2 

Then, the line loss is = 

of that before the change. This shows the advantage of a high 
voltage in the line, and explains the use of voltages as high as 
110,000 or 220,000 volts for long distance transmission. The 
power generated is the same, but less is wasted in transit. 


PRIMARY AND SECONDARY CELLS 

71. Primary Cells.—A primary cell is one that generates its 
own cun-eut of electricity; it always consists of two different 
conductors that arc in contact mth a conducting solution called 
the electrolyte, the conductors being connected by a wire to com¬ 
plete the circuit. 

The simplest form of cell is that described in Art. 10 and illus¬ 
trated in Fig. 1. The positive plate of any primary cell is almost 
invariably zinc, as it is comparatively cheap and is readily acted 
upon by different electrolytes. The negative plate is usually 
copper or carbon, but may be of lead, nickel, silver, etc. The one 
necessary condition to be fulfilled by any primary cell is that there 
must be two different conductors, one of which must be chemic¬ 
ally acted upon by the electrolyte when the circuit is closed. 

Primary colls are made in many forms, and many combinations 
of plates and electrolytes are used. The e.m.f. of the current 
generated varies between (roughly) volt and 2 volts, according 
to the type of cell employed. The strength of the current like¬ 
wise varies greatly, depending upon the e.m.f. and the internal 
resistance. As stated in Art. 37, the e.m.f. of any cell docs not 
depend upon the size of the cell, the e.m.f. of a small cell being 
exactly the same as that of a large cell of the same kind, but the 
large cell will produce a greater current than the small cell. 

72. Wet and Dry Cells.—The cells used for bells, annunciators, 
etc. are classified as wet cells and dry cells. Both make use of 
practically the same materials: zinc for the anode, carbon for the 
cathode, and sal ammoniac (ammonium chloride, NH«C1) for 



§2 THEORY OF CURRENT ELECTRICITY 


67 


the electrolyte; other materials may be added to the latter to 
improve the action. 

In the wet cell, a small amount of sal ammoniac is dissolved in 
water and poured into a glass jar. The carbon is usually put 
in a porous cup and placed in the center of the jar. The zinc, 
in the form of a rod or of a hollow cylinder, is kept away from 
the carbon by the cover of the jar and by the porous cup. The 
current in passing through the electrolyte passes through the 
porous cup also. 

In the case of the dry cell, the sal ammoniac solution is made 
into a paste, being mixed with crushed coke and other materials, 
and the paste is put into a zinc jar, which acts as the zinc plate. 
The carbon is then placed in the center of the paste, and is kept 
away from the zinc by the paste and the insulating cover. As will 
be seen, the dry (jell is not actually dry, the fluid being held by the 
paste. 

72. In the case of both the wet and the dry cell, the zinc it 
consumed by the chemical action of the sal ammoniac, both of 
which gradually disappear. To replace these in the wet cell, 
more fluid is added and another zinc plate is put in. But since 
the zinc forms the container in the dry cell, the entire cell is 
thrown away when the zinc is exhausted. There is not much 
loss in this, since the cost of a dry cell is very small. The fact that 
dry cells can be placed in any position and arc readily conveyed 
from place to place makes them very convenient for many purposes. 
Both the wet and the dry cell here described has an e.m.f. of 
about 1.5 volts. 

73. Consumption of Electrodes.—Strictly speaking, the words 
anode, cathode, and electrode refer to the painl or place where 
the circuit wires are connected to the plates or conductors, that 
is, to the points P and N, Fig. 1. However, it is quite customary 
to denote an entire plate by these names, and there is no objection 
to this when there is no possibility of misunderstanding. Hence, 
when the cell is generating a current, the zinc plate may be called 
the negative electrode or anode, and the copper plate may be 
called the positive electrode or cathode. It must not be forgotten, 
however, that the zinc plate is positive and the copper plate nega¬ 
tive in relation to the electrolyte. 

The chemical action of the electrolyte in a cell consumes the 
zinc, the eleetrolye uniting with it and forming a chemical com- 
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pound oi Tittle or no commercial value. This result is similar, 
from a chemical standpoint, to the burning of coal in a furnace, 
where the oxygen of the air unites with Ihe carbon of the coal. 
Zinc may thus be considered as a fuel, and its consumption by 
the electrolyte may be r^arded as very slow combustion. The 
cost of zinc is very much higher than that of coal; hence, the cost 
of energy obtained by using zinc in a battery of cells is very 
much higher than the cost of energy obtained by burning coal 
under a boiler, and the use of primary batteries is thus limited to 
places and circumstances where very small amounts of power are 
required, and, particularly, at irregular intervals. 

74. Secondary, or Storage, Cells.—When the positive plate 
of a primary coll is practically all consumed, it is replaced with 
another similar plate. If, however, instead of replacing the 
worn out plate, a current from a D.C. dynamo or other outside 
source is sent througli the cell in the reverse direction, by con¬ 
necting the copper plate to the positive main and the zinc plate 
to the negative main, the zinc will be deposited on the zinc plate 
until it has been restored to its former condition. It requires 
jusi as much electricity to restore the plate as was originally ob¬ 
tained from it when it was being consumed, and it is evident that 
if the action (direction) of the current be again reversed, as much 
current will be obtained as was supplied to the cell by the dynamo 
or other source. The process of sending a current of electricity 
through a cell from an outside source is called charging; and any 
cell that is charged in this manner is called a secondary cell, 
a storage cell, or an accumulator, the most common name being 
storage battery, although the word battery implies more than 
one cell. When a storage cell is delivering current, it is said to 
be discharging; when receiving current, it is said to be charging. 

Note carefully that a storage cell does not store electricity; 
it stores chemical energy. In charging, electrical energy is 
transformed into chemical energy and stored in the cell; in dis¬ 
charging, this chemical energy is changed back again into elec¬ 
trical energy. 

As in every other caise of transformation of energy, there are 
losses, and the efficiency of the transformation is always less than 
100 per cent. For one thing, the voltage of the current in charg¬ 
ing must be higher than that of the current obtained when dis¬ 
charging; this is partly due to the resistance of the electrolyte in 
the cell, which must be overcome. When charging a cell, the 
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current must be sent in against the e.in.{. of the cell and the re¬ 
sistance of the cell; on discharging, a part of the e.m.f. of the cell 
must be used to overcome this internal resistance when forcing 
the current through it in the other direction; therefore, only a part 
of the total e.m.f. of the cell is available at the cathode. An 
electric storage cell never gives out as much energy as is put into 
it, the best types giving out about 75 per cent, of the energy re¬ 
quired to charge them; the efficiency is thus about 75 per cent. 

76. Lead Accumulators. —One of the most successful forms 
of storage cclk or accumulators uses lead and lead peroxide 
(PbOj), the lead for the negative plate or grid and the lead per¬ 
oxide for the positive plate or grid. The electrolyte is a solution 
of sulphuric acid and water. When the cell is discharging, lead 
sulphate is formed on both grids; when a reverse current charges 
the cell, the sulphate on the anode becomes spongy lead and 
that on the cathode lead peroxide (or dioxide, PbOj). 

If a load type of storage cell is left for any length of time, 
in a partially or fully discharged condition, the lead sulphate is 
acted upon by the sulphuric acid and is changed into an insoluble 
sulphate. A cell in this condition is said to have become 
“sulphatod.” If the cell is left too long a film of this insol¬ 
uble sulphate, forms all over the grids and the cell cannot be 
recharged, because this substance will not change back to sponge 
lead (Pb) or lead peroxide (PbOj). If the cell is only 
slightly “sulphatod” the film may be dislodged by charging for 
a few minutes with a current three or four times the normal 
charging current. The “sulphate” then drops to the bottom of 
the jar, where there is usually room for it, and a new surface of 
the grid is exposed. The e.m.f. of the lead accumulator, as it is 
called, is about 2 volts. The internal resistance is very low, thus 
allowing a small cell, comparatively speaking, to deliver a large 
current. By putting enough cells in series, any desired voltage 
may be obtained. 

76. Uses of Storage Batteries. —In power plants furnishing 
current for lighting and other purposes, the demand for current 
varies greatly from day to day and at various periods during the 
day. For example, in a large city, the power required for light¬ 
ing will be very much greater in winter than in summer; it will 
also be very much greater at certain hours of the day than at 
other times. The heaviest load wiU usually be from 5:00 p.m. 
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to 8; 00 p.m. during the long winter nights. Storage batteries 
can be used to good advantage in such plants; they are charged 
when the load is light and discharged when the load is heavy, 
the current received from them being added to the current gen¬ 
erated by the dynamos. 

Storage batteries are used for supplying power to the motors of 
electric automobiles; they are used in city telephone central 
offices, for ignition, starting, and lighting of gasoline automobiles, 
and for many other purposes. 


EXAMPLES 

1. A paper mill is 6 miles from its electric power plant. Current at 

2200 volts is carried by a No. 0 copper wire. What is the resistance in 
ohms and tl>c percentage loss in volts for each conductor if the current is 
100 amperes? Ans. 3.108 ohms; 14.14 per cent. 

2. (u) Kef erring to example I, wliat must the voltage be at the generator 
if there are two conductors and if 2200 volts are to be delivered at the mill? 
(6) What is the total line loss in horsepower? 

Am. (a) 2821.0; (if) 83.324- 

3. If a house has 10 2S-watt lamps, 6 40-watt lamps, and a 5-amperc 

electric iron all ronncctnl in parallel on a 110-volt circuit, what will be the 
current strength and what sise copper wire should be ustid for the main 
circuit? Am. 9.45 amp.; No. 14 wire. 

4. Referring to examples 1 and 2, what would be the sise and resistance of 
aluminum wire that would give about the same or less resistance? 

Am. No. OOOO; .0881 ohm per 1000 ft. 

5. Referring to example 4, bow much money would be saved or lost per 
day by the change, assuming current to cost 1 cent per kilowatt-hour and 
the current is used throughout the entire day of 24 hrs? 

Am. Saved $1.62. 

6. If a generator operates at 90 per cent, efficiency, what horsepower will 

it require to maintain a current of 100 amperes in a circuit having a re¬ 
sistance of 30 ohms? Ans. 446.8 H.P. 

7. (o) How many lead accumulators (storage cells) would be required to 
give an c.m.f. of 110 volts? (6) How would the cells be connected? 

A ns. (a) 55 cells 
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(1) Mention (a) some of the advantages of using electricity. 
(6) What is meant by the term “generating electricity?” (c) 
What is the essential difference between static electricity and 
dynamic electricity? 

(2) What is (a) the essential difference between positive elec¬ 
tricity and negative electricity? (b) If a body is charged with 
electricity, how may this be ascertained, and how can it be deter¬ 
mined whether the charge is positive or negative? 

(3) Define the following terms: (a) electrode; (b) pole; (c) 
external circuit; (d) open circuit; (e) cell; (/) battery; (g) storage 
cell; (h) what is the difference between a primary cell and a 
secondary cell? 

(4) How many (a) coulombs of electricity are required to 

deposit 3.24 grams of silver from a standard silver nitrate solu¬ 
tion? (6) If the silver is deposited in 21 minutes, what is the 
strength of the current? . ( (o) 2898 coulombs. 

I (6) 2.3 amperes. 

(5) The internal resistance of a certain cell is 1.72 ohms; the 

external circuit is made up of 115 feet of No. 16 B. & S. copper 
wire. K the cell operates a buszer that has a resistance of 12 
ohms, and the e.m.f. of the cell is 1.56 volts, what is the strength 
of the current? Ans. 0.11 ampere. 

(6) What is (o) the resistance of a 25-watt lamp on a 110-volt 

circuit? (b) The strength of the current flowing through the 
lamp? I (a) 484 ohms. 

(b) 0.2273 ampere. 

(7) What is (a) a shunt? (b) a short circuit? (c) a multiple 

circuit? (d) Suppose a circuit is made up of a wire leading from 
52 61 
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a dynamo to a motor and then back to the dynamo; suppose 
further that there is a defect in the insulation, so that the bare 
wire come* in contact with a metal rod or post, one end of which 
is buried in the earth; what happens? 

(8) Referring to the last question, what will be the effect on 
the motor (a) if the bare spot is on the wire leading to the motor? 
(b) if on the return wire? Give reasons for your answer. 

(9) Suppose a multiple circuit to be made up of four shunts 
A, B, C and D having resistances as follows: resistance of A 
= 12.4 ohms, of B — 10.8 ohms, of C = 9.3 ohms, and of D — 13.7 
ohms. What is (a) the joint resistance? (b) if the strength 
of the current where it divides is 11.6 amperes, what is the 
current in each shunt? (c) what is the e.m.f. in each shunt? 

(a) 2.8268 ohms. 

. ... A = 2.6444 amp., B = 3.0362 amp., 

Ans. I ^ ^ 3 g259 amp., D = 2.3935 amp. 

(c) 32.791 volts. 

(10) In a direct-current circuit, the e.m.f. at the dynamo is 
240 volts, the strength of the current is 20 amperes, and No. 
0 B. & S. copper wire is used for the entire circuit. The current 
is used to drive two motors connected in parallel and situated 
8850 feet from the dynamo. If the power taken by one of the 
motors is 1.6 k.w., (a) how much is left to drive the other motor? 
(6) What per cent of the power is lost in transmission? 

(а) 2.5054 k.w. 

(б) 14.47%. 

(11) Referring to the last example, the power delivered by the 

dynamo remaining the same, what power will be available to 
the second motor (a) if the e.m.f. be doubled? (6) if the e.m.f. 
be halved? (c) what do these results indicate in connection with 
long-distance transmission? . , (o) 3.0263 k.w. 

(6) 0.4215 k.w. 

(12) A 150-horsepower dynamo drives 3 10-k.w. and 2 15-k.w. 
motors. If the efficiency of each of the smaller motors is 80%, 
of the larger motors 85%, of the dynamo 88%, and of the trans¬ 
mission 97%, (a) how many 60-watt lamps can be burned when 
all the motors are running at their rated capacity? (b) What is 
the efficiency of the entire combination? 

, (o) 212 lamps, 

(b) 76.42%. 
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(13) What is (a) the resistance of a 15-watt lamp on a 110- 

volt circuit? (6) of a 100-watt lamp on the same circuit? (c) what 
strength of current is required for the 15-watt lamp? (d) for the 
100-watt lamp? f (a) 806% ohms. 

(b) 121 ohms. 

(c) 0.1364 ampere. 

(d) 0.9091 ampere. 

(14) Assuming that an electric iron requires a emrent of 2.4 

amperes at 110 volts, what is the cost of operating it for 6% 
hours at (o) 8 cents per kilowatt-hour? (b) at 10 cents per kilo¬ 
watt-hour? (o) 13.73 cents 

(b) 17.16 cents! 

(15) If the diameter of a certain copper wire is 40.303 mils, 

(a) what is its area in circular mils? (b) in square mils? (c) what 
is the resistance of 650 feet of this wire at 20°(1.? (d) what would 
be the diameter of an aluminum wire that has half this resistance 
at the same temperature? ( (o) 1624.33 circ. mils. 

(b) 1275.75 sq. mils. 

(c) 4.143 ohms. 

(d) 76.47 mils. 

(16) What is the resistance of the copper wire in the last ex¬ 
ample at (o) 96° F.? (b) at 40° F.? , (a) 4.433 ohms. 

(b) 3.853 ohms. 

(17) How would a battery of 20 cells be connected up to get 
(a) the maximum current? (b) the maximum voltage? Give 
reasons for your answer. 

(18) How many (a) kilowatts are used by a grinder that takes 
240 horsepower to operate it? (b) If the bearings are allowed 
to get out of order so that the friction losses are increased 5%, 
how many kilowatts must then be furnished to the grinder? 


Aas. 


Ans. 


(a) 179 k.w. 

(b) 188 k.w. 
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PROPERTIES OF MAGNETS 

77. Natural Magnets.—The ancients found in Magnesia, Asia 
Minor, a certain kind of stone or ore that had the peculiar prop¬ 
erty of attracting to it pieces of iron. It was also found that if a 
bar-shaptid piece of this stone be suspended at its middle from a 
thread, one end of the bar always pointed toward the north, 
and that this end always pointed north without regard to how 
the ends of the bar pointed when first suspended. For instance, 
if the end iiointing north were marked and if the bar were origi¬ 
nally placed so as to point cast and west, it would swing around, 
the marked end pointing north and the other south. For this 
reason, the stone from which the bar was made was called lode- 
stone, which means leading stone. Anything that possesses this 
property of always pointing in a north and south direction when 
suspended from a thread, resting on a pivot, or floatii^ in a li¬ 
quid, and which will attract and lift iron particles, is called a 
magnet; the entire arrangement is called a compass, and the 
magnet itself is called the compass needle. Hence, a piece of 
lodcstone is a magnet; and because it is found in a free state in 
nature, it is called a natural magnet Chemically, lodestone is 
an iron ore, oxide of iron (FejOO, and the ore is called magnetite. 

78. Artificial Magnets.—If a natural magnet be drawn over 

a bar of hardened steel from one end to the other several times, 
the movement being always in the same direction, see Fig. 16, 
it will be found that the steel bar has the same properties as the 
natural magnet. It is not necessary to exert any degree of pres¬ 
sure; simply sec that the surface of the natural magnet touches 
that of the steel bar. When the end of the bar is reached, lift 
(2 65 
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the natural magnet and carry it to the other end of the bar 
through the air. After the steel bar has been magnetized, as 
the process is caUod, it becomes what is known as an artificial 
magnet; and if the steel has been previously hardened, it will re¬ 
tain its magnetism indefinitely, being then called a permanent 
magnet. Any pennanent magnet, whether natural or artificial, 
may i)o used to make other magnets in the same manner as that 
just described for making an artificial magnet. 



79. Magnet Poles.—The ends of a ms^et are called its poles. 
The end that points north when the magnet is free to swii^ in a 
horizontal plane (as when balanced on a pivot or suspended from 
a thread) is called the north pole, and the other end is called the 
south pole. Whatever its shajpe, every magnet has a north and 
a south pole; and if the magnet has the approximate shape of a 
bar, these poles are opposite each other. The straight line 
joining the poles and passing through the magnet is called the 
axis of the magnet. A straight bar magnet may be bent into 
the shape of a letter U or a horseshoe, in which case it is called a 
U-magnet or a horseshoe-magnet, and the axis will then have a 
similar shape. The poles will then no longer be opposite each 
other, but alongside each other; but there will still be two poles, 
one north and the other south. 

If a magnet be broken in two pieces between the poles, each 
piece will be a magnet, and each will have its north and south 
poles; in fact, no matter how many pieces may be made of the 
original magnet, nor how they are taken, every piece will be a 
magnet and will have its own north and south poles. It is 
impossible to have a m^et with one pole. 
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80. Deteimining the Poles of a Magnet.—In Fig. 17 is shown a 
compass. The needle, which has been magnetized, is a thin 
piece of steel having the shape of two equal isosceles triangles 
joined at their bases. The needle swings in a horizontal plane 
on a pivot. That half of the needle which has the end that 
points north is usually blue and the other end is white; the blue 
end is, therefore, the north pole and tlie white end is the south 
pole. If the north pole of another compass lie brought near the 
north pole of the first one, the two needles will swing apart; the 
same thing will happen if two south poles are brought near each 
other. But if the north pole of one compass be brought near the 



south pole of the other, the two needles will swing until they either 
touch or their axes are parallel. This is also true of magnets; if 
the poles are alike, it may require considerable force (depending 
upon the strength of the magnets) to make the two surfaces touch, 
while if they arc unlike poles, it requires considerable force to 
separate them. Whence, the law: 

Like poles repel each other; unlike poles attract each other. 

If, therefore, it is desired to find which of the two poles of a 
magnet is the north pole and which is the south pole, all that is 
required is to bring one end of the magnet near, say the north 
end of the compass, see Fig. 17, and note what happens. If the 
compass end swings toward the magnet, that end of the magnet 
is the south pole (since unlike poles attract each other); but, if 
the needle swings away from the magnet, then that end is the 
north pole. 

81. Distribution of Magnetism.—Magnetism is not equally 
distributed over the entire length of the magnet between the 
poles; this is to be expected, since, because the poles arc opposite 
in character, there must be a place between them where there is 
apparently no magnetism. Suppose a straight bar magnet be 
rolled in iron filings; on being lifted out, the appearance of the 
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niagjipt will bo somowliat as shown in Fig. 18 . A lai^ mass of 
filings will be colleeted at eaeh end of the bar, and if the bar is 
cylindricalf these masses will be pear-shaped. The number of 
particles of iron in the masses will be frreatest at the ends, and 
in the middle of the bar, there will be practically none. The 

particles form masses 
all around the bar, ex¬ 
cept at the middle line 
abed, which is called the 
neutral line. If, how¬ 
ever, the bar be cut in 
two at the neutral lino, 
two magnets are in¬ 
stantly formed, and the 
neutral line will be shifted to halfway between the ends of each 
piece, as in the original bar. 

82. Magnetic Induction.—If one end of a magnet be touched to 
a piece of soft iron, the iron immediately becomes a magnet, the 
end nearest the magnet being of opposite polarity; that is, if the 
end of the magnet is a south pole, the end of the iron that touches 
it will be a north pole, and vice versa. If the magnet be lifted 
and the piece of iron is not too heavy, the force of magnetic attrac¬ 
tion will lift the iron also. If the free 
end of the iron be touched to another 
piece of soft iron, that also will immedi¬ 
ately become a magnet, the end touching 
the first piece of iron having a pole of 
opposite polarity. In this manner, 
several pieces of iron may be lifted as 
shown at (a). Fig. 19. It is to be noted, 
however, that as soon as one of the 
pieces of iron is removed from the 
vicinity of the magnet, it ceases to be 
a magnet. Such is not the case when 
the pieces lifted are steel; in this in¬ 
stance, some of the magnetism remains in the steel after removal 
from the magnet, and the same is true to a certain extent if the 
iron be not perfectly pure. 

Referring to Fig. 19 (b), suppose the first piece of iron is 
brought quite near to the end of the magnet, but is not allowed 
to touch it; then, as before, the iron will become a magnet, its 



Fig. 19. 



1 hoinir o5 opposite polarity to those of the magnet, and it 
a JTnd ^ecc, as indicated in the figure. Th» 
.„ 'iioii will occur, even though the piece of iron be aep&nted 
from the magnet by a 8h(«t of glass, paper, or any substance 
whatever, whether ma^jvetic or not. The magnetic properties 
that are thus imparted to the iron are said to he due to 
magnelic induction, and magnetism is said to be induced in 
the iron. Whenever a piece of iron or steel is magnetized 
without coming in contact with a magnet, it is magnetized by 
induction. 


83. Magnetic and Non-magnetic Substances.—When a piece 
of soft iron is magnetized, it is called a temporary magnet, 
because it is a magnet only so long as it is under magnetizing in¬ 
fluence. Any substance that can be made into a temporary or 
permanent magnet is called a magnetic substance, and all others 
arc called non-magnetic substances. In addition to iron and 
steel, nickel, cobalt, chromium, cerium, and oxygen are slightly 
magnetic, but the force of attraction existing between them and 
a magnet is very small as compared with iron and steel; hence, 
iron and steel are the only substances used in practice for mag¬ 
netizing purposes. 

It is to be noted that when a magnet attracts a piece of iron (or 
steel), the iron attracts the magnet with exactly the same force 
that the magnet exerts on the iron. The effect is similar to the 
action and reaction of forces; when a weight rests on a table, it 
presses against the table, and the table reacts and presses against 
the weight. There is, however, this difference; the force that 
can be exerted by a magnet diminishes gradually from the poles 
to the neutral line, where it is zero; but any point or place on 
the surface of a temporary magnet may be one of the poles, 
and that pole will attract the magnet always with the same 
intensity, if the area in contact with the pole of the magnet is 
the same. 

Although non-magnetic substances cannot be magnetized and, 
therefore, cannot be attracted or repelled by a magnet, they 
cannot prevent magnetic induction from taking place thi'ough 
them. This was shown in connection with the experiment illus¬ 
trated in Fig. 19. 



70 


ELEMENTS OF ELECTRICITY 


§2 


LINES OF FORCE 

84. Definition.—Strictly speaking, a pole is a point; hence, 
when it is desired to refer to an area about a pole, it is better, 
usually, to employ the term pole-piece. 

If the polo-pieces of two magnets having opposite polarity are 
brought near each other, as in Fig. '20, the two magnets attract 
each other with a certain force. Assume, now, that the two 

pole-pieces are similar and 
equal prisms, that the 
planes of their sides coin¬ 
cide, and that their ends 
arc flat and parallel. Now, if the ends of the polo-pieces are 
comparatively small, the force exerted between the two poles 
may be considered as distributed uniformly over the entire 
surface of the ends, and if the ends be considered as divided 
into a very large numlxir of little squares, the magnetic force 
exerted between the polos may also be considered as divided 
into the same number of equal parts. The effect produced 
will be the same as though every one of the small forces 
acted in a line that passed through the centers of gravity 
of two opposite small squares. For this reason, these small 
forces are called lines of force; and the sum of all the lin^ of 
force will evidently be the total force exerted between the two 
poles. There is, of course, really no such thing as a line of force; 
it is, however, an extremely convenient conception and is 
universally used in all electro-magnetic calculations. A line of 
force when considered as a force and not as a line or path is 
sometimes called a maxwell (named after James Clerk-Maxwell). 
Hence, instead of the expression 25,000 lines of force, 26,000 
maxwells is equally proper. 

86. Direction of Lines of Force.—With the pole-pieces close 
together and arranged as described in connection with Fig. 20, 
the lines of force may be regarded as right lines. In reality, 
however, the lines are curved, as may easily be proved by direct 
experiment. Place a bar magnet on a table, and on top of the 
magnet lay a sheet of paper (or a pane of window glass), sup- 
jwrting the edges so the sheet will lie flat in a horizontal plane. 
On top of the shoot, sprinkle a thin layer of fine iron filings. Each 
iron particle immediately becomes a temporary magnet, by 
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induction, and the filings arrange themselves as shown in Fig. 
21, the north pole of one touching the south pole of the preceding 
particle, one after another, and all forming distinct curved lines 
extending from pole to pole. If the magnet be turned so as to 
bring another side against the 
sheet, the same result will be 
obtained, and it is therefore 
inferred (and with truth) that 
these lines show the direction of 
the lines Of force, and that they 
(the lines of force) completely 
fill the space surrounding the 
magnet. It is assumed that 
they issue from the north pole 
of the magnet, make a complete circuit through the surrounding 
medium, which is usually air, re-enter the magnet at the south 
pole, and then pass through the magnet to the north pole. The 
path, which is thus closed and complete, is called the magnetic 
circuit, and every line of force is a closed curve and is in itself 
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a complete magnetic circuit. The space surrounding a magnet 
and penetrated by lines of force is called a magnetic field. Note 
that the magnetic field includes only that space that is pene¬ 
trated by lines of force. 
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That the direction of the lines of force is from the north pole 
to the south pole is readily established by placing a small com¬ 
pass in the magnetic field. The compass needle will invariably 
place itself so that its axis will lie in a line of force, and it will 
point away from the north pole toward the south pole, as indi¬ 
cated in Fig. 22. 

86. Reference to Figs. 21 and 22 makes clear the fact that the 
greatest density of lines of force is at the poles, where they are 
very closely aggregated. As the distance from the poles in¬ 
creases, whether in the direction of the axis of the magnet or at 
right angles to it, the number of lines per unit of area decreases. 
If a right section be taken through a magnetic field, the number of 
lines of force passing through a square inch or a square centi¬ 
meter of the section is called the strength of the field or field 
density. It is desirable to have a uniform method of measuring 
the field density. This is expressed as the total number of lines 
of force passing out of (or into) a pole-piece divided by the pro¬ 
jected area (area of a right section) of the i)olc-piece. Thus, 
suppose 140,000 lines of force are passing through the north 
pole-piece of a magnet and that the projected area of the pole- 
piece is 3.6 square inches; then, the field density = strength of 
field = 140,000 -4- 3.5 = 40,000 lines of 
force per square inch = 40,000 max¬ 
wells per square inch. 

87. If, instead of placing the sheet of 
paper on the side of the magnet, as in 
Fig. 21, it is placed on one of the pole- 
pieces, as in Fig. 23, the filings will 
arrange themselves in radial lines, ex¬ 
tending outward from the center of the pole-piece. The greatest 
number of particles, and, consequently, the greatest density, 
will be at the center of the pole-piece, as shown. 

88. Lines of Force Cannot Intersect. —^Lines of force can 
never intersect, or cut, one another; this fact may also be shown 
by means of iron filings. Thus, if two bar magnets be arranged 
as in Fig. 24 (a), covered with a sheet of paper, and iron filings 
are sprinkled over the paper, then when unlike poles face each 
other, as at (o), the lines of force coalesce and extend from the 
north polo of one magnet into the south pole of the other. If 
like poles face each other, as at (b), the lines of force curve away 
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from one another, as though they were pushing the poles apart. 
A similar action occurs when like poles are placed so that their 
axes make an angle with each other, as at (c). 

The imaginary lines or paths formed by the filings are caused 
by the magnetic force of the magnet, which by induction, makes 
each little particle of iron a temporary magnet, and which imme¬ 
diately arranges itself so that its axis lies in (coincides with) the 
line of force passing through it. Also each particle attracts 
another particle, and thus makes a continuous chain that out¬ 
lines the line of force. 
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89. Nature of Magnetism.—Just what magnetism is, is not 
known; but the relation between magnetusm and electricity is 
very close, in fact they may be different forms of the same thing. 
It is certain that magnetism is not a fluid, though some of its 
properties resemble those of fluids; and because of this, field 
density is frequently called flux density, the word flux meaning 
JUm. The term magnetic flux means all the lines of force in the 
field, while flux density means the number of lines of force per 
square unit (square inch or square centimeter) at the point of 
the field considered, the value being different for different 
parts of the field. 

Magnetism is not a material substance; for, if a magnet be 
used to make another magnet, as described in Art. 78, the original 
magnet retains all its magnetism; in other words, nothing 
material passes from the first magnet to the second. In fact, 
the same magnet may be used to magnetize any number of 
magnets without losing any of its own magnetism. 

90. Permanency of Magnets.—All permanent magnets will, 
in time, lose a part of their magnetism unless they are protected 
by an armature or keeper. The armature is a piece of soft iron 
laid across the pole-pieces of a U-shaped or a horseshoe magnet, 
as shown in Fig. 25. The lines of force pass from the north polo 
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of the magnet into the armature, through the armature to the 
south pole, and then through the body of the magnet to the 
north pole again. A magnet thus protected by 
an armature will retain its magnetism at full 
strength indefinitely. 

K a piece of soft iron be placed anywhere in a 
magnetic field, the lines of force tend to crowd 
together and pass through the iron, because the 
iron offers very much less resistance than air or 
any other non-magnetic substance, and the iron 
becomes a temporary magnet by induction. But, 
if the iron be free from impurities, it will lose its 
magnetic properties as soon as the magnetic 
stream or flow ceases or the iron is removed from 
the magnetic field. The iron tends to hold the 
magnetic flux in the same manner that a pipe holds water 
that is flowing through it. 
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ELECTROMAGNETISM 

91. Magnetic Field Around Conductor.—Supiwsc a wire con¬ 
ductor, which may be cither bare or insulated, be passed ver¬ 
tically through a sheet of paper that is kept in a horizontal 
position, as indicated in Fig. 25, where the white dot represents 
a cross-section of the conductor, 
and that iron filings arc sprinkled 
over the paper. If, now, an elec¬ 
tric current be sent through the 
conductor, the iron filings will 
arrange themselves about the 
conductor in concentric circles; 
in other words, the space about 
the conductor becomes a mag¬ 
netic field, and the current in¬ 
duces magnetism in the filings. If a number of sheets of paper 
are strung along the wire, iron filings being sprinkled on each, the 
same result will be oljscrvcd on all of the sheets, as indicated in 
(a). Fig. 27. To prove that a magnetic field exists, place a com¬ 
pass near the conductor, and the needle will be deflected, the needle 
pointing in the direction of the lines of force, the axis of the 
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noedlo lying in a line tangent to one of the circles. If the cur¬ 
rent in the conductor flows as shown by the arrow from m toward 
n, the compass indicates that the lines of force have the same 
direction as the motion of the 
hands of a tvcUch; but if the cur¬ 
rent is reversed, flowing from n 
toward m, the direction of the 
lin<!S of force is also reversed, 
and their direction is opposite 
to that of the hands of a watch. 

In the first case, the direction of 
the lines of force is called clock¬ 
wise or right-hand rotation, and 
in the second case, counterclock¬ 
wise or left-hand rotation. 

The field density is greatest 
at the surface of the conductor 
and decrcfiscs as the distance 
from the conductor increases. 

The lines of force form concentric 
circles al)out the conductor, and 
throughout its whole length, as indicated in (&), Fig. 27; as in 
the case of magnets, they do not (cannot) intersect. 

92. Direction of Lines of Force.—It is important to know the 
direction of the lines of force around a conductor, and this may 
always be determined by the following rule: 

Rule.— Place the index finger paraUel to 
the condudor and point it in the direction 
that the current is flowing; the lines of 
force will then be clockwise around the 
conductor. 

Thus, in (a). Fig. 27, the current is 
flowing from m toward n; pointing the 
index fiiu;er in this direction, as shown, 
the lines of force are clockwise, as indi¬ 
cated by the compasses and arrow¬ 
heads. In (i»), the direction of the 
current is from n toward m; the lines 
of force are clockwise relative to the direction in which the 
linger is pointing, but they arc counterclockwise relative to (o). 
If the two conductors be considered as lying in a horizontal 
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n in both cwms, then, when the current IS Sowing away from the 
observer, the clircction of the hnes of farce are clockwise; but, if 
the current is flowing toward the observer, the direction of the 
lines of force is counterclockwise. 

The watch or clock is always supposed to be behind the lines 
of force; it is for this reason that the arrowheads in Fig. 27 (a) 
are revei'sed, the direction in which the reader is looking at the 
picture being down instead of upward, in the direction of the 
arrow. The correct representation would be as shown in Fig. 28. 


93. Attraction and Repulsion between Conductors.—If two 
conductors, both carrying a cinrent, are placed near each other, 

the conductors being parallel (or 
nearly parallel), they will either 
attract or repd each other, ac¬ 
cording to whether the currents 
are flowing in the same or in 
opposite directions. In (a), Fig. 
29, the currents are flowing in 
the same direction. As the lines 
of force spread out from the 
conductors, they meet and blend 
(coalesce); they also tend to 
shorten, and this produces a pull 
that tends to bring the conduc¬ 
tors together; that is, they at¬ 
tract each other. In (6), the 
currents are in opposite direc¬ 
tions; the lines of force are also 
in opposite directions, being 
clockwise about one conductor 
and counterclockwise about the 
other; they therefore cannot 
blend or coalesce, and since they cannot intersect, they arc bent 
out of their natural position; the force required thus to distort 
them tends to push the conductors apart, and they therefore 
repel each other. 
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94. Direction of Current in a Conductor.—Suppose a compass 
to be placed so as to point north and south, that is, the eni of 
the needle lie directly over the N and S marks on the dial. If, 
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now, a conductor carrying a current be held over and parallel 
with the needle, and the direction of the current be from south 
to north, the north pole of the needle will be deflected to¬ 
ward the west. The reaeon for this wffl. be clear after study¬ 
ing I'ig. 30. Before deflection, the needle is pointing in the 
same direction as the wire, and the lines of force about 
the wire are at right angles to the lines of force passing 
out of the north pole and into the south pole of the needle, which 
is a magnet. As a consequence, the needle swings so that 



the lines of force in its magnetic field will blend or coalesce 
with those about the conductor. As shown in the figure it must 
necessarily swing toward the west, since if it swung the other way 
(toward the east), the lines of force in one field would oppose 
those in the other. Notice that when the conductor is over the 
needle, the bottom parts of the circles representing the lines of 
force about the wire coalesce with those above the needle. If, 
however, the compass be held above the conductor, the upper 
parts of the circles representing the lines of force about the wire 
coalesce with the lines of force under the needle, and this makes 
the north pole of the needle swing toward the east. If the direc¬ 
tion of the current in the conductor be reversed, flowing from n 
toward m, the direction in which the needle points will also be 
reversed in the two cases. 
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If, therefore, the conductor is wer and parallel to the needle and 
the right hand be held so the index finger points north (parallel 
with the conductor) and the thumb is placed at right angles to 
the conductor, as shown in the figure, with the back of the hand 
up, then, when the current is flow- 

' -*- ing from south to north (from m 

' + - to n), the needle will point in the 

■->-■ >-- same? direction as thumb; but if 

ft .'-i- the current is flov/ing the other 

, way, from n to m, the needle will 

point in the opposite direction. 
Hence, to find the tlirection of the 
current, place the conductor so that it will lie in a general north 
and south direction, place a compass under it, and in front of 
the observer; then if the needle points toward the west the 
current is away from the observer; but if the needle points 
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toward the cast, the current is flowing toward the observer. 
When speaking of the needle “pointing,” it is always under¬ 
stood to mean the direction in which the north pole points. 

96. If the conductor form a loop so it can pass over and under 
the compass needle, as shown in Fig. 31, the direction of the cur- 
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rent in the upper wire will be opposite to that in the lower wire, 
and both wires will act to turn the needle in the same direction. 
In the figure, the current is produced by the cell shown at the 
right, and the direction is indicated by the arrowheads. The 
needle wUl evidently turn in the direction of the arrows. 

96. The Solenoid.—If a conductor carrying a current be bent 
into a loop and placed in, say, a vertical position, as in Fig. 32, 
and a piece of soft iron bo suspended from a string attached to 
the iron at its center of gravity, the iron will turn until its axis 
coincides with or is parallel with the axis of the loop. The 
reason for this is that the lines of force about the conductor all 
try to pass through the iron, which is much more pmneabk, as 
it is termed, than the air; they do not all pass through, but many 
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of them do, with the result that they are distorted and are no 
longer circles, but take the shape of the lines of force passing 
through a magnet. The piece of iron then becomes a temporary 
magnet, having a north and south pole. 

This effect is better shown by bending the wire into a number 
of loops or coils, all having the same diameter, the general shape 
being that of a helical spring. By returning the ends of the wires 
through the helix and out at the middle, as shown in Fig. 33, 
and suspending from pivots at the ends, without breaking the 
circuit, the helix will be found to have the properties of a magnet; 
it will have a north and south pole, a neutral line, and it will 
swing so as to point in a north and south direction, the same as a 
compass; it will also attract and repel similar coils or magnets. 
Whenever a conductor is coiled into the form of a helix, the helical 
part is called a solenoid. 
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97. Poles of the Solenoid.—Referring to Fig. 32, note that the 
loop is wound like one turn’of a right-hand helix or screw thread. 
The direction of the lines of force around the conductor is indi¬ 
cated by the arrowheads. The piece of iron distorts and bends 
these lines, causing them to enter the iron at the end marked 
S and leave at the end marked N. The same thing happens 
when the wire is bent into a number of coils of the same kind, as 
in Fig. 3.3, except that the lines of force in the adjacent coils 
coalesce, making numerous very long lines and increasing the mag¬ 
netic properties of the solenoid. If, however, the conductor be 
reversed, so that the coil or coils form a left-hand helix (corre¬ 
sponding to a left-hand screw thread), the direction of the cur¬ 
rent in the conductor will lie opposite to that in the above case, 
the direction of the lines of force will be reversed, and what was 
the north pole of the solenoid then be the south polo. Therefore, 
if the direction of the current be known, the poles of the solenoid 
m.ay be identified by the following rule: 

Rule .—Looking throitgh the sohnoid fro7n the end at which the 
current enters, if the helix winds clockwise away from the ohsmer, 
the conductor is wound into a right-hand helix, the current flows 
around in the dircetion of the haruis of a watch, and the end nearest 
the eye is a so'uth pole. But, if the helix winds counterclockwise 
away from the observer, the conductor 
forms a left-hand helix, the current 
flows around in a counterclockwise 
direction, and the end nearest the eye 
is a north pole. 

In practice, the best way to deter¬ 
mine the polarity of a solenoid is to 
hold a compass near one end; if the 
needle is repelled, that end of the solenoid is of the same kind as 
the end of the needle that is repelled (since like poles repel each 
other); otherwise, it is of opposite polarity. 

98. The Electromagnet.—If the conductor be wound around 
a cylindrical iron or steel bar, as shown in Fig. 34, the bar, which 
is called a core, attracts the lines of force and greatly increases 
the magnetic properties of the solenoid. The bar becomes a 
magnet, and if made of steel and the current is continued for 
any length of time, it will become a permanent magnet. If made 
of iron, the strength of the magnet will be greater than if made of 
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steel, but it will lose practically all its magnetism as soon as 
the current ceases to flow. Magnets made in this manner are 
called electromagnets. 

The strength of an electromagnet depends upon the strength 
of the electric current, upon the number of turns of wire in the 
cod, and upon area of cross section of the core. In practice, 
the coils are made up of a very large number of turns of very fine 
insulated wire, preferably, copper wire. The wire is insulated 
to prevent a'short-circuiting of the current; but the insulation 
does not insulate the lines of force —^it insulates the current only. 
The wire is small in order to increase the voltage of the current. 
A small wire offers greater resistance than a larger wire; and since 
by Ohm’s law, E = IR, it follows that if the strength of the cur¬ 
rent remains the same, increasing the resistance increases the 
e.m.f. of the circuit. 
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99. Electromagnets are made in many forms, one of which is 
shown at (a). Fig. 35. Here S' and S" are spools or bobbins made 
up of a very great number of turns of fine, insulated copper wire. 
C and C" are soft iron cores, which pass through the spools and 
are held in place by the yoke F. A is a soft iron armature, or 
keeper, to which is attached a hook, from which weights or 
loads may be hung. The wire is continuous, and after being 
wound around one spool, is continued around the other, the 
connection between the two being at o. The manner in which 
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the winding is done is shown at (6), which represents a bar bent 
into the form of a U. The wire is wound around A, passes over 
the top at c, then under B, at d, and around down to the end 
in the oppoidte direction. Observe that both coils are right- 
hand helixes, as they must be since the bar is a continuous one; 
it straightened out, it would look, with its winding, as shown at 
(c). According to the rule of Art. 97, the end A is the south 
polo and the other end is- the north pole. Had the winding been 
in the form of a lefti-hand helix, the poles would liave been re¬ 
versed. Note that the arrowheads on the two coils point to¬ 
ward one another; they indicate the direction of the current. 

Contact of the armature with the poles of the magnet greatly 
increases the strength of the magnet, because practically all the 
lines of force pass through the armature and, consequently, 
through the poles. If, however, the annature is separated from 



the poles by an air gap, many of the liiiiw 
of force are diverted from the armature, 
and the number passing through the poles 
is smaller, which lessens considerably the 
strength of the magnet. 

100. The Electric Bell.—One of the 
practical uses of the electromagnet is the 
electric boll. Referring to Fig. 36, C repre¬ 
sents a cell, either wot or dry, but preferably 
a dry cell. E is an electromagnet, wh(Me 
armature A is attached to a spring iS that 
ordinarily keeps the armature from contact with the poles of the 
magnet. The amsature carries a spring S', which presses against 
the pivot p. The push button B is kept from contact with the 
pivot p' by the spring S", thus leaving the circuit open. When 
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the button B ia pushed down, the circuit is closed; the current 
flows from the positive electrode of the cell to the binding post o; 
enters the magnet at b and leaves at c; flows along the spring 
iS and armature A to pivot p, to binding post d, and thence back 
to the negative electrode of the cell. But as soon as the current 
passes through the magnet coils, the poles of the magnet draw 
the armature A into contact with them; this takes the spring 
S' away from the pivot p and breaks the circuit. The coils then 
cease to bo a magnet, and the spring S draws the armature away 
to its former position, spring S' comes into contact with p, the 
circuit is again closed, and the armature is again drawn to the 
poles. The armature carries a clapper F, the end G of which 
strikes the bell every time the armature is drawn to the poles. 
Therefore, the bell will ring as long as the push button B is held 
down. On releasing it, the circuit is open, and the bell will no 
longer ring. 

101. Magnetic Leakage.—All the lines of force induced in an 
electromagnet do not follow a single path; some of them stray 
and take shorter paths, even though they have to pass through 
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the air. If, however, the armature is in contact with the poles, 
practically all the lines of force are confined to the core and arma- 
tiue, as shown diagrammatically in P’ig. 37 at (a). If the arma¬ 
ture is at some distance from the poles, as shown at (6), some of 
the lines will fail to cross the air gap to the armature, as indicated. 
The total number of lines of force, the flux, will be less also. As¬ 
suming that the same magnet is used in both cases, the lifting or 
attractive power of the magnet in the second case is less than in 
the first case. If there is no armature, the result is shown dia¬ 
grammatically at (c). Here there are more “stray” lines of force 
and a much smaller number of lines of force in the core; conse- 
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quently, the magnet in the third ease is much weaker than in 
either of the two other cases. 

Those lines of force that do not pass through the poles have no 
effect on the lifting or attractive power of the magnet; they 
constitute what is called the magnetic leakage. The magnetic 
leakage depends upon the magnetic substance composing the 
core of l.he magnet, the uniformity of the material (freedom from 
and distribution of impurities), whether or not there is an arma¬ 
ture, whether or not it is in contact with the poles, and if not, 
upon the length of the air gap between the armature and the 
poles. The shorter t he air gap the less is the magnetic leakage, 
and the greater the strength of the magnet. This confirms what 
was stated in Art. 99. 


ELECTRICAL MEASURING INSTRUMENTS 


MEASnWNG CURRENT 


102. Galvanometers.—Any instrument that measures electric 
currents by the effects produced by the electromagnetic action is 
called a galvanometer. The word means galvanic measurer, and 
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was named alter Alvisio Galvani. There are many kinds and 
makes of galvanometers, but only the D’Arsonval galvanometer 
named after its inventor, will be described here. The instru¬ 
ment is constructed as follows: 
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Eeferring to Fig. 38, at (a) is shown a pcnnanent magnet P, 
which stands in a vertical position. Between the poles of the 
magnet is suspended from a fine silver wire a light, hollow rectan¬ 
gular frame, shown in detail at (6); the thickness of the frame is 
quite smaE as compared with its height and breadth. The frame 
is wound with many turns of fine, insulated wire, thus making it 
a solenoid. The wire suspension w is pulled taut between the 
supports p' and p", so as to support the solenoid and leave it 
free to turn. The solenoid is arranged relative to the poles of 
the magnet as shown at (a), with the axis A of the solenoid 
making an angle with the direction of the Un(» of force between 
the north and south poles of the magnet. Within the solenoid, 
is a soft-iron, cylindrical core C, which acts as an armature to 
attract lines of force and makes a strong, uniform magnetic 
field. The silver susjxjnsion wire is connected to one end of 
the coil at o and to the other end at b, and it is also connected to 
the circuit at p' and p"; thus when a current is flowing through 
the circuit, it passes through the coil of the solenoid. Since the 
linos of force through the solenoid make an angle with those 
passing between the poles of the magnet, the two sets of lines of 
force tend to coalesce, thus causing the solenoid to turn and twist 
the suspension wire w. When the current is shut off (by opening 
the circuit), the wire untwists, and the solenoid returns to its 
former position. Since the force required to twist the wire in¬ 
creases with the amount of twist, and since the force causing the 
twist increases with the strength of the current, it is evident that 
the angle turned through by the solenoid increases or decreases as 
the current increases or decreases. To measure the angle, a 
pointer or small mirror m is attached to the suspension wire. 
A beam of light thrown on the mirror from some point in a line 
perpendicular to the plane of the mirror will be reflected back 
to the point from which it came; but, as the solenoid turns, the 
mirror turns also, and the beam of light is reflected to some other 
point. Knowing the strength of the current at different times 
and marking the points to which the light reflects, a scale can be 
constructed that will measure the strength of an \inknown current. 

Instead of a mirror, a pointer may be attached to the wire, 
and a scale for measuring unknown currents may be constructed 
in a similar manner. 

103. As previously stated, galvanometers are made in many 
forms. Wliile any instrument used to measure currents by 
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means of its eloctromajinetic action is a galvanometer, the 
term is usually restricted to instruments used in laboratories and 
in precise measurements. As will presently be shown, a galva¬ 
nometer can be so eonstructefl that it will measure the e.m.f. of 
a current in volts, in which case, it is calletl a voltmeter; or, it 
can bo so eonstruetod that it will measure the strength of a current 
in amperes, in which case, it is called an ampere meter or ammeter, 
the latter being the name in commercial use. 

104. The Weston Ammeter.—The Weston ammeter is a special 
fonn of the D’Arsonval galvanometer; its construction is shown 
in Fig. 39. A perspective view of the entire instrument is shown 
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at (a); a perspective of the working parts, with a portion 
removed, is shown at (6); a plan view showing the magnet and 
soft-iron core is given in (c); and (d) is a perspective showing the 
solenoid, sprinf^, and pointer. Referring to (b) and (c), B is a 
permanent magnet, which has attached to its poles N and S soft- 
iron pole pieces N' and S', the inner surfaces of which arc curved 
to a circular arc. A bra^ plate A is screwed to the outer ends 
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of the pole pieces and carries a lug b to which the round iron core 
C is attached by the screws o' and a". The core C fits inside the 
solenoid F, shown at (d), in the manner illustrated in (b). The 
spiral springs s' and s", at the top and bottom of the solenoid, 
tend to prevent the solenoid from turning. To the upper part 
of the solenoid is attached a light aluminum pointer R that 
moves over the graduated scale E, shown in (o). Wlien the cir¬ 
cuit is open, the springs bring the pointer to 0, the left-hand end 
of the s(!ale which indicates zero; but when the circuit is closed, 
the coil (solenoid) turns, as explained in Art. 102, carries the 
pointer with it, against the resistance of the springs, and the read¬ 
ing of the scalcshows the strength of the current in amperes. The 
action is exactly the same as in the D’Arsonval galvanometer. 
The current enters the instrument at the binding jjost r, which is 
marked -b on the instrument, flows through the solenoid, and 
leav^ the instrument at the binding post r'. 

The distinguishing feature of any ammeter is its very low 
internal resistance; this is necessary, in order that the full 
strength of the current may pass through it. A Weston ammeter 
of the kind just described, and which will indicate up to 16 am¬ 
peres, has an internal resistance of only .0022 ohm; hence, when ^ 
indicating to full capacity, the drop in voltage between the 
two binding posts is, by Ohm’s law (E = IR) only 15 X .0022 
= .033 volt, and the loss in power is only (P = PR) 15* X .0022 
= .495 watt, say half a watt. For lower values of J, the loss 
is much less; thus, for 5 amperes, the drop in voltage is only 5 
X .0022 = .011 volts, and the loss in watts is 5* X .0022 = .055 
watt. Note, however, that the entire current goes through the 
instrument. 

105. Ammeter Connections.—All the current to be measured 
must flow through the ammeter; hence, the ammeter must be 
connected in series with the apparatus receiving the current to 
be measured, preferably between the apparatus and the source 
from which the current comes. Suppose, for example, that it 
were desired to measure the current that flows through the 
lamp L in (o). Fig. 40. If C is the conductor carrying the cur¬ 
rent from the source to the lamp, the ammeter must be placed 
on this wire, the binding post marked -f- being connected to that 
part coming from the source and the other binding post to 
that part leading to the lamp. All the current received by the 
lamp then passes through the ammeter. 
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If the conncotions at the binding posts were reversed, the 
pointer would tend to turn in the opposite direction, and the 
anuncter might either be damaged or destroyed. 

Suppose that by mistake the ammeter were connected in 
parallel with the lamp, as shown at (6), Fig. 40. If the e.m.f. of 
the circuit were 110 volts and the internal resistance of the am- 
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meter wore .0022, the strength of the current pa.ssing through the 

E 110 


li .0022 


instrument would be, by tlhm’s law, I 

amperra, which would coinpletdy destroy the ammeter by 
melting the resistance. 

106. The Weston Voltmeter.—The distinguisliing feature of a 
voltmeter is the extremely high internal resistance, which is 
.necessary in order to make the current flowing through it ex¬ 
ceedingly small. The resistance of a voltmeter that will re.(!ord 
up to 1.50 volts is 18,000 ohms. Therefore, by Ohm’s law, when 
registering 110 volts, the strength of the current that flows 

18 000 ~ •00011-1- ampere, and the 
£2 


through it is only I =" - Tk 


power it absorbs in watts in P = -.r = 


110 ’“ 


= .072-f watt. 


K 18,000 

The Weston voltmeter, which is illustrated in Fig. 41, resembles 
very closely the Weston ammeter. The chief difference in ex¬ 
ternal appearance is in the position of the binding posts, one 
being placed on either side of the magnet poles instead of both 
on one side, as in the ammeter. The solenoid is wound with 
finer wire, and there arc many more turns. The current enters 
the instrument at the binding post /, which is marked -b, and 
then passes to a high resistance R by the wire o; from R, it goes 
to the solenoid F by wire h, and leaves the solenoid and the 
instrument by wire c, which conno(its with the other binding 
post r". The instrument frequently has a switch S, in the form 
of a push button, so that the instrument records only when the 
button is pushed, thus closing the circuit. The principal dif- 
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ferencc between the Weston voltmeter and the ammeter is the 
resistance R and the fact tliat the solenoid is wound with many 
more turns of finer wire; otherwise, the two instruments arc prac¬ 
tically alike in their mechanical construction. 



107. Voltmeter Connections.—A voltmeter must always bo 
connected in parallel (multiple) with the apparatus whose e.m.f. 
it is desired to measure; the e.m.f. of the voltmeter will then be 
the same as tliat of the apparatus (Art. 37). Thus, referring to 
Fig. 42, suppose it were desireil to find the voltage of the lamp L. 
At a, a point near to where the current enters the lamp, a con¬ 
nection is made to the binding iiost niiirkcd -|-; at 6, a point near 
to where the cuiTeut leaves the lamp, a connection is made to the 
other binding post. The current thus divides at a and unites at 
b, and the voltage of the instrument is the same as that of the 
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lamp. Observe that in the case of the ammeter, both connec¬ 
tions are to the same (the +) wire; but, in the case of the volt¬ 
meter, the connnections are made to both (the -f- and the —) 
wires of the circuit. 

108. Watt Meters and Watt-Hour Meters.—Knowing the 
current in amperes and the e.m.f. in volts, the watts (electric 
power) can be found by multiplication, since P = IE, Art. 
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elements of electricity 

47. Insofar as the individual user of electric power is concerned, 
he does not wish to know the power for a particular time, but at 
any time; for this reason, instruments called watt meters are 
manufactured. The details of their construction and operation 
are somewhat complicated and will not be described here, fur¬ 
ther than to state that a watt meter does not have a permanent 
magnet, but two sets of coils (solenoids), one Ixjing connected to 
the circuit in scries (like an ammeter) and the other being con¬ 
nected in multiple (like a voltmeter). One of the coils is free to 
turn, while the other is fixed and takes the place of a magnet. 
The effect is such that the pointer, as it moves over'the scale, 
indicates watts instead of volts or amperes. For measuring the 
electrical energy supplied to houses, offices, etc., what arc called 
watt-hour meters are employed. In these instruments a set of 
gears is causecl to rotate; and since each revolution is proportional 
to a certain number of watt-hours, the number consumed in a 
given time is recorded in much the same manner as in a gas meter. 
As previously stat.o<l, the watt-hour indicates a certain number of 
units of work or energy, and is the basis on which the consump¬ 
tion of electricity is bought and paid for. 

109. Detector Galvanometer.—When a galvanometer is so 
made that it merely detects the presence of a current and indi¬ 
cates its direction, but docs not measure its value in amperes or 



<a) 

Fia. 43. 

volts, it is called a detector galvanometer. One form of such an 
instrument is shown in Fig. 43. A perspective view is shown at 
(o), r' and r" being the bmding posts. At (6) is shown one-half 
of the solenoid, which consists of two coils, both wound in the 
same direction, and formed of a large number of turns of very 
fine, insulated wire. The middle part of the frame on which the 
coils are wound is cut out, to permit the insertion of a magnetic 










lu'cdlc and its staff. The staff carries a long aluminum pointer 
at its upper end, the pointer being placed at right angles to the 
axis of the needle. The dial has two scales, one being divided into 
degrees and the other into parts that correspond to the tangents 
of the anfdes indicated by the degrees. One of the halves of the 
pointer moves over the degree scale and the other over the tan¬ 
gent scale. When no current is flowing through the coils, the 
pointer rests over the zero mark in the middle of both scales; 
but, when a current is flowing, the needle is deflected to the right 
or left of the zero mark, according to its direidion (see Art. 96), a 
certain amount, the value of which depends upon the strength 
of the current. The amount of the deflection from zero docs not 
vary in direct proportion to the angle turned through when 
measured in degrees, but is in proportion to the tangent of the 
angle. 

To use the instrument, turn it until the pointer rests over the 
two marks indicated by 0; the needle then points north and south. 
Now make connection with the circuit, and if a current is flowing 
the pointer will move. Assuming that the coils are wound into 
a right-hand helix, a movement to the left of 0 indicates that the 
current is flowing away from the observer, while a movement 
to the right indicates that the current is flowing toward the 
observer. 

Tlie instrument may be used to compare the strengths of two 
difTercut currents. Thus, suppose that on being connected to 
one circuit, the needle deflects 21 degrees; this corresponds to 
.38 on the tangent scale. Suppose, further, that on being con¬ 
nected to another circuit, the needle deflects 36 degrees; this 
corresponds to .73 on the tangent scale. *1 he strength of the cur- 

rent in the second circuit is then jjg = 1.92 times that in the 

first circuit. If the strength of the currents in the two circuits 
be denoted by /' and /" and the readings on the tangent scale 

by T' and T", respectively, /' : I" = T' ; T", or 1" = F 

Since the value of F is not generally known, the above proportion 

J/f 

is best expressed by writing it in the form = -yr; and since 

T' and T" are read directly on the scale, this will give the ratio 
of the currents in the two circuits. 

In one make of this instrument, the coil is wound with No. 30 
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B. &S. wiroofsuchlonKthastogivcaresistanceofaboutSOohms; 
it is so sensitive that a eurrent of .00001 ampere wiU deflect the 
needle about I degree. These instruments should be handled 
very carefully. 


MEASURIITG RESISTANCE 

110. Rheostats.—It is frequently desirable to increase or 
decrease the stnmgth of the current flowing through a circuit or 
a .shunt or to obtain ii current of some particular strength. F rom 

JjJ 

Ohm’s Jaw, I =‘ nnd if E, the e.m. f.of the circuit or shunt, 

remains th<! same, the value of I, the strength of the current in 
amperes, can b(! changed by changing the resistance R. Any 
device for changing R without opening the circuit is called a 
rheostat, which is derived from two 
Greek words—rheo (to flow) and 
statos (standing, stop); the word 
thcTcfore literally means flow-stopper. 
An adjunUiblc resistance or an appa¬ 
ratus for varying the resistance is a 
rheostat; it slows down the current 
by absorbing electrical energy, which 
heats the resistance and is thus pre¬ 
vented from doing useful work. 

111. A form of sliding contact 
rheostat, to be placed against a wall, 
is shown in Fig. 44. There are 16 
coils, the resistances of which are 
known, and each coil is connected to 
one of the contact pieces A, which are 
arranged in an arc of a circle. The 
first two (left-hand) coils are con¬ 
nected to the left-hand contact piece, the third coil is con¬ 
nected to the next contact piece, and so on, all the coils being 
connected in series. The eurrent enters at the binding 
post r', passes through the wire a to the end b of the swinging 
arm Ii, then thnmgh the arm to the contact piece on which it 
rests, thence to the coil connected to the contact piece and all 
the other coils to the left of it; the first coil on the left connects to 
the other binding post r", which is connected with the circuit. 



Fio. 44. 
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Wi(,h the arm in the position B', the current has to pass through 
ull the coils; but, as the arm is moved to the left, the coils are 
ei/idti/dly cut out. When the arm is in the position R ,w.. ^ 

Hu. contact pieces are in series, that is, the, ewu’eV 
\\>nws,\v on\>| h -V \ = 'j coWs. 

An adjustaUc resistance of a nature similar to the, ioroRomR \8 
[Tciineutly eailcil a resistance box. Since the resistance of each 
coil is known, the strength of the current can be varied almost at 
will. 

112. The Wheatstone Bridge.—A special form of rheostat 
that is used for measuring an unknown resistance is known as the 
Wheatstone bridge. To 
understand the principle 
of its operation, con¬ 
sider the diagram, Fig. 

45. The current is sup¬ 
plied by a battery 7i; it 
flows from B to o, wh(!re 
it divides, a part going 
through the upper shunt 
V~X and the remainder 
through the lower shunt 
L-A. Both shunts arc Fio. 

considered as being di- . , , • . 

vidod into two parts, the upper into V and A' and the lower mto 
L and A. f/ is called the upper balance arm, L the lower balance 
arm, A is called the adjustable resistance, and A' is the unknown 
resistance, wliich is to be mca-sured. The e.m.f. in both »hunts 
is the same (see Art. 37), the resistance in the arms V, L, and A 
is known, and the resistance X can be found by proportion, as 
will now be shown. 

The fall of potential between the point o, where the cunent 
divides, and d, where it unites, is the same for both shunte, and for 
the same proportionate distance from a, the fall of potential is the 
same in both shunts. Denote the fall between a and h by U, 
between h and d by X, between o and c by L, and between c and 
d by A; then, when 1/ : A = L : A, the fall of potential at 6 is 
equal to the fall of potential at c. Connecting a sensitive gal¬ 
vanometer at b and c, as shown, the current will divide at h 
whenever there is a difference of potential between b and c; 
but, if there is no such difference, no current wiU flow between b 
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and c. Therefore, when the current paases from the battery to 
a, there will usually be a movement of the galvanometer needle; 
but, by adding to or cutting out resistance in the adjustable arm 
A, the noodle can be made to point to 0, in which case, the e.m.f. 
at b will be the same as at c, no current flows through the galvano¬ 
meter, and U : X = L : A, from which U X A = L X X, or 

X = AXy 

Jj 

Thus, if the resistance U = 100 ohnts, L = 10 ohms, and A = 547 
ohms, the unknown resistance is X = 547 X -jq- = 5470 ohms. 
Again, if the resistance 17 = 10 ohms, L = 100 ohms, and A 
= 200 ohms, X = 206 X = 20.6 ohms. 

113. In practice, the resistances arc made up of standard coils 
of known resistance and wound non-inductively. If a wire 
(insulated) be folded in the middle and both parts wound together 
into a coil, the current induces lines of force that circulate around 
the two parts in opposite directions, thus preventing any mag¬ 
netic action; in other words, the coils will not be solenoids, 
and they are then said to be wound 
non-inductively. The contact pieces, 
which form the arras, have a rectangular 
cross-section and are of sufiBcient area 
to offer very slight resistance. Connec¬ 
tion is made by plugs p, as indicated in 
Fig. 46. One end of the coils is con¬ 
nected to one contact piece and the 
other to the next adjacent one, as indicated by the top view in 
Fig. 47. When a plug is in, the current flows through it instead 
of through tlie coil, the resistance of which is much higher; but, 
when a plug is out, the current must flow through the coil to 
complete the circuit througli the arm. Hence, a resistance is 
thrown into the circuit only when a plug is out. Referring now 
to Fig. 47, the arms of the bridge arc arranged soinewhat in the 
form of a letter M. The wire from the battery connects at a, where 
the current divides, a part going to b, where connection is made 
with the galvanometer and the unknown resistance, and a part 
going to c, where connection is made with the galvanometer and 
the adjustable resistance. Evidently, ab corr^ponds to the 
upper arm, Fig. 45, ac corresponds to the lower arm, and cefghid 
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corresponds to the adjustable arm. For convenience, the upper 
and lower arms are also made adjustable, so as to allow for a wide 
variation in the unknown resistance, there being three i-csistances 
in each of 10, 100, and 1000 ohms rrapectively. The coils in the 
adjustable arm have resistances of 1, 2, 2, 5; 10, 20, 20, 50; 100, 


200,200,500; and 1000,2000, 
2000,5000,10,000 ohms. The 
sum of those resistances is 
21,110 ohms, and the plugs 
may be so set as to throw 
into the circuit from the ad¬ 
justable arm any resistance 
expressed by an integer from 
1 ohm to 21,110 ohms, and the 
range of the instrument is 
from .01 ohm to 2,111,000 
ohms. Thus, if the 10 plug 
is out in the upper arm, the 
1(X)0 plug in the lower ann, 



and the 1 plug in the adjustable arm, X — 



= 1 X 


JO 

100 () 


= .01 ohm; or, if the UXK) plug is out in the upper arm, the 
10 plug in the lower arm, and all the plugs are out of the ad¬ 
justable arm, X = 21,110 X = 2,111,000 ohms. 


114. Measuring Resistance with an Ammeter and Voltmeter. 
The resistance of any part of a circuit may be deternunod with 
a voltmeter and ammeter and an appli¬ 
cation of Ohm’s law. Thus, let the 
diagram. Fig. 48, represent a circuit, S 
being the source of the current (battery 
or dynamo), and suppose it is desired to 
measure the resistance between a and 6, 
the resistance consisting of one or more 
lami)8, a motor, a rheostat, or anything 
else that offers resistance. Connect the 
ammeter in series with the resistance, 
BO that all the current that goes through the resistance goes 
through the ammeter; then connect the volt-meter in parallel 
with the resistance, the current being divided at a and united at h. 
Be sure that the current enters both instruments at the binding 
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posts marked +. Read both instruments at as nearly the same 
instant as possible. Suppose that the voltmeter reads 216 volts 
and the ammeter reads 4.8 amperes; then, by Ohm’s law, R = 
E 216 

j- = ^ g = 45 ohms, the resistance between o and 6. 

Example 1.—Referring to Fig. 47, suppose the Jftohm plug between a 
anil h, the lOOohm plug between a and c, and the following plugs 1, 6, .50, 
200, 500, 1000, and 2000, between c and d are out; what is the value of the 
unknown rcsistanee? 

Solution. —The total resistance represented by the plugs that are out 
in the adjustable arm is 2(XK) + 1000 + 500 + 200 + 50 + 5 + 1= 3756; 

hence, by Art. 112, X = 3750 X = 375.6 ohms. Ann. 

Example 2.—Suppose a voltmeter to be connected in parallel with the 
upper and lower carbons of an arc lamp and that an ammeter is connected 
in scries with the same lamp. If, when the lamp is burning, the voltmeter 
reads 44 volts and the ammeter reads 9.9 amperes, wliat is the resistance of 
tlm lamp when hot? 

Solution. —Tlic c.m.f. of the current flowing through the carbons is 44 
volts, and the strength of the current is 9.9 amperes; hence, by Ohm’s law, 
E 44 

R = j — g-g = 4.44+ ohms. Am. 

The result just obtained in the last example is called the 
resistance hot of the lamp. The resistance when the carbons 
are cold is considerably higher, because the resistance of carbon 
decreases as the temperature increases. 

116. Ohmmeters.—What are called ohnuneters arc instru¬ 
ments made on much the same principle as voltmeters. The 
scales, however, read ohms instead of volts. The connections 
for an ohrametcr are the same as for a voltmeter, that is, the instru¬ 
ment is connected in parallel with the resistance to be measured. 


EXAMPLES 

1. Show by a sketch how you would make an electro-magnet, indicating 
direction of current and the north and south poles. 

2. Why does a solenoid behave like a magnet? 

3. Wliat is the purpose of a voltmeter? Of an ammeter? How is each 
connccti'd in a circuit? What would happen to a voltmeter if it were con¬ 
nected like an ammeter? 

4. How much work is required to run a grinder six days of 24 hours each 
if driven by a motor that takes an average of 460 amperes at 550 volts? 
Express the answer in kilowatts-houis and horsepower-hours. 

Am. 36,432 k.w.h.; 48,836 + h.p.h. 
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ELECTROMAGNETIC INDUCTION 

116. Inducing a Current.—^Let M, Fig. 49, be a magnet (either 
a permanent magnet or an electromagnet), and let AB be a con¬ 
ductor, the ends of which are connected to a sensitive galvano¬ 
meter G, thus making a complete circuit consisting of the con¬ 
ductor AB, the wires Br' and t"A, and the galvanometer. Then 
suppose that the conductor be moved suddenly downward past 
and near one of the poles of the magnet, in this case, the north 
pole. The galvanometer 
needle will be seen to 
deflect, say to tho right, 
thus indicating that a 
current has passed 
through tho circuit. If 
the conductor be moved 
suddenly upward, the 
needle will deflect again, 
but in the opposite direc¬ 
tion, showing that a 
current has passed 
through the circuit in a 
direction opposite to 
that which flowed 
through it when tho conductor passed downward. When an 
electric current is created in this manner, it is said to be created 
by hdudion, and it is called an induced current, the entire 
process being callc<l electromagnetic induction. 

The reason for the flow of current is because the conductor 
as it passes through the magnetic lines of force issuing from the 
pole of the magnet has set up around it magnetic whorls, which 
correspond in every respect with those set up around a conductor 
when a current is flowing through it. If the circuit is complete, 
any conductor having magnetic whorls around it must have a 
current flowing through it. When the whorls are caused by lines 
of force coming from a magnet or electromagnet, as in the present 
case, the current is an induced current. 

117. To determine the direction of the current, suppose the 
lines of force to be capable of being stretched and bent around. 
As the conductor moves down, the under side presses against 
the lines of force, stretching them and tending to bend them 






98 


ELEMENTS OF ELECTRICITY 


§2 


around the conductor in the direction of the hands of a clock 
hence, the lines of force in the whorls will have a clockwise direc¬ 
tion around the conductor, assuming that the observer be looking 
from A toward B, and the current will flow from A to B. (See 
Art. 92.) Wlicn the conductor is moving upward, the top side 
presses against the lines of fonie, bending them around the con¬ 
ductor in a direction opposite to the hands of a clock, the lines of 
force in the; w'horls have a counterclockwise direction around 
the conductor, assuming the observer to bo looking from A 
toward B, and the current flows from B to A. It may be con¬ 
sidered that the lines of force in the whorls are the same as those 
of the magnet that were touched by the conductor, tliat they were 
stretched until they broke in two places, the ends uniting to 
make the lines of force in the whorls. 

Another way to determine the direction of the current is to use 
Fleming’s rule, usually called the ruk of the right hand. Assume 
a bar magnet grivspod at the north end, with the right hand, as 

shown in Fig. 50, with the 
index finger pointing in the 
direction of the lines of force, 
the thumb at right angles to 
the index finger, and the 
middle finger pointing down¬ 
ward at right angles to the 
thumb and index finger. If 
a conductor C, parallel or 
approximately parallel to the 
j,',„ 50 . middle finger, be moved 

across the magnet in front of 
i(s pole and in the direction of the thumb, the direction of 
the current will be downward from A to B, in the direction 
pointed by the middle finger. If the direction of movement of 
the conductor be opposite to that here indicated, turn the hand 
and magnet over, so the palm will be upward and the thumb will 
point in the direction the conductor is moving; the middle finger 
will then point upward, showing that the current is moving from 
B to A. Hence, the rule: 

Rule .—To determine the direction of the induced current, place 
the thumb and index and middle fingers of the right hand at right 
angles to one another; hold the hand so the index finger vrill point 
in the direction of the lines of force, the thumb in the direction of 
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motion of the conductor, and the direction pointed toby the middle 
finger mil be the direction of the current. 

Ab an example, note the position of the fingers in Fig. 49. 
Applying the first method to Fig. 50, assume the observer is at 
B; the lines of force are bent around the conductor counter¬ 
clockwise; hence, the current is flowing toward the observer, 
that is, from A to B. The observer is supposed to be looking 
along the conductor from B toward A. 

118. The creation of magnetic whorls by the breaking of the 
linos of force is called cutting lines of force; the more whorls 
there are about the conductor, the stronger will be the current 
passing through it; therefore, the greater the number of lines of 
force that arc cut in a given time the stronger will be the current. 
If the circuit is not closed, as in the case of a wire moving across 
a magnetic field, no current can flow, but an electrical stress will 
be produced in the conduedor; in other words, an c.m.f. will be 
generated. Consequcnl.ly, the voltage, or e.m.f., also depends 
upon the number of lines force cut per unit of time, say per 
second. 

119. llefcrring to Fig. 51, let abed be a U-sliaped frame made 
of some conducting material and supported between the poles 
of a magnet in such a manner that it will 
not cut lines of force; let C be a conductor 
resting on this framework, and cutting lines 
of force as it moves from 6 to a or from o 
to b. So long as C is stationary, no cur¬ 
rent will bo generated, since it does not 
cut lines of force; but, when C moves, 
say, in the direction of the arrow toward 
o, it cuts lines of force, and according to 
the rule of the right hand, the current will 
flow from / toward c, thence to b, c, and /, 
again. That part of the conductor that 
cuts lines of force and is represented by ef 
is called the intemal circuit, and the part 
ebef of the frame through which the current flows is called the 
external circuit 

The number of lines of force cut by any movement of the con¬ 
ductor depends upon the flux density (see Art. 89), the length of 
the internal circuit, the velocity of the conductor through the 
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field, and the direction in which the conductor cuts the lines of 
force. Thus, suppose that be =■ c/ = 6 inches, and that the 
points e, b, c, and / all lie in a plane that is parallel to the planes 
of the pole faces. Suppose further that the lines of force arc 
parallel straight lines. A movement of the conductor from b to 
e will then cut a greater number of lines of force than for any other 
position of the frame, because, the distance be remaining the same, 
if the frame be tipped so be lies lower than ef, the rectangle ebef 
will enclose a smaller number of lines of force than before; and 
the same will bo true if cf be lower than be. Therefore, the con¬ 
ductor will cut the greatest number of lines of force for any par¬ 
ticular distance traveled when it cuts them at right angles. 
Evidently, also, the longer the internal circuit the greater will 
be the number of lines of force cut; the greater the flux density 
the greater the number of linos of force cut; and the greater the 
velocity of the conductor the greater the distance it will travel in 
a unit of time, and the greater will be the number of lines of 
force cut in a unit of time. 

120. It will be evident from the foregoing that an induced cur¬ 
rent is the result of motion; it does not matter whether the con¬ 
ductor is moved or whether the magnet is moved, so long as lines 
of force are cut. If cither move so that lines of force are not 
cut, no whorls will be generated and no current or e.m.f. will 
result. For example, suppose the conductor be moved in the 
direction of its axis, that is perpendicular to the plane of the 
paper; no lines of force arc cut and there will be no induced cur¬ 
rent or induced e.m.f. The same result will be obtained if the 
magnet be moved in the same direction, the conductor being 
stationary. 

121. Inducing Current in Closed Coil.—^liet ABCD, Fig 52, 
be a continuous conductor forming a rectangular-shaped coil; 
if passed between the poles of a magnet in the direction of the 
arrow so one side can cut lines of force, magnetic whorls will be 
set up .around the conductor, and a current will flow in the direc¬ 
tion of the arrows. Fig. 62. Suppose, however, that the length 
CB = DA is small compared with the width of the pole faces, 
the result being that BA and CD are in the magnetic field at the 
same time. The whorls around BA are produced by the pressure 
of the outside of BA against the lines of force and are clockwise; 
the whorls around CD are produced by the pressure of the inside 
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oi CD against the lines of force and are clockwise also. Conse¬ 
quently, the current in CD will be from D toward C, and since the 
current in BA is from A toward B, the two currents oppose each 
other. Therefore, if the flux density is uniform across the pole 
faces, making the flux density of the entire field uniform, there will 
be no current in the coil as 
long as the sides BA and 
CD are both in tlie field. 

If the field is not uniform, 
then that side which is in 
the part of the field of 
greater density will have 
the greater e.m.f., there 
will be a difference of 
{)otential, and the current 
will flow from that side 
having the greater e.m.f. 
to that side having the 
smaller e.m.f. 



122. Suppose a circular coil to be placed in a uniform magnetic 
field, as indicated in Fig. 53, and suppose the coil to turn on the 
diameter ab, the half E moving down and the other half moving 
up, ab being horizontal. When the coil is in position (o), with 
the plane of its face parallel to the lines of force, none of them 
pass through the coil, and the slightest movement of the coil 
cuts them at right angles, thus generating an e.m.f. As the coil 
revolves, see (ft), lines of force pass through the coil, and for the 

same amount of movement of 
the coil, the number of lines of 
force cut decreases; hence, the 
e.m.f. also decreases. The 
number of lines of force cut for 
a given arc moved through by 
the coil, and consequently, the 
e.m.f. generated, continue to 
decrease until the coil reaches 
the position (c), where the greatest number of lines of force 
pass through the coil and none are being cut for a slight move¬ 
ment of the coil. As the coil continues to turn, the number of 
lines of force being cut, and, consequently, the e.m.f. generated 
increase until they become a maximum when the coil again 
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reaches the position indicated in (o), with its plane parallel 
to the lines of force, and cutting them at right angles. Since the 
number of lines of force cut is continually changing, the e.m.f. 
is also continually changing, and varies from 0, in position (c) to a 
maximum in position (o). Since there is a continual change in 
the e.m.f., a current will flow through the coil, but the strength 
of the current will not be uniform. If the coil turn alwut an axis 
passing through its center o and perpendicular to the face of the 
coil, there will be no change in the number of lines of force passing 
through the coil, no lines of force will be cut, no e.m.f. will be 
generated, and there will be no eurrent. 

123. Mechanical Work Necessary to Induce a Current.— 
Every electric current possesses energy, and this energy must l)e 
supplied from some outsi*lc source in some way. Every induce<l 
current produced by dectroraagnetic induction is the result of 
motion; and since motion implies the action of a force through a 
distance, it follows that work is done in producing the motion, 

it lieing store<l up as electric 
energy. To do work, a force 
must aet, and it is desired to 
ascertain the nature of the force 
in this case. 

Referring to Fig. 54, A is a 
cross-section of a conductor 
moving through a magnetic 
field at right angles to the lines 
of force. As the conductor 
moves, it bends the lines of 
force, and it continues to bend 
Fio. 54. them until they finally break 

and become whorls around the 
conductor. This action in forming the whorls can be pro¬ 
duced only by the action of a force; in other words, the 
lines of force object to being broken and having their shape 
changed, and they react on the conductor with a force directly 
opposite to that which moves it. The full arrow indicates the 
force that moves the conductor and the dotted arrow indicates 
the force that opposes the motion—the resisting force. This 
force multiplied by the distance traveled by the conductor is the 
work done by the conductor and equals the energy of the current. 

From the foregoing, it will be evident that to produce an elec- 
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trie current by induction, in the manner heretofore described, 
mechanical work must be done. In the case of a dynamo, the 
mechanical work is performed by the engine, waterwheel, or 
other prime mover that turns the armature or field,whichever 
revolves. 

124. As another illustration, consider a circular closed coil, 
Fig. 55, and let a magnet M be moved into the coil, as shown. 
The cod will cut the linos of force coming out of the north pole 
of the magnet, magnetic whorls will be set up around the coil, 
moving counterclockwise, and induce an e.m.f. A current will 
flow in the direction indicatwl, because as the magnet passes 
through the coil; the flux density decreases, being greatest at the 
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end, thus changing the e.m.f. and producing a movement of the 
current. Now referring to Fig. 32, it will be noticed that when a 
piece of soft iron is brought to the coil, the current must flow in 
the opposite direction around the coil in order that the iron may 
become a temporary magnet, with its poles the same as in Fig. 

55. The direction of the current is therefore opposed to the 
magnetism, and tends to stop the movement of the magnet into 
the coil. 

If the movement of the magnet be stopped, the current will 
also stop, since no lines of force arc being cut. If the magnet 
be pulled out of the coil, the current will reverse in direction, 
it will act with the magnetism, and a force must be exerted to 
pull the magnet out. These effects are more strikingly evident 
when a solenoid is used instead of a coil. Thus, referring to Fig. 

56, let C be a solenoid, the ends of the wires being connected to 
the galvanometer G. On inserting the magnet M, the galvano¬ 
meter needle will deflect, say to the right; when the magnet stops 
moving, the needle moves back to 0; and when the magnet is 
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pulled out of the solenoid, the needle deflects in the other direc¬ 
tion, to the left. The action is exactly the same as with the coil 
and magnet in Fig. 55, the coils that form the solenoid cutting 
the lines of force. If the magnet be reversed, with the other 
end entering the solenoid, the deflections of the needle will also 
be reversed. 

126. Referring again to Fig. 55, consider the sides of the coil 
that would be touched by flat plates laid against them, as the poles 
of a magnet. When the magnet is entering the coil as shown in 
the figure, the result of the induced current is to make the right- 
hand side a north pole and the left-hand side a south pole; but, 
when the magnet is pulled out of the coil, these polos are reversed. 
Since like poles repel each other and unlike poles attract, a re¬ 
pelling force tends to resist the magnet when entering the coil, 
and an attractive force tends to resist it when leaving the coil. 
The same effect is produced in the solenoid. Fig. 56. 

The whole matter is summed up in what is called Lens’s law. 

The direction of an induced current is sitch that its magnetic field 
opposes the motion of the magnet that produces the field. 

126. Self-Induction.—What is called self-induction occurs 
whenever there is a sudden change in the current flowing through 
a circuit. For instance, suppose a steady current is flowing 
through a coil, the current being derived from a battery, dynamo, 
or other outside source; this current sets up a magnetic field about 
the coil and causes lines of force to pass through H. If the cir¬ 
cuit be suddenly opened by, say, throwing a switch, the result 
is practically the same as withdrawing the magnet in Fig. 55, 
and a momentary current is induced in the circuit. The same 
effect, though not so marked, will be observed it a resistance is 
suddenly cut out of the circuit. Or, if the current be suddenly 
increased, as by throwing the switch so as to close the circuit, 
an induced current will result, in the same manner as when a 
magnet is suddenly inserted into a coil. These induced currents 
are said to be caused by self-4nduction; they oppose the original 
current when the current is increased, and they add to the 
strength of the original current when it is decreased. It there¬ 
fore requires a small amount of time for a emrent to increase to its 
maximum or decrease to its minimum value on account of this 
self-induction, though the time is very short—only a very small 
fraction of a second. 
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127. Mutual Induction.—When two coils, one carrying a 
current, are so situated relatively to each other that the magnetic 
field of the coil carrying the current encloses the other coil, a 
current will be induced in the coil not carrying a current by what 
is called mutual induction. The coil carrying the current is 
called the primary coil, and the other coil is called the secondary 
coil. The secondary coil is usually placed so as to enclose the 
primary coil within it, but it may be placed outside of the primary, 
both having the same size, as in Tig. 57, where p and s are the 
primary and secondary 
coils, respectively. The 
current, in this case, is 
supplied by the battery B, 
and it flows through the 
coil p (which is a right- 
hand helix) as indicated by 
the arrows, that is, from 
the battery, through a, 
through the coil, and then 
thi-ough 6. By the rule of 
Art. 97, the end of the 
helix marked B is the 
south pole, and the right-hand end of the soft-iron core that passes 
through both coils is a north pole. The lines of force therefore 
have the direction indicated by the arrowheads, and some of 
them spread out so as to enter the other coil. The flux density 
is, of course, greatest at the polos S and N. Now if the current 
be suddenly “made” (turned on) by closing the switch k (press¬ 
ing the key), the effect will Ikj the same as though the secondary 
coil s had been suddenly moved along the core nearer the south 
pole S of the primary coil, since it then moves into a denser 
field, and the number of linos of force passing through the second¬ 
ary coil is suddenly increased also, thus inducing an e.m.f. in 
the secondaiy coil. If the external circuit cd of the secondary 
be closed, a current will flow through it. It is important to 
observe that the current flows only during the short period 
following the “make” or “break” of the circuit and oeasesto 
flow as soon as the stability of the circuit is established. 

To determine the direction of the current, consider the turn 
mn of the coil and the line of force /. As mn moves to the right, 
it presses against / and bends it so that the direction of / around mn 
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will be clockwise; hence, by the rule of Art. 92, the current is 
flowing away from the observer, or from n toward m, as indicated 
by the arrowheads. The direction may also bo determined by 
the right-hand rule, the hand being held over the coil, the index 
finger pointing down (the direction of f), the thumb pointing to 
the right toward N (the direction of movement of the secondary 
coil), and the middle finger pointing away from the observer 
(the direction of the current). The arrows indicate the direction 
of the current in the external circuit and coil of the secondary. 

Note that the direction of the current in the secondary is 
opposite to that in the primary. But, if the circuit be suddenly 
opened, by releasing the key fc, the numlier of lines of force pass¬ 
ing through the secondary will lie suddenly decreased; the effect 
will Ix) the same as though the secondary coil had been suddenly 
moved along the core to the left; mn will then press against the 
line of force /, which will wind around it counterclockwise, the 
direction of the current in the secondary will be reversed, and will 
be the same as that in the primary. Therefore, when the e.m.f. 
is increasing, the current in the secondary tends to move in a 
direction opposite to that in the primary; but when the e.m.f. 
is decreasing, the current in the secondary tends to move in the 
same direction as that in the primary. 

128. From the foregoing, it is seen that an induced current may 
be generated in three ways: by electromagnetic induction, by 
self induction, and by mutual induction. When generated by 
electromagnetic induction, it is the result of motion; when gen¬ 
erated by self induction or mutual induction, it is the result of a 
sudden change, usually by making or breaking the circuit, but 
will occur whenever there is a sudden change in the number of 
lines of force passing through the circuit. 

It is likewise clear that; (a) whenever an electrical conductor 
cuts magnetic lines of for<x), an e.m.f. (electromotive force) is 
induced in it; (b) this e.m.f. is greater as the number of lines of 
force cut per second is greater; (c) the direction of the magnetic 
field produced by the induced current always opposes the motion 
that produces the field, and the c.m.f. produced is electrical 
energy derived from mechanical work. 
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PROPERTIES OF MAGNETS 

77. Natural Magnets.—The ancients found in Magnesia, Asia 
Minor, a certain kind of stone or ore that had the peculiar prop¬ 
erty of attracting to it pieces of iron. It was also found that if a 
bar-shaptid piece of this stone be suspended at its middle from a 
thread, one end of the bar always pointed toward the north, 
and that this end always pointed north without regard to how 
the ends of the bar pointed when first suspended. For instance, 
if the end iiointing north were marked and if the bar were origi¬ 
nally placed so as to point cast and west, it would swing around, 
the marked end pointing north and the other south. For this 
reason, the stone from which the bar was made was called lode- 
stone, which means leading stone. Anything that possesses this 
property of always pointing in a north and south direction when 
suspended from a thread, resting on a pivot, or floatii^ in a li¬ 
quid, and which will attract and lift iron particles, is called a 
magnet; the entire arrangement is called a compass, and the 
magnet itself is called the compass needle. Hence, a piece of 
lodcstone is a magnet; and because it is found in a free state in 
nature, it is called a natural magnet Chemically, lodestone is 
an iron ore, oxide of iron (FejOO, and the ore is called magnetite. 

78. Artificial Magnets.—If a natural magnet be drawn over 

a bar of hardened steel from one end to the other several times, 
the movement being always in the same direction, see Fig. 16, 
it will be found that the steel bar has the same properties as the 
natural magnet. It is not necessary to exert any degree of pres¬ 
sure; simply sec that the surface of the natural magnet touches 
that of the steel bar. When the end of the bar is reached, lift 
(2 65 



66 


EI.EMENTS OF ELECTRICITY 


§2 


the natural magnet and carry it to the other end of the bar 
through the air. After the steel bar has been magnetized, as 
the process is caUod, it becomes what is known as an artificial 
magnet; and if the steel has been previously hardened, it will re¬ 
tain its magnetism indefinitely, being then called a permanent 
magnet. Any pennanent magnet, whether natural or artificial, 
may i)o used to make other magnets in the same manner as that 
just described for making an artificial magnet. 



79. Magnet Poles.—The ends of a ms^et are called its poles. 
The end that points north when the magnet is free to swii^ in a 
horizontal plane (as when balanced on a pivot or suspended from 
a thread) is called the north pole, and the other end is called the 
south pole. Whatever its shajpe, every magnet has a north and 
a south pole; and if the magnet has the approximate shape of a 
bar, these poles are opposite each other. The straight line 
joining the poles and passing through the magnet is called the 
axis of the magnet. A straight bar magnet may be bent into 
the shape of a letter U or a horseshoe, in which case it is called a 
U-magnet or a horseshoe-magnet, and the axis will then have a 
similar shape. The poles will then no longer be opposite each 
other, but alongside each other; but there will still be two poles, 
one north and the other south. 

If a magnet be broken in two pieces between the poles, each 
piece will be a magnet, and each will have its north and south 
poles; in fact, no matter how many pieces may be made of the 
original magnet, nor how they are taken, every piece will be a 
magnet and will have its own north and south poles. It is 
impossible to have a m^et with one pole. 
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80. Deteimining the Poles of a Magnet.—In Fig. 17 is shown a 
compass. The needle, which has been magnetized, is a thin 
piece of steel having the shape of two equal isosceles triangles 
joined at their bases. The needle swings in a horizontal plane 
on a pivot. That half of the needle which has the end that 
points north is usually blue and the other end is white; the blue 
end is, therefore, the north pole and tlie white end is the south 
pole. If the north pole of another compass lie brought near the 
north pole of the first one, the two needles will swing apart; the 
same thing will happen if two south poles are brought near each 
other. But if the north pole of one compass be brought near the 



south pole of the other, the two needles will swing until they either 
touch or their axes are parallel. This is also true of magnets; if 
the poles are alike, it may require considerable force (depending 
upon the strength of the magnets) to make the two surfaces touch, 
while if they arc unlike poles, it requires considerable force to 
separate them. Whence, the law: 

Like poles repel each other; unlike poles attract each other. 

If, therefore, it is desired to find which of the two poles of a 
magnet is the north pole and which is the south pole, all that is 
required is to bring one end of the magnet near, say the north 
end of the compass, see Fig. 17, and note what happens. If the 
compass end swings toward the magnet, that end of the magnet 
is the south pole (since unlike poles attract each other); but, if 
the needle swings away from the magnet, then that end is the 
north pole. 

81. Distribution of Magnetism.—Magnetism is not equally 
distributed over the entire length of the magnet between the 
poles; this is to be expected, since, because the poles arc opposite 
in character, there must be a place between them where there is 
apparently no magnetism. Suppose a straight bar magnet be 
rolled in iron filings; on being lifted out, the appearance of the 
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niagjipt will bo somowliat as shown in Fig. 18 . A lai^ mass of 
filings will be colleeted at eaeh end of the bar, and if the bar is 
cylindricalf these masses will be pear-shaped. The number of 
particles of iron in the masses will be frreatest at the ends, and 
in the middle of the bar, there will be practically none. The 

particles form masses 
all around the bar, ex¬ 
cept at the middle line 
abed, which is called the 
neutral line. If, how¬ 
ever, the bar be cut in 
two at the neutral lino, 
two magnets are in¬ 
stantly formed, and the 
neutral line will be shifted to halfway between the ends of each 
piece, as in the original bar. 

82. Magnetic Induction.—If one end of a magnet be touched to 
a piece of soft iron, the iron immediately becomes a magnet, the 
end nearest the magnet being of opposite polarity; that is, if the 
end of the magnet is a south pole, the end of the iron that touches 
it will be a north pole, and vice versa. If the magnet be lifted 
and the piece of iron is not too heavy, the force of magnetic attrac¬ 
tion will lift the iron also. If the free 
end of the iron be touched to another 
piece of soft iron, that also will immedi¬ 
ately become a magnet, the end touching 
the first piece of iron having a pole of 
opposite polarity. In this manner, 
several pieces of iron may be lifted as 
shown at (a). Fig. 19. It is to be noted, 
however, that as soon as one of the 
pieces of iron is removed from the 
vicinity of the magnet, it ceases to be 
a magnet. Such is not the case when 
the pieces lifted are steel; in this in¬ 
stance, some of the magnetism remains in the steel after removal 
from the magnet, and the same is true to a certain extent if the 
iron be not perfectly pure. 

Referring to Fig. 19 (b), suppose the first piece of iron is 
brought quite near to the end of the magnet, but is not allowed 
to touch it; then, as before, the iron will become a magnet, its 
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1 hoinir o5 opposite polarity to those of the magnet, and it 
a JTnd ^ecc, as indicated in the figure. Th» 
.„ 'iioii will occur, even though the piece of iron be aep&nted 
from the magnet by a 8h(«t of glass, paper, or any substance 
whatever, whether ma^jvetic or not. The magnetic properties 
that are thus imparted to the iron are said to he due to 
magnelic induction, and magnetism is said to be induced in 
the iron. Whenever a piece of iron or steel is magnetized 
without coming in contact with a magnet, it is magnetized by 
induction. 


83. Magnetic and Non-magnetic Substances.—When a piece 
of soft iron is magnetized, it is called a temporary magnet, 
because it is a magnet only so long as it is under magnetizing in¬ 
fluence. Any substance that can be made into a temporary or 
permanent magnet is called a magnetic substance, and all others 
arc called non-magnetic substances. In addition to iron and 
steel, nickel, cobalt, chromium, cerium, and oxygen are slightly 
magnetic, but the force of attraction existing between them and 
a magnet is very small as compared with iron and steel; hence, 
iron and steel are the only substances used in practice for mag¬ 
netizing purposes. 

It is to be noted that when a magnet attracts a piece of iron (or 
steel), the iron attracts the magnet with exactly the same force 
that the magnet exerts on the iron. The effect is similar to the 
action and reaction of forces; when a weight rests on a table, it 
presses against the table, and the table reacts and presses against 
the weight. There is, however, this difference; the force that 
can be exerted by a magnet diminishes gradually from the poles 
to the neutral line, where it is zero; but any point or place on 
the surface of a temporary magnet may be one of the poles, 
and that pole will attract the magnet always with the same 
intensity, if the area in contact with the pole of the magnet is 
the same. 

Although non-magnetic substances cannot be magnetized and, 
therefore, cannot be attracted or repelled by a magnet, they 
cannot prevent magnetic induction from taking place thi'ough 
them. This was shown in connection with the experiment illus¬ 
trated in Fig. 19. 
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LINES OF FORCE 

84. Definition.—Strictly speaking, a pole is a point; hence, 
when it is desired to refer to an area about a pole, it is better, 
usually, to employ the term pole-piece. 

If the polo-pieces of two magnets having opposite polarity are 
brought near each other, as in Fig. '20, the two magnets attract 
each other with a certain force. Assume, now, that the two 

pole-pieces are similar and 
equal prisms, that the 
planes of their sides coin¬ 
cide, and that their ends 
arc flat and parallel. Now, if the ends of the polo-pieces are 
comparatively small, the force exerted between the two poles 
may be considered as distributed uniformly over the entire 
surface of the ends, and if the ends be considered as divided 
into a very large numlxir of little squares, the magnetic force 
exerted between the polos may also be considered as divided 
into the same number of equal parts. The effect produced 
will be the same as though every one of the small forces 
acted in a line that passed through the centers of gravity 
of two opposite small squares. For this reason, these small 
forces are called lines of force; and the sum of all the lin^ of 
force will evidently be the total force exerted between the two 
poles. There is, of course, really no such thing as a line of force; 
it is, however, an extremely convenient conception and is 
universally used in all electro-magnetic calculations. A line of 
force when considered as a force and not as a line or path is 
sometimes called a maxwell (named after James Clerk-Maxwell). 
Hence, instead of the expression 25,000 lines of force, 26,000 
maxwells is equally proper. 

86. Direction of Lines of Force.—With the pole-pieces close 
together and arranged as described in connection with Fig. 20, 
the lines of force may be regarded as right lines. In reality, 
however, the lines are curved, as may easily be proved by direct 
experiment. Place a bar magnet on a table, and on top of the 
magnet lay a sheet of paper (or a pane of window glass), sup- 
jwrting the edges so the sheet will lie flat in a horizontal plane. 
On top of the shoot, sprinkle a thin layer of fine iron filings. Each 
iron particle immediately becomes a temporary magnet, by 
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induction, and the filings arrange themselves as shown in Fig. 
21, the north pole of one touching the south pole of the preceding 
particle, one after another, and all forming distinct curved lines 
extending from pole to pole. If the magnet be turned so as to 
bring another side against the 
sheet, the same result will be 
obtained, and it is therefore 
inferred (and with truth) that 
these lines show the direction of 
the lines Of force, and that they 
(the lines of force) completely 
fill the space surrounding the 
magnet. It is assumed that 
they issue from the north pole 
of the magnet, make a complete circuit through the surrounding 
medium, which is usually air, re-enter the magnet at the south 
pole, and then pass through the magnet to the north pole. The 
path, which is thus closed and complete, is called the magnetic 
circuit, and every line of force is a closed curve and is in itself 
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a complete magnetic circuit. The space surrounding a magnet 
and penetrated by lines of force is called a magnetic field. Note 
that the magnetic field includes only that space that is pene¬ 
trated by lines of force. 
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That the direction of the lines of force is from the north pole 
to the south pole is readily established by placing a small com¬ 
pass in the magnetic field. The compass needle will invariably 
place itself so that its axis will lie in a line of force, and it will 
point away from the north pole toward the south pole, as indi¬ 
cated in Fig. 22. 

86. Reference to Figs. 21 and 22 makes clear the fact that the 
greatest density of lines of force is at the poles, where they are 
very closely aggregated. As the distance from the poles in¬ 
creases, whether in the direction of the axis of the magnet or at 
right angles to it, the number of lines per unit of area decreases. 
If a right section be taken through a magnetic field, the number of 
lines of force passing through a square inch or a square centi¬ 
meter of the section is called the strength of the field or field 
density. It is desirable to have a uniform method of measuring 
the field density. This is expressed as the total number of lines 
of force passing out of (or into) a pole-piece divided by the pro¬ 
jected area (area of a right section) of the i)olc-piece. Thus, 
suppose 140,000 lines of force are passing through the north 
pole-piece of a magnet and that the projected area of the pole- 
piece is 3.6 square inches; then, the field density = strength of 
field = 140,000 -4- 3.5 = 40,000 lines of 
force per square inch = 40,000 max¬ 
wells per square inch. 

87. If, instead of placing the sheet of 
paper on the side of the magnet, as in 
Fig. 21, it is placed on one of the pole- 
pieces, as in Fig. 23, the filings will 
arrange themselves in radial lines, ex¬ 
tending outward from the center of the pole-piece. The greatest 
number of particles, and, consequently, the greatest density, 
will be at the center of the pole-piece, as shown. 

88. Lines of Force Cannot Intersect. —^Lines of force can 
never intersect, or cut, one another; this fact may also be shown 
by means of iron filings. Thus, if two bar magnets be arranged 
as in Fig. 24 (a), covered with a sheet of paper, and iron filings 
are sprinkled over the paper, then when unlike poles face each 
other, as at (o), the lines of force coalesce and extend from the 
north polo of one magnet into the south pole of the other. If 
like poles face each other, as at (b), the lines of force curve away 
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from one another, as though they were pushing the poles apart. 
A similar action occurs when like poles are placed so that their 
axes make an angle with each other, as at (c). 

The imaginary lines or paths formed by the filings are caused 
by the magnetic force of the magnet, which by induction, makes 
each little particle of iron a temporary magnet, and which imme¬ 
diately arranges itself so that its axis lies in (coincides with) the 
line of force passing through it. Also each particle attracts 
another particle, and thus makes a continuous chain that out¬ 
lines the line of force. 
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89. Nature of Magnetism.—Just what magnetism is, is not 
known; but the relation between magnetusm and electricity is 
very close, in fact they may be different forms of the same thing. 
It is certain that magnetism is not a fluid, though some of its 
properties resemble those of fluids; and because of this, field 
density is frequently called flux density, the word flux meaning 
JUm. The term magnetic flux means all the lines of force in the 
field, while flux density means the number of lines of force per 
square unit (square inch or square centimeter) at the point of 
the field considered, the value being different for different 
parts of the field. 

Magnetism is not a material substance; for, if a magnet be 
used to make another magnet, as described in Art. 78, the original 
magnet retains all its magnetism; in other words, nothing 
material passes from the first magnet to the second. In fact, 
the same magnet may be used to magnetize any number of 
magnets without losing any of its own magnetism. 

90. Permanency of Magnets.—All permanent magnets will, 
in time, lose a part of their magnetism unless they are protected 
by an armature or keeper. The armature is a piece of soft iron 
laid across the pole-pieces of a U-shaped or a horseshoe magnet, 
as shown in Fig. 25. The lines of force pass from the north polo 
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of the magnet into the armature, through the armature to the 
south pole, and then through the body of the magnet to the 
north pole again. A magnet thus protected by 
an armature will retain its magnetism at full 
strength indefinitely. 

K a piece of soft iron be placed anywhere in a 
magnetic field, the lines of force tend to crowd 
together and pass through the iron, because the 
iron offers very much less resistance than air or 
any other non-magnetic substance, and the iron 
becomes a temporary magnet by induction. But, 
if the iron be free from impurities, it will lose its 
magnetic properties as soon as the magnetic 
stream or flow ceases or the iron is removed from 
the magnetic field. The iron tends to hold the 
magnetic flux in the same manner that a pipe holds water 
that is flowing through it. 
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ELECTROMAGNETISM 

91. Magnetic Field Around Conductor.—Supiwsc a wire con¬ 
ductor, which may be cither bare or insulated, be passed ver¬ 
tically through a sheet of paper that is kept in a horizontal 
position, as indicated in Fig. 25, where the white dot represents 
a cross-section of the conductor, 
and that iron filings arc sprinkled 
over the paper. If, now, an elec¬ 
tric current be sent through the 
conductor, the iron filings will 
arrange themselves about the 
conductor in concentric circles; 
in other words, the space about 
the conductor becomes a mag¬ 
netic field, and the current in¬ 
duces magnetism in the filings. If a number of sheets of paper 
are strung along the wire, iron filings being sprinkled on each, the 
same result will be oljscrvcd on all of the sheets, as indicated in 
(a). Fig. 27. To prove that a magnetic field exists, place a com¬ 
pass near the conductor, and the needle will be deflected, the needle 
pointing in the direction of the lines of force, the axis of the 
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noedlo lying in a line tangent to one of the circles. If the cur¬ 
rent in the conductor flows as shown by the arrow from m toward 
n, the compass indicates that the lines of force have the same 
direction as the motion of the 
hands of a tvcUch; but if the cur¬ 
rent is reversed, flowing from n 
toward m, the direction of the 
lin<!S of force is also reversed, 
and their direction is opposite 
to that of the hands of a watch. 

In the first case, the direction of 
the lines of force is called clock¬ 
wise or right-hand rotation, and 
in the second case, counterclock¬ 
wise or left-hand rotation. 

The field density is greatest 
at the surface of the conductor 
and decrcfiscs as the distance 
from the conductor increases. 

The lines of force form concentric 
circles al)out the conductor, and 
throughout its whole length, as indicated in (&), Fig. 27; as in 
the case of magnets, they do not (cannot) intersect. 

92. Direction of Lines of Force.—It is important to know the 
direction of the lines of force around a conductor, and this may 
always be determined by the following rule: 

Rule.— Place the index finger paraUel to 
the condudor and point it in the direction 
that the current is flowing; the lines of 
force will then be clockwise around the 
conductor. 

Thus, in (a). Fig. 27, the current is 
flowing from m toward n; pointing the 
index fiiu;er in this direction, as shown, 
the lines of force are clockwise, as indi¬ 
cated by the compasses and arrow¬ 
heads. In (i»), the direction of the 
current is from n toward m; the lines 
of force are clockwise relative to the direction in which the 
linger is pointing, but they arc counterclockwise relative to (o). 
If the two conductors be considered as lying in a horizontal 
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n in both cwms, then, when the current IS Sowing away from the 
observer, the clircction of the hnes of farce are clockwise; but, if 
the current is flowing toward the observer, the direction of the 
lines of force is counterclockwise. 

The watch or clock is always supposed to be behind the lines 
of force; it is for this reason that the arrowheads in Fig. 27 (a) 
are revei'sed, the direction in which the reader is looking at the 
picture being down instead of upward, in the direction of the 
arrow. The correct representation would be as shown in Fig. 28. 


93. Attraction and Repulsion between Conductors.—If two 
conductors, both carrying a cinrent, are placed near each other, 

the conductors being parallel (or 
nearly parallel), they will either 
attract or repd each other, ac¬ 
cording to whether the currents 
are flowing in the same or in 
opposite directions. In (a), Fig. 
29, the currents are flowing in 
the same direction. As the lines 
of force spread out from the 
conductors, they meet and blend 
(coalesce); they also tend to 
shorten, and this produces a pull 
that tends to bring the conduc¬ 
tors together; that is, they at¬ 
tract each other. In (6), the 
currents are in opposite direc¬ 
tions; the lines of force are also 
in opposite directions, being 
clockwise about one conductor 
and counterclockwise about the 
other; they therefore cannot 
blend or coalesce, and since they cannot intersect, they arc bent 
out of their natural position; the force required thus to distort 
them tends to push the conductors apart, and they therefore 
repel each other. 
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94. Direction of Current in a Conductor.—Suppose a compass 
to be placed so as to point north and south, that is, the eni of 
the needle lie directly over the N and S marks on the dial. If, 
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now, a conductor carrying a current be held over and parallel 
with the needle, and the direction of the current be from south 
to north, the north pole of the needle will be deflected to¬ 
ward the west. The reaeon for this wffl. be clear after study¬ 
ing I'ig. 30. Before deflection, the needle is pointing in the 
same direction as the wire, and the lines of force about 
the wire are at right angles to the lines of force passing 
out of the north pole and into the south pole of the needle, which 
is a magnet. As a consequence, the needle swings so that 



the lines of force in its magnetic field will blend or coalesce 
with those about the conductor. As shown in the figure it must 
necessarily swing toward the west, since if it swung the other way 
(toward the east), the lines of force in one field would oppose 
those in the other. Notice that when the conductor is over the 
needle, the bottom parts of the circles representing the lines of 
force about the wire coalesce with those above the needle. If, 
however, the compass be held above the conductor, the upper 
parts of the circles representing the lines of force about the wire 
coalesce with the lines of force under the needle, and this makes 
the north pole of the needle swing toward the east. If the direc¬ 
tion of the current in the conductor be reversed, flowing from n 
toward m, the direction in which the needle points will also be 
reversed in the two cases. 
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If, therefore, the conductor is wer and parallel to the needle and 
the right hand be held so the index finger points north (parallel 
with the conductor) and the thumb is placed at right angles to 
the conductor, as shown in the figure, with the back of the hand 
up, then, when the current is flow- 

' -*- ing from south to north (from m 

' + - to n), the needle will point in the 

■->-■ >-- same? direction as thumb; but if 

ft .'-i- the current is flov/ing the other 

, way, from n to m, the needle will 

point in the opposite direction. 
Hence, to find the tlirection of the 
current, place the conductor so that it will lie in a general north 
and south direction, place a compass under it, and in front of 
the observer; then if the needle points toward the west the 
current is away from the observer; but if the needle points 
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toward the cast, the current is flowing toward the observer. 
When speaking of the needle “pointing,” it is always under¬ 
stood to mean the direction in which the north pole points. 

96. If the conductor form a loop so it can pass over and under 
the compass needle, as shown in Fig. 31, the direction of the cur- 
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rent in the upper wire will be opposite to that in the lower wire, 
and both wires will act to turn the needle in the same direction. 
In the figure, the current is produced by the cell shown at the 
right, and the direction is indicated by the arrowheads. The 
needle wUl evidently turn in the direction of the arrows. 

96. The Solenoid.—If a conductor carrying a current be bent 
into a loop and placed in, say, a vertical position, as in Fig. 32, 
and a piece of soft iron bo suspended from a string attached to 
the iron at its center of gravity, the iron will turn until its axis 
coincides with or is parallel with the axis of the loop. The 
reason for this is that the lines of force about the conductor all 
try to pass through the iron, which is much more pmneabk, as 
it is termed, than the air; they do not all pass through, but many 
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of them do, with the result that they are distorted and are no 
longer circles, but take the shape of the lines of force passing 
through a magnet. The piece of iron then becomes a temporary 
magnet, having a north and south pole. 

This effect is better shown by bending the wire into a number 
of loops or coils, all having the same diameter, the general shape 
being that of a helical spring. By returning the ends of the wires 
through the helix and out at the middle, as shown in Fig. 33, 
and suspending from pivots at the ends, without breaking the 
circuit, the helix will be found to have the properties of a magnet; 
it will have a north and south pole, a neutral line, and it will 
swing so as to point in a north and south direction, the same as a 
compass; it will also attract and repel similar coils or magnets. 
Whenever a conductor is coiled into the form of a helix, the helical 
part is called a solenoid. 
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97. Poles of the Solenoid.—Referring to Fig. 32, note that the 
loop is wound like one turn’of a right-hand helix or screw thread. 
The direction of the lines of force around the conductor is indi¬ 
cated by the arrowheads. The piece of iron distorts and bends 
these lines, causing them to enter the iron at the end marked 
S and leave at the end marked N. The same thing happens 
when the wire is bent into a number of coils of the same kind, as 
in Fig. 3.3, except that the lines of force in the adjacent coils 
coalesce, making numerous very long lines and increasing the mag¬ 
netic properties of the solenoid. If, however, the conductor be 
reversed, so that the coil or coils form a left-hand helix (corre¬ 
sponding to a left-hand screw thread), the direction of the cur¬ 
rent in the conductor will lie opposite to that in the above case, 
the direction of the lines of force will be reversed, and what was 
the north pole of the solenoid then be the south polo. Therefore, 
if the direction of the current be known, the poles of the solenoid 
m.ay be identified by the following rule: 

Rule .—Looking throitgh the sohnoid fro7n the end at which the 
current enters, if the helix winds clockwise away from the ohsmer, 
the conductor is wound into a right-hand helix, the current flows 
around in the dircetion of the haruis of a watch, and the end nearest 
the eye is a so'uth pole. But, if the helix winds counterclockwise 
away from the observer, the conductor 
forms a left-hand helix, the current 
flows around in a counterclockwise 
direction, and the end nearest the eye 
is a north pole. 

In practice, the best way to deter¬ 
mine the polarity of a solenoid is to 
hold a compass near one end; if the 
needle is repelled, that end of the solenoid is of the same kind as 
the end of the needle that is repelled (since like poles repel each 
other); otherwise, it is of opposite polarity. 

98. The Electromagnet.—If the conductor be wound around 
a cylindrical iron or steel bar, as shown in Fig. 34, the bar, which 
is called a core, attracts the lines of force and greatly increases 
the magnetic properties of the solenoid. The bar becomes a 
magnet, and if made of steel and the current is continued for 
any length of time, it will become a permanent magnet. If made 
of iron, the strength of the magnet will be greater than if made of 
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steel, but it will lose practically all its magnetism as soon as 
the current ceases to flow. Magnets made in this manner are 
called electromagnets. 

The strength of an electromagnet depends upon the strength 
of the electric current, upon the number of turns of wire in the 
cod, and upon area of cross section of the core. In practice, 
the coils are made up of a very large number of turns of very fine 
insulated wire, preferably, copper wire. The wire is insulated 
to prevent a'short-circuiting of the current; but the insulation 
does not insulate the lines of force —^it insulates the current only. 
The wire is small in order to increase the voltage of the current. 
A small wire offers greater resistance than a larger wire; and since 
by Ohm’s law, E = IR, it follows that if the strength of the cur¬ 
rent remains the same, increasing the resistance increases the 
e.m.f. of the circuit. 
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99. Electromagnets are made in many forms, one of which is 
shown at (a). Fig. 35. Here S' and S" are spools or bobbins made 
up of a very great number of turns of fine, insulated copper wire. 
C and C" are soft iron cores, which pass through the spools and 
are held in place by the yoke F. A is a soft iron armature, or 
keeper, to which is attached a hook, from which weights or 
loads may be hung. The wire is continuous, and after being 
wound around one spool, is continued around the other, the 
connection between the two being at o. The manner in which 
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the winding is done is shown at (6), which represents a bar bent 
into the form of a U. The wire is wound around A, passes over 
the top at c, then under B, at d, and around down to the end 
in the oppoidte direction. Observe that both coils are right- 
hand helixes, as they must be since the bar is a continuous one; 
it straightened out, it would look, with its winding, as shown at 
(c). According to the rule of Art. 97, the end A is the south 
polo and the other end is- the north pole. Had the winding been 
in the form of a lefti-hand helix, the poles would liave been re¬ 
versed. Note that the arrowheads on the two coils point to¬ 
ward one another; they indicate the direction of the current. 

Contact of the armature with the poles of the magnet greatly 
increases the strength of the magnet, because practically all the 
lines of force pass through the armature and, consequently, 
through the poles. If, however, the annature is separated from 



the poles by an air gap, many of the liiiiw 
of force are diverted from the armature, 
and the number passing through the poles 
is smaller, which lessens considerably the 
strength of the magnet. 

100. The Electric Bell.—One of the 
practical uses of the electromagnet is the 
electric boll. Referring to Fig. 36, C repre¬ 
sents a cell, either wot or dry, but preferably 
a dry cell. E is an electromagnet, wh(Me 
armature A is attached to a spring iS that 
ordinarily keeps the armature from contact with the poles of the 
magnet. The amsature carries a spring S', which presses against 
the pivot p. The push button B is kept from contact with the 
pivot p' by the spring S", thus leaving the circuit open. When 
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the button B ia pushed down, the circuit is closed; the current 
flows from the positive electrode of the cell to the binding post o; 
enters the magnet at b and leaves at c; flows along the spring 
iS and armature A to pivot p, to binding post d, and thence back 
to the negative electrode of the cell. But as soon as the current 
passes through the magnet coils, the poles of the magnet draw 
the armature A into contact with them; this takes the spring 
S' away from the pivot p and breaks the circuit. The coils then 
cease to bo a magnet, and the spring S draws the armature away 
to its former position, spring S' comes into contact with p, the 
circuit is again closed, and the armature is again drawn to the 
poles. The armature carries a clapper F, the end G of which 
strikes the bell every time the armature is drawn to the poles. 
Therefore, the bell will ring as long as the push button B is held 
down. On releasing it, the circuit is open, and the bell will no 
longer ring. 

101. Magnetic Leakage.—All the lines of force induced in an 
electromagnet do not follow a single path; some of them stray 
and take shorter paths, even though they have to pass through 
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the air. If, however, the armature is in contact with the poles, 
practically all the lines of force are confined to the core and arma- 
tiue, as shown diagrammatically in P’ig. 37 at (a). If the arma¬ 
ture is at some distance from the poles, as shown at (6), some of 
the lines will fail to cross the air gap to the armature, as indicated. 
The total number of lines of force, the flux, will be less also. As¬ 
suming that the same magnet is used in both cases, the lifting or 
attractive power of the magnet in the second case is less than in 
the first case. If there is no armature, the result is shown dia¬ 
grammatically at (c). Here there are more “stray” lines of force 
and a much smaller number of lines of force in the core; conse- 
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quently, the magnet in the third ease is much weaker than in 
either of the two other cases. 

Those lines of force that do not pass through the poles have no 
effect on the lifting or attractive power of the magnet; they 
constitute what is called the magnetic leakage. The magnetic 
leakage depends upon the magnetic substance composing the 
core of l.he magnet, the uniformity of the material (freedom from 
and distribution of impurities), whether or not there is an arma¬ 
ture, whether or not it is in contact with the poles, and if not, 
upon the length of the air gap between the armature and the 
poles. The shorter t he air gap the less is the magnetic leakage, 
and the greater the strength of the magnet. This confirms what 
was stated in Art. 99. 


ELECTRICAL MEASURING INSTRUMENTS 


MEASnWNG CURRENT 


102. Galvanometers.—Any instrument that measures electric 
currents by the effects produced by the electromagnetic action is 
called a galvanometer. The word means galvanic measurer, and 
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was named alter Alvisio Galvani. There are many kinds and 
makes of galvanometers, but only the D’Arsonval galvanometer 
named after its inventor, will be described here. The instru¬ 
ment is constructed as follows: 
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Eeferring to Fig. 38, at (a) is shown a pcnnanent magnet P, 
which stands in a vertical position. Between the poles of the 
magnet is suspended from a fine silver wire a light, hollow rectan¬ 
gular frame, shown in detail at (6); the thickness of the frame is 
quite smaE as compared with its height and breadth. The frame 
is wound with many turns of fine, insulated wire, thus making it 
a solenoid. The wire suspension w is pulled taut between the 
supports p' and p", so as to support the solenoid and leave it 
free to turn. The solenoid is arranged relative to the poles of 
the magnet as shown at (a), with the axis A of the solenoid 
making an angle with the direction of the Un(» of force between 
the north and south poles of the magnet. Within the solenoid, 
is a soft-iron, cylindrical core C, which acts as an armature to 
attract lines of force and makes a strong, uniform magnetic 
field. The silver susjxjnsion wire is connected to one end of 
the coil at o and to the other end at b, and it is also connected to 
the circuit at p' and p"; thus when a current is flowing through 
the circuit, it passes through the coil of the solenoid. Since the 
linos of force through the solenoid make an angle with those 
passing between the poles of the magnet, the two sets of lines of 
force tend to coalesce, thus causing the solenoid to turn and twist 
the suspension wire w. When the current is shut off (by opening 
the circuit), the wire untwists, and the solenoid returns to its 
former position. Since the force required to twist the wire in¬ 
creases with the amount of twist, and since the force causing the 
twist increases with the strength of the current, it is evident that 
the angle turned through by the solenoid increases or decreases as 
the current increases or decreases. To measure the angle, a 
pointer or small mirror m is attached to the suspension wire. 
A beam of light thrown on the mirror from some point in a line 
perpendicular to the plane of the mirror will be reflected back 
to the point from which it came; but, as the solenoid turns, the 
mirror turns also, and the beam of light is reflected to some other 
point. Knowing the strength of the current at different times 
and marking the points to which the light reflects, a scale can be 
constructed that will measure the strength of an \inknown current. 

Instead of a mirror, a pointer may be attached to the wire, 
and a scale for measuring unknown currents may be constructed 
in a similar manner. 

103. As previously stated, galvanometers are made in many 
forms. Wliile any instrument used to measure currents by 
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means of its eloctromajinetic action is a galvanometer, the 
term is usually restricted to instruments used in laboratories and 
in precise measurements. As will presently be shown, a galva¬ 
nometer can be so eonstructefl that it will measure the e.m.f. of 
a current in volts, in which case, it is calletl a voltmeter; or, it 
can bo so eonstruetod that it will measure the strength of a current 
in amperes, in which case, it is called an ampere meter or ammeter, 
the latter being the name in commercial use. 

104. The Weston Ammeter.—The Weston ammeter is a special 
fonn of the D’Arsonval galvanometer; its construction is shown 
in Fig. 39. A perspective view of the entire instrument is shown 
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at (a); a perspective of the working parts, with a portion 
removed, is shown at (6); a plan view showing the magnet and 
soft-iron core is given in (c); and (d) is a perspective showing the 
solenoid, sprinf^, and pointer. Referring to (b) and (c), B is a 
permanent magnet, which has attached to its poles N and S soft- 
iron pole pieces N' and S', the inner surfaces of which arc curved 
to a circular arc. A bra^ plate A is screwed to the outer ends 
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of the pole pieces and carries a lug b to which the round iron core 
C is attached by the screws o' and a". The core C fits inside the 
solenoid F, shown at (d), in the manner illustrated in (b). The 
spiral springs s' and s", at the top and bottom of the solenoid, 
tend to prevent the solenoid from turning. To the upper part 
of the solenoid is attached a light aluminum pointer R that 
moves over the graduated scale E, shown in (o). Wlien the cir¬ 
cuit is open, the springs bring the pointer to 0, the left-hand end 
of the s(!ale which indicates zero; but when the circuit is closed, 
the coil (solenoid) turns, as explained in Art. 102, carries the 
pointer with it, against the resistance of the springs, and the read¬ 
ing of the scalcshows the strength of the current in amperes. The 
action is exactly the same as in the D’Arsonval galvanometer. 
The current enters the instrument at the binding jjost r, which is 
marked -b on the instrument, flows through the solenoid, and 
leav^ the instrument at the binding post r'. 

The distinguishing feature of any ammeter is its very low 
internal resistance; this is necessary, in order that the full 
strength of the current may pass through it. A Weston ammeter 
of the kind just described, and which will indicate up to 16 am¬ 
peres, has an internal resistance of only .0022 ohm; hence, when ^ 
indicating to full capacity, the drop in voltage between the 
two binding posts is, by Ohm’s law (E = IR) only 15 X .0022 
= .033 volt, and the loss in power is only (P = PR) 15* X .0022 
= .495 watt, say half a watt. For lower values of J, the loss 
is much less; thus, for 5 amperes, the drop in voltage is only 5 
X .0022 = .011 volts, and the loss in watts is 5* X .0022 = .055 
watt. Note, however, that the entire current goes through the 
instrument. 

105. Ammeter Connections.—All the current to be measured 
must flow through the ammeter; hence, the ammeter must be 
connected in series with the apparatus receiving the current to 
be measured, preferably between the apparatus and the source 
from which the current comes. Suppose, for example, that it 
were desired to measure the current that flows through the 
lamp L in (o). Fig. 40. If C is the conductor carrying the cur¬ 
rent from the source to the lamp, the ammeter must be placed 
on this wire, the binding post marked -f- being connected to that 
part coming from the source and the other binding post to 
that part leading to the lamp. All the current received by the 
lamp then passes through the ammeter. 
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If the conncotions at the binding posts were reversed, the 
pointer would tend to turn in the opposite direction, and the 
anuncter might either be damaged or destroyed. 

Suppose that by mistake the ammeter were connected in 
parallel with the lamp, as shown at (6), Fig. 40. If the e.m.f. of 
the circuit were 110 volts and the internal resistance of the am- 
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meter wore .0022, the strength of the current pa.ssing through the 

E 110 


li .0022 


instrument would be, by tlhm’s law, I 

amperra, which would coinpletdy destroy the ammeter by 
melting the resistance. 

106. The Weston Voltmeter.—The distinguisliing feature of a 
voltmeter is the extremely high internal resistance, which is 
.necessary in order to make the current flowing through it ex¬ 
ceedingly small. The resistance of a voltmeter that will re.(!ord 
up to 1.50 volts is 18,000 ohms. Therefore, by Ohm’s law, when 
registering 110 volts, the strength of the current that flows 

18 000 ~ •00011-1- ampere, and the 
£2 


through it is only I =" - Tk 


power it absorbs in watts in P = -.r = 


110 ’“ 


= .072-f watt. 


K 18,000 

The Weston voltmeter, which is illustrated in Fig. 41, resembles 
very closely the Weston ammeter. The chief difference in ex¬ 
ternal appearance is in the position of the binding posts, one 
being placed on either side of the magnet poles instead of both 
on one side, as in the ammeter. The solenoid is wound with 
finer wire, and there arc many more turns. The current enters 
the instrument at the binding post /, which is marked -b, and 
then passes to a high resistance R by the wire o; from R, it goes 
to the solenoid F by wire h, and leaves the solenoid and the 
instrument by wire c, which conno(its with the other binding 
post r". The instrument frequently has a switch S, in the form 
of a push button, so that the instrument records only when the 
button is pushed, thus closing the circuit. The principal dif- 



§2 


MAGNETISM 


89 


ferencc between the Weston voltmeter and the ammeter is the 
resistance R and the fact tliat the solenoid is wound with many 
more turns of finer wire; otherwise, the two instruments arc prac¬ 
tically alike in their mechanical construction. 



107. Voltmeter Connections.—A voltmeter must always bo 
connected in parallel (multiple) with the apparatus whose e.m.f. 
it is desired to measure; the e.m.f. of the voltmeter will then be 
the same as tliat of the apparatus (Art. 37). Thus, referring to 
Fig. 42, suppose it were desireil to find the voltage of the lamp L. 
At a, a point near to where the current enters the lamp, a con¬ 
nection is made to the binding iiost niiirkcd -|-; at 6, a point near 
to where the cuiTeut leaves the lamp, a connection is made to the 
other binding post. The current thus divides at a and unites at 
b, and the voltage of the instrument is the same as that of the 
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lamp. Observe that in the case of the ammeter, both connec¬ 
tions are to the same (the +) wire; but, in the case of the volt¬ 
meter, the connnections are made to both (the -f- and the —) 
wires of the circuit. 

108. Watt Meters and Watt-Hour Meters.—Knowing the 
current in amperes and the e.m.f. in volts, the watts (electric 
power) can be found by multiplication, since P = IE, Art. 
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elements of electricity 

47 . Insofar as the individual user of electric power is concerned, 
he does not wish to know the power for a particular time, but at 
any time; for this reason, instruments called watt meters are 
manufactured. The details of their construction and operation 
are somewhat complicated and will not be described here, fur¬ 
ther than to state that a watt meter does not have a permanent 
magnet, but two sets of coils (solenoids), one Ixjing connected to 
the circuit in scries (like an ammeter) and the other being con¬ 
nected in multiple (like a voltmeter). One of the coils is free to 
turn, while the other is fixed and takes the place of a magnet. 
The effect is such that the pointer, as it moves over'the scale, 
indicates watts instead of volts or amperes. For measuring the 
electrical energy supplied to houses, offices, etc., what arc called 
watt-hour meters are employed. In these instruments a set of 
gears is causecl to rotate; and since each revolution is proportional 
to a certain number of watt-hours, the number consumed in a 
given time is recorded in much the same manner as in a gas meter. 
As previously stat.o<l, the watt-hour indicates a certain number of 
units of work or energy, and is the basis on which the consump¬ 
tion of electricity is bought and paid for. 

109. Detector Galvanometer.—When a galvanometer is so 
made that it merely detects the presence of a current and indi¬ 
cates its direction, but docs not measure its value in amperes or 
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volts, it is called a detector galvanometer. One form of such an 
instrument is shown in Fig. 43. A perspective view is shown at 
(o), r' and r" being the bmding posts. At (6) is shown one-half 
of the solenoid, which consists of two coils, both wound in the 
same direction, and formed of a large number of turns of very 
fine, insulated wire. The middle part of the frame on which the 
coils are wound is cut out, to permit the insertion of a magnetic 










lu'cdlc and its staff. The staff carries a long aluminum pointer 
at its upper end, the pointer being placed at right angles to the 
axis of the needle. The dial has two scales, one being divided into 
degrees and the other into parts that correspond to the tangents 
of the anfdes indicated by the degrees. One of the halves of the 
pointer moves over the degree scale and the other over the tan¬ 
gent scale. When no current is flowing through the coils, the 
pointer rests over the zero mark in the middle of both scales; 
but, when a current is flowing, the needle is deflected to the right 
or left of the zero mark, according to its direidion (see Art. 96 ), a 
certain amount, the value of which depends upon the strength 
of the current. The amount of the deflection from zero docs not 
vary in direct proportion to the angle turned through when 
measured in degrees, but is in proportion to the tangent of the 
angle. 

To use the instrument, turn it until the pointer rests over the 
two marks indicated by 0; the needle then points north and south. 
Now make connection with the circuit, and if a current is flowing 
the pointer will move. Assuming that the coils are wound into 
a right-hand helix, a movement to the left of 0 indicates that the 
current is flowing away from the observer, while a movement 
to the right indicates that the current is flowing toward the 
observer. 

Tlie instrument may be used to compare the strengths of two 
difTercut currents. Thus, suppose that on being connected to 
one circuit, the needle deflects 21 degrees; this corresponds to 
.38 on the tangent scale. Suppose, further, that on being con¬ 
nected to another circuit, the needle deflects 36 degrees; this 
corresponds to .73 on the tangent scale. *1 he strength of the cur- 

rent in the second circuit is then jjg = 1.92 times that in the 

first circuit. If the strength of the currents in the two circuits 
be denoted by /' and /" and the readings on the tangent scale 

by T' and T", respectively, /' : I" = T' ; T", or 1" = F 

Since the value of F is not generally known, the above proportion 

J/f 

is best expressed by writing it in the form = -yr; and since 

T' and T" are read directly on the scale, this will give the ratio 
of the currents in the two circuits. 

In one make of this instrument, the coil is wound with No. 30 
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B. &S. wiroofsuchlonKthastogivcaresistanceofaboutSOohms; 
it is so sensitive that a eurrent of .00001 ampere wiU deflect the 
needle about I degree. These instruments should be handled 
very carefully. 


MEASURIITG RESISTANCE 

110. Rheostats.—It is frequently desirable to increase or 
decrease the stnmgth of the current flowing through a circuit or 
a .shunt or to obtain ii current of some particular strength. F rom 

JjJ 

Ohm’s Jaw, I =‘ nnd if E, the e.m. f.of the circuit or shunt, 

remains th<! same, the value of I, the strength of the current in 
amperes, can b(! changed by changing the resistance R. Any 
device for changing R without opening the circuit is called a 
rheostat, which is derived from two 
Greek words—rheo (to flow) and 
statos (standing, stop); the word 
thcTcfore literally means flow-stopper. 
An adjunUiblc resistance or an appa¬ 
ratus for varying the resistance is a 
rheostat; it slows down the current 
by absorbing electrical energy, which 
heats the resistance and is thus pre¬ 
vented from doing useful work. 

111. A form of sliding contact 
rheostat, to be placed against a wall, 
is shown in Fig. 44. There are 16 
coils, the resistances of which are 
known, and each coil is connected to 
one of the contact pieces A, which are 
arranged in an arc of a circle. The 
first two (left-hand) coils are con¬ 
nected to the left-hand contact piece, the third coil is con¬ 
nected to the next contact piece, and so on, all the coils being 
connected in series. The eurrent enters at the binding 
post r', passes through the wire a to the end b of the swinging 
arm Ii, then thnmgh the arm to the contact piece on which it 
rests, thence to the coil connected to the contact piece and all 
the other coils to the left of it; the first coil on the left connects to 
the other binding post r", which is connected with the circuit. 



Fio. 44. 























































MAGNETISM 


§2 




Wi(,h the arm in the position B', the current has to pass through 
ull the coils; but, as the arm is moved to the left, the coils are 
ei/idti/dly cut out. When the arm is in the position R ,w.. ^ 

Hu. contact pieces are in series, that is, the, ewu’eV 
\\>nws,\v on\>| h -V \ = 'j coWs. 

An adjustaUc resistance of a nature similar to the, ioroRomR \8 
[Tciineutly eailcil a resistance box. Since the resistance of each 
coil is known, the strength of the current can be varied almost at 
will. 

112. The Wheatstone Bridge.—A special form of rheostat 
that is used for measuring an unknown resistance is known as the 
Wheatstone bridge. To 
understand the principle 
of its operation, con¬ 
sider the diagram, Fig. 

45. The current is sup¬ 
plied by a battery 7i; it 
flows from B to o, wh(!re 
it divides, a part going 
through the upper shunt 
V~X and the remainder 
through the lower shunt 
L-A. Both shunts arc Fio. 

considered as being di- . , , • . 

vidod into two parts, the upper into V and A' and the lower mto 
L and A. f/ is called the upper balance arm, L the lower balance 
arm, A is called the adjustable resistance, and A' is the unknown 
resistance, wliich is to be mca-sured. The e.m.f. in both »hunts 
is the same (see Art. 37), the resistance in the arms V, L, and A 
is known, and the resistance X can be found by proportion, as 
will now be shown. 

The fall of potential between the point o, where the cunent 
divides, and d, where it unites, is the same for both shunte, and for 
the same proportionate distance from a, the fall of potential is the 
same in both shunts. Denote the fall between a and h by U, 
between h and d by X, between o and c by L, and between c and 
d by A; then, when 1/ : A = L : A, the fall of potential at 6 is 
equal to the fall of potential at c. Connecting a sensitive gal¬ 
vanometer at b and c, as shown, the current will divide at h 
whenever there is a difference of potential between b and c; 
but, if there is no such difference, no current wiU flow between b 
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and c. Therefore, when the current paases from the battery to 
a, there will usually be a movement of the galvanometer needle; 
but, by adding to or cutting out resistance in the adjustable arm 
A, the noodle can be made to point to 0, in which case, the e.m.f. 
at b will be the same as at c, no current flows through the galvano¬ 
meter, and U : X = L : A, from which U X A = L X X, or 

X = AXy 

Jj 

Thus, if the resistance U = 100 ohnts, L = 10 ohms, and A = 547 
ohms, the unknown resistance is X = 547 X -jq- = 5470 ohms. 
Again, if the resistance 17 = 10 ohms, L = 100 ohms, and A 
= 200 ohms, X = 206 X = 20.6 ohms. 

113. In practice, the resistances arc made up of standard coils 
of known resistance and wound non-inductively. If a wire 
(insulated) be folded in the middle and both parts wound together 
into a coil, the current induces lines of force that circulate around 
the two parts in opposite directions, thus preventing any mag¬ 
netic action; in other words, the coils will not be solenoids, 
and they are then said to be wound 
non-inductively. The contact pieces, 
which form the arras, have a rectangular 
cross-section and are of sufiBcient area 
to offer very slight resistance. Connec¬ 
tion is made by plugs p, as indicated in 
Fig. 46. One end of the coils is con¬ 
nected to one contact piece and the 
other to the next adjacent one, as indicated by the top view in 
Fig. 47. When a plug is in, the current flows through it instead 
of through tlie coil, the resistance of which is much higher; but, 
when a plug is out, the current must flow through the coil to 
complete the circuit througli the arm. Hence, a resistance is 
thrown into the circuit only when a plug is out. Referring now 
to Fig. 47, the arms of the bridge arc arranged soinewhat in the 
form of a letter M. The wire from the battery connects at a, where 
the current divides, a part going to b, where connection is made 
with the galvanometer and the unknown resistance, and a part 
going to c, where connection is made with the galvanometer and 
the adjustable resistance. Evidently, ab corr^ponds to the 
upper arm, Fig. 45, ac corresponds to the lower arm, and cefghid 
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corresponds to the adjustable arm. For convenience, the upper 
and lower arms are also made adjustable, so as to allow for a wide 
variation in the unknown resistance, there being three i-csistances 
in each of 10, 100, and 1000 ohms rrapectively. The coils in the 
adjustable arm have resistances of 1, 2, 2, 5; 10, 20, 20, 50; 100, 


200,200,500; and 1000,2000, 
2000,5000,10,000 ohms. The 
sum of those resistances is 
21,110 ohms, and the plugs 
may be so set as to throw 
into the circuit from the ad¬ 
justable arm any resistance 
expressed by an integer from 
1 ohm to 21,110 ohms, and the 
range of the instrument is 
from .01 ohm to 2,111,000 
ohms. Thus, if the 10 plug 
is out in the upper arm, the 
1(X)0 plug in the lower ann, 



and the 1 plug in the adjustable arm, X — 



= 1 X 


JO 

100 () 


= .01 ohm; or, if the UXK) plug is out in the upper arm, the 
10 plug in the lower arm, and all the plugs are out of the ad¬ 
justable arm, X = 21,110 X = 2,111,000 ohms. 


114. Measuring Resistance with an Ammeter and Voltmeter. 
The resistance of any part of a circuit may be deternunod with 
a voltmeter and ammeter and an appli¬ 
cation of Ohm’s law. Thus, let the 
diagram. Fig. 48, represent a circuit, S 
being the source of the current (battery 
or dynamo), and suppose it is desired to 
measure the resistance between a and 6, 
the resistance consisting of one or more 
lami)8, a motor, a rheostat, or anything 
else that offers resistance. Connect the 
ammeter in series with the resistance, 
BO that all the current that goes through the resistance goes 
through the ammeter; then connect the volt-meter in parallel 
with the resistance, the current being divided at a and united at h. 
Be sure that the current enters both instruments at the binding 
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posts marked +. Read both instruments at as nearly the same 
instant as possible. Suppose that the voltmeter reads 216 volts 
and the ammeter reads 4.8 amperes; then, by Ohm’s law, R = 
E 216 

j- = ^ g = 45 ohms, the resistance between o and 6. 

Example 1.—Referring to Fig. 47, suppose the Jftohm plug between a 
anil h, the lOOohm plug between a and c, and the following plugs 1, 6, .50, 
200, 500, 1000, and 2000, between c and d are out; what is the value of the 
unknown rcsistanee? 

Solution. —The total resistance represented by the plugs that are out 
in the adjustable arm is 2(XK) + 1000 + 500 + 200 + 50 + 5 + 1= 3756; 

hence, by Art. 112, X = 3750 X = 375.6 ohms. Ann. 

Example 2.—Suppose a voltmeter to be connected in parallel with the 
upper and lower carbons of an arc lamp and that an ammeter is connected 
in scries with the same lamp. If, when the lamp is burning, the voltmeter 
reads 44 volts and the ammeter reads 9.9 amperes, wliat is the resistance of 
tlm lamp when hot? 

Solution. —Tlic c.m.f. of the current flowing through the carbons is 44 
volts, and the strength of the current is 9.9 amperes; hence, by Ohm’s law, 
E 44 

R = j — g-g = 4.44+ ohms. Am. 

The result just obtained in the last example is called the 
resistance hot of the lamp. The resistance when the carbons 
are cold is considerably higher, because the resistance of carbon 
decreases as the temperature increases. 

116. Ohmmeters. —What are called ohnuneters arc instru¬ 
ments made on much the same principle as voltmeters. The 
scales, however, read ohms instead of volts. The connections 
for an ohrametcr are the same as for a voltmeter, that is, the instru¬ 
ment is connected in parallel with the resistance to be measured. 


EXAMPLES 

1. Show by a sketch how you would make an electro-magnet, indicating 
direction of current and the north and south poles. 

2. Why does a solenoid behave like a magnet? 

3. Wliat is the purpose of a voltmeter? Of an ammeter? How is each 
connccti'd in a circuit? What would happen to a voltmeter if it were con¬ 
nected like an ammeter? 

4. How much work is required to run a grinder six days of 24 hours each 
if driven by a motor that takes an average of 460 amperes at 550 volts? 
Express the answer in kilowatts-houis and horsepower-hours. 

Am. 36,432 k.w.h.; 48,836 + h.p.h. 
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ELECTROMAGNETIC INDUCTION 

116. Inducing a Current.—^Let M, Fig. 49, be a magnet (either 
a permanent magnet or an electromagnet), and let AB be a con¬ 
ductor, the ends of which are connected to a sensitive galvano¬ 
meter G, thus making a complete circuit consisting of the con¬ 
ductor AB, the wires Br' and t"A, and the galvanometer. Then 
suppose that the conductor be moved suddenly downward past 
and near one of the poles of the magnet, in this case, the north 
pole. The galvanometer 
needle will be seen to 
deflect, say to tho right, 
thus indicating that a 
current has passed 
through tho circuit. If 
the conductor be moved 
suddenly upward, the 
needle will deflect again, 
but in the opposite direc¬ 
tion, showing that a 
current has passed 
through the circuit in a 
direction opposite to 
that which flowed 
through it when tho conductor passed downward. When an 
electric current is created in this manner, it is said to be created 
by hdudion, and it is called an induced current, the entire 
process being callc<l electromagnetic induction. 

The reason for the flow of current is because the conductor 
as it passes through the magnetic lines of force issuing from the 
pole of the magnet has set up around it magnetic whorls, which 
correspond in every respect with those set up around a conductor 
when a current is flowing through it. If the circuit is complete, 
any conductor having magnetic whorls around it must have a 
current flowing through it. When the whorls are caused by lines 
of force coming from a magnet or electromagnet, as in the present 
case, the current is an induced current. 

117. To determine the direction of the current, suppose the 
lines of force to be capable of being stretched and bent around. 
As the conductor moves down, the under side presses against 
the lines of force, stretching them and tending to bend them 
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around the conductor in the direction of the hands of a clock 
hence, the lines of force in the whorls will have a clockwise direc¬ 
tion around the conductor, assuming that the observer be looking 
from A toward B, and the current will flow from A to B. (See 
Art. 92.) Wlicn the conductor is moving upward, the top side 
presses against the lines of fonie, bending them around the con¬ 
ductor in a direction opposite to the hands of a clock, the lines of 
force in the; w'horls have a counterclockwise direction around 
the conductor, assuming the observer to bo looking from A 
toward B, and the current flows from B to A. It may be con¬ 
sidered that the lines of force in the whorls are the same as those 
of the magnet that were touched by the conductor, tliat they were 
stretched until they broke in two places, the ends uniting to 
make the lines of force in the whorls. 

Another way to determine the direction of the current is to use 
Fleming’s rule, usually called the ruk of the right hand. Assume 
a bar magnet grivspod at the north end, with the right hand, as 

shown in Fig. 50, with the 
index finger pointing in the 
direction of the lines of force, 
the thumb at right angles to 
the index finger, and the 
middle finger pointing down¬ 
ward at right angles to the 
thumb and index finger. If 
a conductor C, parallel or 
approximately parallel to the 
j,',„ 50 . middle finger, be moved 

across the magnet in front of 
i(s pole and in the direction of the thumb, the direction of 
the current will be downward from A to B, in the direction 
pointed by the middle finger. If the direction of movement of 
the conductor be opposite to that here indicated, turn the hand 
and magnet over, so the palm will be upward and the thumb will 
point in the direction the conductor is moving; the middle finger 
will then point upward, showing that the current is moving from 
B to A. Hence, the rule: 

Rule .—To determine the direction of the induced current, place 
the thumb and index and middle fingers of the right hand at right 
angles to one another; hold the hand so the index finger vrill point 
in the direction of the lines of force, the thumb in the direction of 
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motion of the conductor, and the direction pointed toby the middle 
finger mil be the direction of the current. 

Ab an example, note the position of the fingers in Fig. 49. 
Applying the first method to Fig. 50, assume the observer is at 
B; the lines of force are bent around the conductor counter¬ 
clockwise; hence, the current is flowing toward the observer, 
that is, from A to B. The observer is supposed to be looking 
along the conductor from B toward A. 

118. The creation of magnetic whorls by the breaking of the 
linos of force is called cutting lines of force; the more whorls 
there are about the conductor, the stronger will be the current 
passing through it; therefore, the greater the number of lines of 
force that arc cut in a given time the stronger will be the current. 
If the circuit is not closed, as in the case of a wire moving across 
a magnetic field, no current can flow, but an electrical stress will 
be produced in the conduedor; in other words, an c.m.f. will be 
generated. Consequcnl.ly, the voltage, or e.m.f., also depends 
upon the number of lines force cut per unit of time, say per 
second. 

119. llefcrring to Fig. 51, let abed be a U-sliaped frame made 
of some conducting material and supported between the poles 
of a magnet in such a manner that it will 
not cut lines of force; let C be a conductor 
resting on this framework, and cutting lines 
of force as it moves from 6 to a or from o 
to b. So long as C is stationary, no cur¬ 
rent will bo generated, since it does not 
cut lines of force; but, when C moves, 
say, in the direction of the arrow toward 
o, it cuts lines of force, and according to 
the rule of the right hand, the current will 
flow from / toward c, thence to b, c, and /, 
again. That part of the conductor that 
cuts lines of force and is represented by ef 
is called the intemal circuit, and the part 
ebef of the frame through which the current flows is called the 
external circuit 

The number of lines of force cut by any movement of the con¬ 
ductor depends upon the flux density (see Art. 89), the length of 
the internal circuit, the velocity of the conductor through the 
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field, and the direction in which the conductor cuts the lines of 
force. Thus, suppose that be =■ c/ = 6 inches, and that the 
points e, b, c, and / all lie in a plane that is parallel to the planes 
of the pole faces. Suppose further that the lines of force arc 
parallel straight lines. A movement of the conductor from b to 
e will then cut a greater number of lines of force than for any other 
position of the frame, because, the distance be remaining the same, 
if the frame be tipped so be lies lower than ef, the rectangle ebef 
will enclose a smaller number of lines of force than before; and 
the same will bo true if cf be lower than be. Therefore, the con¬ 
ductor will cut the greatest number of lines of force for any par¬ 
ticular distance traveled when it cuts them at right angles. 
Evidently, also, the longer the internal circuit the greater will 
be the number of lines of force cut; the greater the flux density 
the greater the number of linos of force cut; and the greater the 
velocity of the conductor the greater the distance it will travel in 
a unit of time, and the greater will be the number of lines of 
force cut in a unit of time. 

120. It will be evident from the foregoing that an induced cur¬ 
rent is the result of motion; it does not matter whether the con¬ 
ductor is moved or whether the magnet is moved, so long as lines 
of force are cut. If cither move so that lines of force are not 
cut, no whorls will be generated and no current or e.m.f. will 
result. For example, suppose the conductor be moved in the 
direction of its axis, that is perpendicular to the plane of the 
paper; no lines of force arc cut and there will be no induced cur¬ 
rent or induced e.m.f. The same result will be obtained if the 
magnet be moved in the same direction, the conductor being 
stationary. 

121. Inducing Current in Closed Coil.—^liet ABCD, Fig 52, 
be a continuous conductor forming a rectangular-shaped coil; 
if passed between the poles of a magnet in the direction of the 
arrow so one side can cut lines of force, magnetic whorls will be 
set up .around the conductor, and a current will flow in the direc¬ 
tion of the arrows. Fig. 62. Suppose, however, that the length 
CB = DA is small compared with the width of the pole faces, 
the result being that BA and CD are in the magnetic field at the 
same time. The whorls around BA are produced by the pressure 
of the outside of BA against the lines of force and are clockwise; 
the whorls around CD are produced by the pressure of the inside 
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oi CD against the lines of force and are clockwise also. Conse¬ 
quently, the current in CD will be from D toward C, and since the 
current in BA is from A toward B, the two currents oppose each 
other. Therefore, if the flux density is uniform across the pole 
faces, making the flux density of the entire field uniform, there will 
be no current in the coil as 
long as the sides BA and 
CD are both in tlie field. 

If the field is not uniform, 
then that side which is in 
the part of the field of 
greater density will have 
the greater e.m.f., there 
will be a difference of 
{)otential, and the current 
will flow from that side 
having the greater e.m.f. 
to that side having the 
smaller e.m.f. 



122. Suppose a circular coil to be placed in a uniform magnetic 
field, as indicated in Fig. 53, and suppose the coil to turn on the 
diameter ab, the half E moving down and the other half moving 
up, ab being horizontal. When the coil is in position (o), with 
the plane of its face parallel to the lines of force, none of them 
pass through the coil, and the slightest movement of the coil 
cuts them at right angles, thus generating an e.m.f. As the coil 
revolves, see (ft), lines of force pass through the coil, and for the 

same amount of movement of 
the coil, the number of lines of 
force cut decreases; hence, the 
e.m.f. also decreases. The 
number of lines of force cut for 
a given arc moved through by 
the coil, and consequently, the 
e.m.f. generated, continue to 
decrease until the coil reaches 
the position (c), where the greatest number of lines of force 
pass through the coil and none are being cut for a slight move¬ 
ment of the coil. As the coil continues to turn, the number of 
lines of force being cut, and, consequently, the e.m.f. generated 
increase until they become a maximum when the coil again 
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reaches the position indicated in (o), with its plane parallel 
to the lines of force, and cutting them at right angles. Since the 
number of lines of force cut is continually changing, the e.m.f. 
is also continually changing, and varies from 0, in position (c) to a 
maximum in position (o). Since there is a continual change in 
the e.m.f., a current will flow through the coil, but the strength 
of the current will not be uniform. If the coil turn alwut an axis 
passing through its center o and perpendicular to the face of the 
coil, there will be no change in the number of lines of force passing 
through the coil, no lines of force will be cut, no e.m.f. will be 
generated, and there will be no eurrent. 

123. Mechanical Work Necessary to Induce a Current.— 
Every electric current possesses energy, and this energy must l)e 
supplied from some outsi*lc source in some way. Every induce<l 
current produced by dectroraagnetic induction is the result of 
motion; and since motion implies the action of a force through a 
distance, it follows that work is done in producing the motion, 

it lieing store<l up as electric 
energy. To do work, a force 
must aet, and it is desired to 
ascertain the nature of the force 
in this case. 

Referring to Fig. 54, A is a 
cross-section of a conductor 
moving through a magnetic 
field at right angles to the lines 
of force. As the conductor 
moves, it bends the lines of 
force, and it continues to bend 
Fio. 54. them until they finally break 

and become whorls around the 
conductor. This action in forming the whorls can be pro¬ 
duced only by the action of a force; in other words, the 
lines of force object to being broken and having their shape 
changed, and they react on the conductor with a force directly 
opposite to that which moves it. The full arrow indicates the 
force that moves the conductor and the dotted arrow indicates 
the force that opposes the motion—the resisting force. This 
force multiplied by the distance traveled by the conductor is the 
work done by the conductor and equals the energy of the current. 

From the foregoing, it will be evident that to produce an elec- 
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trie current by induction, in the manner heretofore described, 
mechanical work must be done. In the case of a dynamo, the 
mechanical work is performed by the engine, waterwheel, or 
other prime mover that turns the armature or field,whichever 
revolves. 

124. As another illustration, consider a circular closed coil, 
Fig. 55, and let a magnet M be moved into the coil, as shown. 
The cod will cut the linos of force coming out of the north pole 
of the magnet, magnetic whorls will be set up around the coil, 
moving counterclockwise, and induce an e.m.f. A current will 
flow in the direction indicatwl, because as the magnet passes 
through the coil; the flux density decreases, being greatest at the 
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end, thus changing the e.m.f. and producing a movement of the 
current. Now referring to Fig. 32, it will be noticed that when a 
piece of soft iron is brought to the coil, the current must flow in 
the opposite direction around the coil in order that the iron may 
become a temporary magnet, with its poles the same as in Fig. 

55. The direction of the current is therefore opposed to the 
magnetism, and tends to stop the movement of the magnet into 
the coil. 

If the movement of the magnet be stopped, the current will 
also stop, since no lines of force arc being cut. If the magnet 
be pulled out of the coil, the current will reverse in direction, 
it will act with the magnetism, and a force must be exerted to 
pull the magnet out. These effects are more strikingly evident 
when a solenoid is used instead of a coil. Thus, referring to Fig. 

56, let C be a solenoid, the ends of the wires being connected to 
the galvanometer G. On inserting the magnet M, the galvano¬ 
meter needle will deflect, say to the right; when the magnet stops 
moving, the needle moves back to 0; and when the magnet is 
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pulled out of the solenoid, the needle deflects in the other direc¬ 
tion, to the left. The action is exactly the same as with the coil 
and magnet in Fig. 55, the coils that form the solenoid cutting 
the lines of force. If the magnet be reversed, with the other 
end entering the solenoid, the deflections of the needle will also 
be reversed. 

126. Referring again to Fig. 55, consider the sides of the coil 
that would be touched by flat plates laid against them, as the poles 
of a magnet. When the magnet is entering the coil as shown in 
the figure, the result of the induced current is to make the right- 
hand side a north pole and the left-hand side a south pole; but, 
when the magnet is pulled out of the coil, these polos are reversed. 
Since like poles repel each other and unlike poles attract, a re¬ 
pelling force tends to resist the magnet when entering the coil, 
and an attractive force tends to resist it when leaving the coil. 
The same effect is produced in the solenoid. Fig. 56. 

The whole matter is summed up in what is called Lens’s law. 

The direction of an induced current is sitch that its magnetic field 
opposes the motion of the magnet that produces the field. 

126. Self-Induction.—What is called self-induction occurs 
whenever there is a sudden change in the current flowing through 
a circuit. For instance, suppose a steady current is flowing 
through a coil, the current being derived from a battery, dynamo, 
or other outside source; this current sets up a magnetic field about 
the coil and causes lines of force to pass through H. If the cir¬ 
cuit be suddenly opened by, say, throwing a switch, the result 
is practically the same as withdrawing the magnet in Fig. 55, 
and a momentary current is induced in the circuit. The same 
effect, though not so marked, will be observed it a resistance is 
suddenly cut out of the circuit. Or, if the current be suddenly 
increased, as by throwing the switch so as to close the circuit, 
an induced current will result, in the same manner as when a 
magnet is suddenly inserted into a coil. These induced currents 
are said to be caused by self-4nduction; they oppose the original 
current when the current is increased, and they add to the 
strength of the original current when it is decreased. It there¬ 
fore requires a small amount of time for a emrent to increase to its 
maximum or decrease to its minimum value on account of this 
self-induction, though the time is very short—only a very small 
fraction of a second. 
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127. Mutual Induction.—When two coils, one carrying a 
current, are so situated relatively to each other that the magnetic 
field of the coil carrying the current encloses the other coil, a 
current will be induced in the coil not carrying a current by what 
is called mutual induction. The coil carrying the current is 
called the primary coil, and the other coil is called the secondary 
coil. The secondary coil is usually placed so as to enclose the 
primary coil within it, but it may be placed outside of the primary, 
both having the same size, as in Tig. 57, where p and s are the 
primary and secondary 
coils, respectively. The 
current, in this case, is 
supplied by the battery B, 
and it flows through the 
coil p (which is a right- 
hand helix) as indicated by 
the arrows, that is, from 
the battery, through a, 
through the coil, and then 
thi-ough 6. By the rule of 
Art. 97, the end of the 
helix marked B is the 
south pole, and the right-hand end of the soft-iron core that passes 
through both coils is a north pole. The lines of force therefore 
have the direction indicated by the arrowheads, and some of 
them spread out so as to enter the other coil. The flux density 
is, of course, greatest at the polos S and N. Now if the current 
be suddenly “made” (turned on) by closing the switch k (press¬ 
ing the key), the effect will Ikj the same as though the secondary 
coil s had been suddenly moved along the core nearer the south 
pole S of the primary coil, since it then moves into a denser 
field, and the number of linos of force passing through the second¬ 
ary coil is suddenly increased also, thus inducing an e.m.f. in 
the secondaiy coil. If the external circuit cd of the secondary 
be closed, a current will flow through it. It is important to 
observe that the current flows only during the short period 
following the “make” or “break” of the circuit and oeasesto 
flow as soon as the stability of the circuit is established. 

To determine the direction of the current, consider the turn 
mn of the coil and the line of force /. As mn moves to the right, 
it presses against / and bends it so that the direction of / around mn 
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will be clockwise; hence, by the rule of Art. 92, the current is 
flowing away from the observer, or from n toward m, as indicated 
by the arrowheads. The direction may also bo determined by 
the right-hand rule, the hand being held over the coil, the index 
finger pointing down (the direction of f), the thumb pointing to 
the right toward N (the direction of movement of the secondary 
coil), and the middle finger pointing away from the observer 
(the direction of the current). The arrows indicate the direction 
of the current in the external circuit and coil of the secondary. 

Note that the direction of the current in the secondary is 
opposite to that in the primary. But, if the circuit be suddenly 
opened, by releasing the key fc, the numlier of lines of force pass¬ 
ing through the secondary will lie suddenly decreased; the effect 
will Ix) the same as though the secondary coil had been suddenly 
moved along the core to the left; mn will then press against the 
line of force /, which will wind around it counterclockwise, the 
direction of the current in the secondary will be reversed, and will 
be the same as that in the primary. Therefore, when the e.m.f. 
is increasing, the current in the secondary tends to move in a 
direction opposite to that in the primary; but when the e.m.f. 
is decreasing, the current in the secondary tends to move in the 
same direction as that in the primary. 

128. From the foregoing, it is seen that an induced current may 
be generated in three ways: by electromagnetic induction, by 
self induction, and by mutual induction. When generated by 
electromagnetic induction, it is the result of motion; when gen¬ 
erated by self induction or mutual induction, it is the result of a 
sudden change, usually by making or breaking the circuit, but 
will occur whenever there is a sudden change in the number of 
lines of force passing through the circuit. 

It is likewise clear that; (a) whenever an electrical conductor 
cuts magnetic lines of for<x), an e.m.f. (electromotive force) is 
induced in it; (b) this e.m.f. is greater as the number of lines of 
force cut per second is greater; (c) the direction of the magnetic 
field produced by the induced current always opposes the motion 
that produces the field, and the c.m.f. produced is electrical 
energy derived from mechanical work. 
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DIRECT CDEREWT DYNAMOS 

129. Principle of the Dj^namo.—Referring to Fig. 58, M repre¬ 
sents a magnet, between the poles of which, a rectangular coil 
turns. The ends of the coil arc attached to two metal rings whose 
centers lie in the axis of the coil and the axis of the shaft T, to 
which the rings are keyed. Astheshaft T turns, the rin^ and coil 
turn with it. Pressing against the rings arc two metal strips 
B' and B" each having attached to the other end a wire conductor 
leading to the galvanometer G. The rings are called collecting 
rings, collectors, or slip rings, and the metal strips B' and B", 
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are called brushes. In the figure, ring e is connected to the farther 
wire ob of the rotating coil and ring / is connected to the nearer 
wire dc. Suppose the coil is rotating so that when viewed from 
theend T of the shaft, it turns counterclockwise; that is, when the 
coil is viewed from the side, looking toward the poles N and S 
of the magnet, the farther wire ab is coming upward toward 
the observer and the nearer wire dc is moving downward and 
backward. 

When the coil is in the position shown (Fig. 58) with the end 
be horizontal, it is not cutting any lines of force at that instant; 
but as ab moves up and cd moves down, they cut lines of force, the 
number cut increasing until the greatest (maximum) number are 
being cut when be is vertical, in the position indicated diagram- 
matically in Fig. 59 (o); here ab and cd arc cutting the lines of 
force at right angles. As the coil continues to turn, the number 
of lines of force cut decreases and becomes 0, a minimum, when 
be again becomes horizontal, as indicated at (b), at which point 
the coil has made one-half a revolution. Continuing the rota¬ 
tion, cd moves upward and ab moves downward, and the number 
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of Uim of force cut increase and become a maximm when d 
becomes vertical, as indicated at (c);here the coil has made three- 
fourths of a revolution. During the next, quarter turn, the 
number of lines of force cut decreases to zero, a minimum, the 
coil completes the revolution, and it returns to its original posi¬ 
tion as indicated in Fig. 58. 

130. To determine the direction of the current induced by cut¬ 
ting the lines of force, note that during the first half-revolution, 
o5, Fig. 59(o}, tends to make the linos of force wind counter¬ 
clockwise abotit it (when viewed from the end T); hence, the 
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current is flowing from a toward b. At the same time, dc tends 
to wind the linos of force about so they will whirl clockwise; 
hence, the current is flowing from c toward d. Since both cur¬ 
rents are flowing in the same direction around the coil, the total 
current is the sum of the currents in the wires ab and cd; it 
leaves the brush B", which is therefore -|-, flows through the 
external circuit, through the galvanometer, and back to brush 
B', which is therefore —. . During the second half-revolution, 
the current continues to flow in the same direction around the 
coil, as indicated by the arrows in Fig. 59(c), but it flows in the 
opposite direction in the wires ab and cd; the brush B' becomes 
-t- and B" —, and the current goes through the galvanometer in 
the opposite direction. Hence, for one half-revolutipn, the 
current flows through the galvanometer in one direction and for 
the other half-revolution in the other direction; in other words, 
this arrangement generates an alternating current (see Art. 14). 

131. Graphical Illustration.—The current is proportional to 
the e.m.f., and the c.m.f. is proportional to the nuutber of lines 
of force cut. When the current is going in one direction, say 
the first half-revolution, call the e.m.f. positive (-f-), and when 
going in the other direction, call it negative (—). Draw a hori- 
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zontal line ae, Fig. 60(o), of any convenient length, and let 
it represent to some scale the time of one revolution of the coil; 
the middle point c will represent the time of one half-revolution; 
that is, ac = first half and ce = second half. Dividing oc and 
ce into halves at 4 and 9, a4 represents the time for the first 
quarter revolution, 4c for the second quarter, c9 for the third 
quarter, and 9c for the fourth quarter. Divide these quarters 
into any convenient number of equal parts, say 4; then o 1 = 
12 = 23 = etc. = Keth of the time for one revolution. 




(H), 

Through each of those divisions draw vertical linos (they will 
lie at right angles to oc), and on them lay off the values of the 
o.m.f. at those points; when the e.m.f. is positive, lay it off 
above the line oc, but when it is negative, lay it off below ae. 
Thus, when the coil has made ^eth of a turn, the time in seconds 
will be represented by aj, and the e.m.f. in volts by -\~ji', and 
when the coil has made ^^cth = of a turn, the time in 
seconds will be represented by ofc, and the e.m.f. in volts by 
—kl. At the beginning o, the middle c, and the end e, the e.m.f. 
is 0; at the quarter points 4 and 9, the e.m.f. is a maximum. 
The smooth curve drawn through the various points above and 
below ae shows at a glance the variation in e.m.f. as the coil 
turns. Thus, at o, the e.m.f. is 0; it increases until the point 6 is 
reached, then decreases to 0 at c, becomes negative and increases 
numerically until d is reached, then decreases numerically, be¬ 
coming 0 at e. During the next revolution, the curve is repeated 
identically, as shown at (6), Fig. 60, which represents (to a smaller 
scale three revolutions. 
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132. Changing Alternating to Direct Current.—Fig. 61 shows 
l,hc coil in the same position as in Fig. 58, but there is only one 
collecting ring instead of two, as Ixifore, and this ring is split 
into two equal segments having a small air gap between. When 
the plane of the coil is horizontal, as shown at (o), the coil is not 
cutting lines of force and Ihe c.m.f. is 0; the brushes touch both 
segments across the air gap, as indicatetl at (ft). With the coil 
turning in the direction of the anows, the slightest movement 
brings segment f'f in contact w’ith brush only, and segment gh 
in contact with brush B' only, and this condition is mainlaino<l 
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for a half-revolution, when the brushes again momentarily 
touch both segments, as indicated at (c), the e.m.f. again l)cing 
0. During this half-revolution (the first half-revolution), the 
current flows through the coil in the direction of the arrows and 
reaches the brush B' by means of the segment gh-, it returns to 
the coil by the segment «/. At the beginning of the second half¬ 
revolution, the direction of the current in db and cd reverses, 
and at the same time, the segments to which these wires connect 
reverse their contacts with the brushes, ef being in contact with 
B' and gh with B"; hence, the direction of the current flowing 
out of the brushes is the siirae as before, and, consequently, the 
direction of the current through the external circuit is unchanged. 
In other words, the current has beem changed from an alternating 
to a direct or continuous current in the external circuit. 

133. The variation in e.m.f. may be represented graphically 
as before, as shown at (d). Fig. 61, which shows the curve for two 
revolutions, there are no values to be laid off below ae, because 
the e.m.f. is nev^r negative in this case. The current increases 
from 0 to 4b in the first quarter, decreases to 0 at the half, in¬ 
creases to 9d at three quarters, and decreases to 0 again at e, the 
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end of the revolution. The curve is repeated identically during 
the next and subsequent revolutions, assuming that the speed 
of turning docs not change. A current of this kind is direct and 
continuous, but is not constant, varying up and down; such a 
current is called a pulsating current 
As will be seen, the e.m.f. fluctuates greatly, varying between 
0 and its maximum value for every half-revolution. This fluc¬ 
tuation may be greatly decreased and the average value of the 
e.m.f. greatly increased by having two coils at right angles to 
each other and by dividing the collecting ring into four segments 
instead of two, as shown in Fig. 62. Here coil A' is vertical and 



A" is horizontal, and both arc turning in the same direction as 
before, the direction of the current being indicatetl by the arrows. 
A' is cutting the maximum number of lines of force and A" is 
not cutting any, when in the position shown. The wire ab is 
connected to the upper segment s' and the wire cd is connected 
to segment s" diametrically opposite. At tliis instant, the 
brushes B' and B" bear directly on the middle lines of the seg¬ 
ments, and the maximum current is going through the external cir¬ 
cuit. As the coils turn, the e.m.f. begins to decrease until it 
reaches the split, which is one-eighth of a turn from the position 
shown. Here the brushes leave the segments s' and s" and bear 
on the segments Si and sj, which are connected to the other coil 
A", the e.m.f. of the current in which is the same at this point as 
that of the current in A'; and since A" is approaching a vertical 
position and cutting a greater number of lines of force, the e.m.f. 
immediately begins to increase, reaching its maximum value 
when coil A" beconaes vertical, which it will do in another one- 
eighth of a turn. The e.m.f. then begins to decrease again for 
the next one-eighth of a turn, and then to increase, as segments 
s" and s' come into contact with the brushes. 
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The variation in e.tn.f. is graphically shown in (b), Fig. 62. 
The curve abode is for the coil A" alone for one revolution, and 
the curve 6'4d'9/ is for coil A' alone during the same revolution. 
At the start, ab' is the e.m.f. (in volts) in coil A', while in A", 
the e.m.f. is 0. The e.m.f. then declines in A' and rises in A" 
until they become equal at r, where or = one-eighth revolution, 
the value at this point being rm. Here A' is cut out of the cir¬ 
cuit and the e.tn.f. in A" takes its place, the latter increasing to 
its maximum value 4b at one-quarter revolution. While this 
was occurring, the e.m.f in A' has fallen to 0 at c. During the 
next eighth of a turn, the e.m.f. falls in A" and rises in A' until 
they become equal at s, the value at this point being sn = rm. 
This rising and falling is constantly repeated, the minimum 
value being rm = sn — etc., or about three-fourths of the maxi¬ 
mum value ab'. 

The fluctuation in e.m.f. is very much less than Ixifore; the 
average e.m.f. for one revolution is considerably greater, as 
will be seen by comparing (b). Fig. 62, with (d). Fig. 61. If the 
curve has been accurately drawn, the average distance between 
ae and the curve (= average e.m.f.) is equal to (see Fig. 62) the 
area ab'mbrul'odpfe divided by ae, and this is evidently much 
greater than (see Fig. 61) the area abode divided by ae. By 
further increasing the number of coils (and also the segments), 
the fluctuations become so small that the e.m.f. is practically 
constant. 

It is to bo noted that the number of segments is twice the num- 
Ixir of the coils, since each coil has two ends and each end must 
have its own segment; further, the ends of the coils must be so 
connected to the segments that the segment connected to one end 
of any coil must be diametrically opposite to that connected to 
the other end of the same coil. 

134. Parts of a Dynamo.- -The apparatus just described is a 
dynamo; its coils are caused to rotate by some mechanical means, 
and as they cut lines of force issuing from the poles of the mag¬ 
net, tliey generate an e.m.f., which when the circuit is closed, 
causes a current to flow through it. In toys, the magnet may 
be a permanent magnet; but in practice, where the current is 
used to drive motors, light lamps, etc., the magnet is an 
electromagnet. The revolving coil is called the armature, the 
region through which the magnetic lines of force travel is called the 
field, and the segments that make up the ring touched by the 
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brushes is called the commutator, because it commutes (trans¬ 
forms) an alternating current into a direct current. 

135. Increasing the e.m.f.—^The e.m.f. generated by a dynamo 
such as just described would be very low, but may be increased 
in a number of ways; First, by wrapping the coils about a drum 
of some magnetic material, as soft iron, cast iron, mild steel; this 
attracts the lines of force, offers them a better and easier path 
than the air; and greatly increases the density of the magnetic 
flux. Second, curving the pole faces to an arc of a circle, thus 
lessening the average length of the air gap between the armature 
and the pole faces. Third, winding the poles of the field with 
many turns of wire; this increases the strength of the field, since 
the greater the number of turns of wire the greater will be the 
magnetic flux. Fourth, increasing the speed of rotation of the 
armature; the faster the armature turns the greater the number 
of lines of force the coils will cut per second. 

136. Bipolar and Multipolar Dynamos.—A dynamo having but 
two poles is called a bipolar dynamo (bi means two); if it has 
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more than two poles, it is called a multipolar dynamo. All 
dynamos must have an even number of poles, since for every 
north pole there must be a corresponding south pole. Most 
dynamos in use have 4, 6 ,or 8 poles, and some have many more. 
A multipolar dynamo must have more than two brushes; in fact, 
it must have as many brushes as it has magnetic circuits throu^ 
the field, and it will usually have as many circuits as it has poles. 
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A 4-pole dynamo field frame with its pole pieces is shown in Fig. 
63 (o), the armature being shown at (6). If pole 1 is a north pole, 
pole 2 is a south pole, pole 3 a north pole, and pole 4 is a south 
pole; that is, poles of opposite polarity are adjacent to one an¬ 
other. The winding must be in opposite directions around each 
pole, and must be carried from one pole to the next, so that the 
poles are in series with one another, as shown in the figure. This 
last is shown more clearly in the diagrammatic view of the field 
frame in Fig. 65, which will te referred to more fully later. Re¬ 
ferring to (b). Fig. 63, the coils and core of the armature are 
clearly seen. The coils must be carefully insulated from one 
another and from the core; otherwise, the current will be short- 
circuited through the core and very little will go to the external 
circuit. In practice, a coil may consist of more than one turn, 
but is regarded as being a simple coil of one turn. 

137. Magnet Circuit in Dynamo.—Fig. 04 represents diagram- 
matically a bipolar dynamo, the armature being a hollow cyl¬ 
inder. The winding on both poles begins at the end nearest the 
armature, and since the same wire is 
used, it is necessary to wind the poles in 
opposite directions. According to the 
rule previously given (Art. 97), the right- 
hand pole is the north pole and the left- 
hand pole is the south pole, and the 
lines of force have the directions indi¬ 
cated by the arrowheads. As the lines 
of force enter the south pole, they 
divide, the upper half going through the 
upper part of the frame and the lower 
half through the lower part of the frame, 
uniting again as they enter the north pole. Consequently, 
two magnetic circuits are formed, as indicated, and two brushes 
are required on the commutator. 

Fig. 65 represents diagrammatically a 4-pole dynamo. As in¬ 
dicated by the winding and the direction of the current in the 
wire (shown by the arrowheads), 1 and 3 are north poles and 2 
and 4 are south poles. The lines of force pass from one north 
pole to an adjacent south pole in the manner indicated and back 
to the pole from wliich it came. There are thus four magnetic 
circuits, and there must be four brushes on the commutator. 
The brushes are so arranged that the two positive brushes are 
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diametrically opposite each other and are connected in parallel 
so that their combined current flows to the external circuit. 
The two negative brushes are arrai^ed and connected in a similar 
manner, the line (diameter) joining their points of contact on 
the commutator being at right angles to the line joining the 
points of contact of the positive brushes. 



138. The coils arc wound on the armature core in such manner 
that the conductors (wires) lie on the surface parallel to the axis. 
The greater the numlwr of coils, the greater the number of lines 
of force cut, and the greater the e.m.f. generated. Suppose there 
arc 50 coils in the armature of a certain dynamo; there will then 
be 50 X 2 = 100 segments in the commutator. If the outside 
diameter of the commutator is 12 in. the space between any two 
segments is .03 in. This width is so small that it is impracticable 
to use an air gap between the segments; hence mica strips are 
generally used. The segments must also be insulated from the 
shaft, to prevent short circuiting, and vulcanite or micanite 
strips are generally used for this purpose. 

139. Value of Induced e.m.f.—^When a conductor cuts Imes 
of force at right angles, an e.mi. is induced in the conductor, and 
its value is proportional to the rate of cutting; the rate of cutting 
is equal to the total number of lines cut divided by the time in 
seconds taken to cut them. When the rate of cutting is 100,000, 
000 = 10* lines of force per second, an e.tnj. of 1 volt is genereded. 
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Suppose the projected area of the pole faces of a bipolar dynamo , 
is 150 sq. in., the flux density (average) is 30,000 lines of force 
per square inch, the number of coils in the armature is 60, and 
the revolutions per minute of the armature is 2400. If the arma¬ 
ture is wound so that the wire passes over and through it, as in 
winding a ring, the wires passing inside the core do not cut any 
lines of force, and there will be 50 wires on the outside that do the 
cutting. Each wire will cut the lines of force twice—once when 
passing the north pole and once when passing the south pole; 
hence, in one revolution the number of lines cut will be 150 
X 30,000 X .50 X 2 = 450,000,000; the number of revolutions per 
second is 2400 -r 60 = 40; hence, the lines of force cut per second 
is 450,000,000 X 40 = 18,000,000,000 = 18 X 10“; and the e.m.f. 

generate<l is 18 X 10' 10* = volts. 

E 

140. Strength of Current.—According to Ohm’s law, ^ 


in which, for a dynamo, R is the resistance of the circuit through 
wliich the current passes. This may be divided into the internal 
cirouit and the external circuit. The internal circuit is the total 
length of the conductors between the brushes and on the arma¬ 
ture, and the external circuit is the total length of the conductors 
forming the circuit from brush to brush. If the resistance of the 
circuit, both internal and external, in the case referred to in the 
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bust article is 19.3 ohms, the strength of the current is 


= 9.326 -1- amperes. The internal circuit may also be defined as 
the length of the circuit from the negative brush (where the cur¬ 
rent enters the dynamo) to the positive brush (where the current 
leaves the dynamo), and the external circuit as the length of 
the circuit from the positive brush to the negative brush. 

141. Strength of Field.—If a stronger magnetic field is desired, 
that is, if it is desired to increase the flux density at the poles, it 
may lie obtained in two ways: by increasing the strength of the 
current flowing through the field windings; by keeping the cur¬ 
rent at the same strength and increasing the number of turns of 
wire in the solenoids formed by the coils wound around the pole- 
pieces. For example, if a current of 1 ampere be sent through a 
coil of one turn, it will induce a certain magnetizing effect. 
If the strength of the current be doubled, the magnetizing effect 
will be doubled. If the length of the wire be doubled and wound 
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into two equal coils, the current being constant, the magnetizing 
effect will be doubled also. In other words, the magnetizing 
effect is directly proportional to the product of the current in 
amperes and the number of turns in the coil, that is, it is propor¬ 
tional to the number of ampere-turns. For example, suppose 
a current of 8 amperes is sent through a coil having 150 turns; 
the number of ampere-turns is 8 X 150 = 1200 ampere-turns. If 
another coil have the same diameter and 400 turns, a current of 
3 amperes will give it 3 X 400 = 1200 ampere-turns, and since 
both coils have the same number of ampere-turns, they will 
exert the same magnetizing effect. 

A little consideration will show the correctness of the preceding 
statement. Thus, a coil of one turn will make a solenoid of 
certain strength that is equivalent to a magnet of the same 
strength; two turns will be equivalent to two magnets of equal 
strengths or one magnet of twrice the strength; n turns will be 
equivalent to n magnets of equal strength, and since the turns arc 
all connected in series and the current is the same in all, the result 
is a solenoid equivalent in strength to n magnets. If the strength 
of the current varies, the strength of the n magnets will vary in 
proportion, and since n is the number of turns (magnets), the 
strength of the solenoid is proportional to / X n, that is, to the 
number of ampere-turns, I being the strength of the current. 
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142. Sources of Field Current.—Direct-current dynamos are 
classified according to the source from which the field coils receive 
their current,—^that is, according to the field excitation,—as 
separately excited and self exeiM. When separately excited, 
the field current comes from some outside source, as a battery 
of primary cells, a storage battery, a special dynamo, etc. 

The connections for a separately excited dynamo are shown in 
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Fig. 66, in which (o) is a conventional repre.Bontation of a bipolar 
d}aiamo and (6) is a diagram of the connections. In this case, 
the source of current for the field coils, called the field in the 
diagrams, is a storage battery, but might be a small dynamo. 
In the diagram, the loops between o and h, marked field, indicate 
that the coils of the field arc in series. It will be observed that 
the current flowing through the field coils has no connection 
whatever with the current floMung through the brushes and ex¬ 
ternal circuit; and the stronger the current tlu-ough the field 
the greater the e.m.f. generated by the armature, since the flux 
density will then be greater and the armature coils wiU cut a 
greater numlsir of lines of force. A field rheostat or resistance 
1k)x H serves to vary the strengtih of the current to the field to 
allow for fluctuations in the e.m.f. of the line due to variations 
in the load. 

143. Self-excited Dynamos.—In self-excited dynamos, the 
field current is supplied by the armature of the dynamo itself; 
they arc divided into three classes; shunt-wound dynamos, 
series-wound dynamos, and compound-wound dynamos. They 
all work on the principle of what is called residual volts, which 
will now be explained. 

After a dynamo has once been operated, it docs not lose all 
its magnetism when standing still, even if there is no current flow¬ 
ing through the field coils. Consequently, when the armature 
is started revolving, its conductors cut a certain number of lines 
of force, thus generating a weak e.m.f., which varies in value 
fron> 2 to 10 volts; those are called residual volts. The manner 
of building-up the field will be described presently. 
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144. Shunt Dynamo.—The connections for a shunt-wound 
dynamo are shown in (a) and (b), Fig. 67. The field coils are in 
parallel with the main line circuit, the current dividing at the 
positive brush and uniting at the negative brush. The shunt 
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consists of the field coil winding, which is made up of a large 
number of coils of very fine wire, thus making a high resistance, 
so that only a small part of the current goes to the field coils, the 
greater part going to the lino. 

When the dynamo is started, the conductors cut the lines of force 
duo to the residual magnetism, thus creating the residual volts 
and causing a small current to flow through the shunt, that is, 
through the field coils, thus increasing slightly the strength of the 
magnetic field. The revolution of the armature in this increased 
field raises the generated voltage somewhat, which, in turn, 
sends a larger current through the field coils, thus increasing 
the magnetic field; the e.m.f., and the field current; this is called 
the process of building up the field. The building up of the 
field continues until the fields have enough magnetism to produce 
the maximum voltage, the value of which depends upon the 
speed of rotation of the armature and the number of ampere- 
turns of the fields. This process usually takes from 10 to 30 
seconds. 

After the voltage has become constant, it can be controlled 
or regulated to any definite value within the limits of the machine 
by means of the field rheostat R, see Fig. 67, which must be 
adjustable. If the voltage is too high, it can be lowered by in¬ 
creasing the resistance through the rheostat; this lowers the 
field current, which weakens the magnetic field, lessens the num¬ 
ber of lines of force, and decreases the voltage produced in the 
armature conductors. Decreasing the resistance through the 
rheostat will produce the opposite effect. The voltage may also 
be raised by increasing the revolutions per minute (r.p.m.) of the 
armature, and it may be lowered by decreasing the r.p.m. of the 
armature. 

146. Series Dynamo.—The connections for a series-wound 
dynamo are shown in (o) and (b), Fig. 68. A small number of 
turns of large wire are used for field coils, and they connect in 
series with the main circuit. The current leaves the positive 
brush, passes through the coils, out to line, and back to the 
armatm-e through the negative brush. Any change in the 
resistance of the external circuit produces a change in thee.m.f. 
and current, the armature rotating at constant speed, because 
a change in current alters the field magnetism and thus changes 
the induced e.m.f. in the armature conductors. In practice, the 
voltage of a series dynamo is altered by suitable means to 
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• ^ with the result that it becomes a comtaut- 

■suii ... "’'’'‘"'.'’,"■' 1 ' jfi therefore well adapted to arc lighting 

'‘■"''T '‘nTohvious dmt a scries djvmo wiU not seU^xeite 
Xr!he L-rnal circuit is open, since no additional e.mJ. can 
then he generated; neither will it build up, if the external re- 
sistnneo is veiy high. Series dynamos are not much used. 



146. Compound Dynamos.—The connections for a compound- 
wound dynamo are shown in (a) and (b), Fig. 69. The field 
coils are wound first like a shunt-wound dynamo, with field 
rheostat li, fine wire being used for the coil; on top of this, 
another winding of coarse, hcivvy wire is wound, as in a series 
dynamo. The current divides at the positive brush, the greater 
part going to the mains through the series winding. 



The object of a compound-wound dynamo is to secure a con¬ 
stant potential. In the case of a shunt-wound dynamo, as soon 
as any current flows into the line, the e.m.f. falls a little; and it 
continues to fall, as more and more current is used, unless some 
means are taken to prevent it. For every condition of load 
current, the voltage will be of a cert,ain value, but it will always 
be less than the voltage at no load. To counteract this fall of 
potential as the load increases, is the object of the compound- 
wound dynamo. The magnetizing effect of the series coil is 
added to that of the shunt coil, both being wound on the same 
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\.\vc pc&to vVie 9.mom\. ol cMmul taken \>y tke 
luiuiis grcatcT tkc amonnt ftowin^ tkrougVv tke series field 
(■.oils, and live greatcT tlae magaetmng eSect, with a consequent 
increase in the e.m.i. to countcThalance the drop in the shunt coils. 
Thus the voltage is kept constant, no matter how much current 
(within the limits of the machine) is taken by the line. Most of 
the flux in the field is generated by the shunt coils, the series coils 
having just enough ampere-turns to increase this magnetism 
sufficiently tomake up for the tendency of a shunt-wound dynamo 
to lower slightly in voltage as the load increases. 

147. Commutating Poles.—In between the main pole-pieces, 
many of the modem machines have smaller pole-pieces, called 
commutating poles. These poles are intended to generate c.m.f. 
in the araiature, their object being to keep the brushes from 
sparking badly, which is likely to occur in shunt-or compound- 
wound dynamos when the load is heavy or they are running at 
high speed. The coils on the commutating poles are always in 
series with the armature, and the strength of the current in them 
depends upon the strength of the current in the armature con¬ 
ductors. 


DIRECT CURRENT MOTORS 


148. Movement of Current-Carrying Conductor in Magnetic 
Field.—If a conductor l)e placed in a magnetic field, as shown at 
(o), Fig. 70, and circuit is open, the conductor will remain whero- 



ever it is placed and will have no tendency to move. If, however, 
the circuit be closed and a current be sent through it, as indi¬ 
cated by the arrows, flowing through the conductor from a 
toward b, the conductor will move to the right, across the lines of 
force, in the direction of the arrows A. The reason for this 
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movement is simple. When the current flows through the con¬ 
ductor, it sets up magnetic whorls around it, as indicated by the 
dotted circles, and when looking along the comluctor from a 
toward b, these whorls will be clockwise. Those parts of the 
whorls in front of the conductor, looking in the direction of the 
arrows A, have the same general direction as the lines of force, 
and they make the field in front of the conductor denser; those 
parts of the whorls back of the conductor have a general direc¬ 
tion opposite to the lines of force, with the result that the mag¬ 
netic field is rcuden'd less dense. Since the conductor tends 
to move from a point of greater density to one of less density, 
if free to move, it will, in this case, move in the direction of the 
arrows A, as indicated at (b), which is a view looking down the 
conductor from a to b. 

If the direction of the current in the conductor be reversed, the 
direction of W’horls will also bo reversed, and the conductor will 
move in the direidion of the arrows B; the same will be true if the 
direction of the current in the field coils of the magnet be nsversed, 
since this will reverse the magnetic poles. But if both currents 
bo reversed, there will be no change in the movement of the 
conductor, which will then move in the direction of the 
arrows A. 

The force which acts to move the conductor will be directly 
proportional to the strength of the current in the conductor, the 
strength of the magnet remaining the same. If the strength of 
the current be doubled, the force will be doubled; and if the 
strength be halved, the force will also be halved. 

149. Direction of Movement of Conductor.—To determine the 
direction of movement of the conductor when carrying a current, 
use the left hand in the same manner that the right hand was 
use<l in finding the direction of an induced current. Place the 
thumb, index finger, and middle finger of the left hand at right 
angles to one another; point the index finger in the direction of 
the lines of force, the middle finger in the direction of the current, 
and the thumb will {mint in the direction that the conductor 
moves. The manner of using the left hand to find the direction 
of the conductor in Fig. 70 is clearly shown in Fig. 71. Here the 
left hand holds the north end of the magnet, with the index 
finger pointing in the direction of the lines of force, the middle 
finger points down (the direction of the current in the conductor), 
and the thumb indicates the direction in which the conductor will 
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move. Note that the direction of the conductor is opposite to 
that which it must have in order to induce a current in the con¬ 
ductor from a toward h; this is why the left hand must bo used to 
determine the direction of movement of a conductor. 



160. Why a Motor Rotates.—A motor differs from a dynamo 
only in certain mechanical details, it docs not differ in principle. 
Any dynamo can bo used as a motor if an electric current be 
sent through the brushes, the armature, and the field coils. The 
wire wound around the core of the armature parallel to the axis, 
forms a series of conductors, aU parallel to one another, and the 
current sets up magnetic whorls around each conductor, thus pro¬ 
ducing the same effect as described in connection with Fig. 70. 
These whorls being in a magnetic field are acted on by the lines 
of force passing Iwtwccn the pole pieces, and the conductors are 
forced to move, that is to rotate; and the armature, to which the 
core is attached, rotates also. The direction of rotation can 
always be determined by placing the fingers of the left hand as 
instnictcd in Art. 149. 

161. The Commutator.—^It is just as necessary to have a 
commutator on a motor, when the current driving the motor is 
direct, as on a dynamo. In the case of the dynamo, when a 
conductor passes one polo, the current has a certain direction, 
and when it passes the next pole, the current has the opposite 
direction, and without the commutator, the current in the line 
would be alternating. The current in the armature is always 
alternating; hence, if the armature is to be made to rotate by the 
action of an electric current, the current must be supplied in such 
a way that when any conductor passes a pole, the current in it 
must be opposite in direction to that which it will have when the 
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tho conductor passes the next pole; and this result is obtained 
by means of the commutator, which reverses the current at 
just the right instant. 

162. The voltage of direct-current dynamos and motors may run 
as high as 600 volts, and in special cases, as high as 1600 volts, 
but they are not adapted to much higher voltages. It is fre- 
(luently desirable to generate current at much higher voltages 
than this, particularly for long distance transmission of power, 
and when such is the case, alternating-current machines are 
used. If the motor be driven by an alternating current, it will, 
in many cases, have no commutator. 

Since the motor is used to drive other machines, the electric 
energy supplied to the motor is converted into mechanical energy. 

163. Motor Connections.—As in the case of dynamos, motors 
may bo shunt-wound, series-wound, or compound-wound, the 
connections being tho same as in tho corresponding type of dy¬ 
namo. In a shunt motor, the armature and field are connected in 
parallel, the current dividing, with a part of it going to field and 
tho gixjater i)art to the armature. In a series motor, tho field 
and armature are connected in scries, the entire current going 
through both. The compound motor is a combination of both 
of these. 

164. Speed of a Shunt Motor.—If a shunt motor be connected 
to a circuit having a constant e.m.f., current will flow through the 
field coils and create lines of force in the field; a current will also 
flow through the armature conductors, and the armature will 
rotate. As the armature rotates, the conductors cut lines of 
for(!e and induce an e.m.f. that acts in the opposite direction, which 
is known as the back or counter electromotive force (counter 
e.m.f .); this fact might be inferred from the last sentence of Art 
149. The (ioiinter e.ra.f. is opposite in direction to the e.m.f 
supplied by th<! current; hence, the voltage that is forcing a 
current at any instant through the revolving motor armature 
is not the voltage of the line, but the e.m.f. of the line minus the 
counter e.m.f. in tho armature. To apply Ohm’s law to this 
case, let / = current through armature, E = e.m.f. of line—coun¬ 
ter e.m.f. of armature (in volts), and It = resistance of armature 
(in ohms); then. 
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The faster the motor runs, the greater is the counter e.m.f.; 
consequently, when the motor is speeded up to a point where the 
counter e.rai. is nearly equal to the supplied e.m.f., the current 
in the armature will greatly decrease, and the motor will not tend 
to speed up further. The shunt motor then runs at a constant 
speed, which is slightly less than the speed it would have when 
running as a dynamo and generating the same line e.m.f. that is 
being supplied to it as a motor. If the line e.m.f. be kept con¬ 
stant and the field of a shunt motor bo weakened, by connecting 
a resistance (rheostat) in scries with the field (thus lc.ssening the 
field current), the motor will run faster; because, if the field is 
weakened, the motor must run faster in order to generate the same 
counter e.m.f., the counter e.m.f. l)eing proportional to the 
strength of the field and the speed of rotation of the armature. 

If when a shunt motor is standing still it is connected to the 
line, the current that flows through the armature winding will 
be limited only by the resistance of the winding, as there can then 
be no counter e.m.f. The current will be excessive, and, in the 
case of larger sizes, injurious to the motor; for this reason, a 
starting box (see Art. 167) is used. As soon as the motor speeds 
up, the counter e.m.f. prevents a large current from flowing. 

166. Speed of a Series Motor.—As has been explained, due 
to the counter e.m.f., the current through the armature of a shunt 
motor becomes less and less, as it speeds up and until a point is 
reached where its speed remains constant. This occurs when the 
counter e.m.f. balances the e.m.f. of the line, which may be called 
the applied e.m.f. 

As a series motor speeds up, the current through the armature 
becomes less and less, because of the counter e.m.f.; but, since the 
armature and field are connected in series, the current in the 
field also becomes less, and the strength of the field (the flux den¬ 
sity) becomes less. Since the counter e.m.f. depends upon the 
strength of the fidd, it will become less when the field is weakened. 
Therefore, if a series motor without load be connected to the 
line, it will tend to speed up more and more, but it can never 
reach the point where the counter e.m.f. will balance the applied 
e.m.f. Hence, when a series motor is used, it must be connected 
to heavy machinery, to keep it from excessively speeding up or 
“running away.” 

166. D. C. Motor Speed Independent of Dynamo Speed.— 
If a d.c. (direct-current) motor have no load or if it have a defi- 
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nite load and its field and armature circuits are kept constant, 
the speed of the motor will depend only upon the e.m.f. of the 
supply circuit, that is, upon the applied e.m.f. If the applied 
e.mi. be increased, the motor speed will t)e increased, and vice 
versa. The speed of a d. c. dynamo supplying power does not 
affect the motor speed as long as the e.m.f. of the current supplied 
to the motor remains constant. 

167. Starting Box.—When starting a motor of any size, large 
or small, it is not safe to throw the full line voltage across it at 
once. The armature has a very low resistance; hence, the full 
line voltage would force a large current through it and bum it up. 
It is therefore necessary to put a box containing an adjustable 
resistance, called a starting rheostat or starting box in series with 
i.he armature, in order to cut down this current. This rheostat 
is always arranged so that, as the motor gets up speed, the re¬ 
sistance can be gradually cut out; and when it is entirely cut out, 
the full line voltage is across the motor. The counter e.m.f. then 
takes care of the line current. 

A d. c. motor is started with a strong field, but a d. c. 
djniamo is started with a weak field. 

168. Speed Control of Series Motor.—Since in a scries motor 
all the current that flows through the armature flows through the 
field, the spce<l of rotation is controlled by a separate resistance, 
in series with the field. Increasing the resistance, with the cur¬ 
rent flowing, reduces the voltage at the terminals of the motor, 
and thus reduces its speed; decreasing the resistance increases 
the sjK'ed. The emrent first passes througli the adjustable 
rheostat, next through the field, and then through the armature. 

Series motors arc used where a widely varying load is to be 
taken <!are of and where a strong starting effort without drawing 
excessive current is needed; they are therefore used on street 
curs and for every kind of traction work, on electric cranes and 
elevators, electric automobiles, etc. 

169. Speed Control of Shunt Motor.—The shunt-wound motor 
has two excellent points; (o) nearly constant speed at all loads; 
(6) possibility of controlling the speed by field resistance and 
armature resistance, as explained in Art. 163. 

To decrease the speed of a shunt-wound motor, resistance may 
b() inserted in the annature circuit; this cuts down the power of 
the motor, which makes it an expensive method of control. 
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To increase the speed, simply insert a resistance in series with 
the field coils. This decreases the flux density and increases 
the current in the conductors of the armature; the difference 
between the applied e.m.f. and the counter e.m.f. becomes greater, 
and the speed increases. In fact, if all the current is cut out 
from the field of a shunt motor, by inserting too much resistance 
or by opcnii^ the field circuit, the speed of the armature becomes 
so great that it flies apart and wrecks the machine. 

Motors are now made in which the field may be weakened to a 
groat extent and large changes in speed made possible by means 
of an adjustable rheostat in series with the field; such a motor 
is called an adjustable speed motor, and it is made with com¬ 
mutating poles, such as were mentioned in Art. 147. 

By reason of its tendency to run at constant speed, the shunt- 
wound motor is used on pulp grinders, pumps, beaters, machine 
tools, printing presscMS, and other machinery, such as the con¬ 
stant speed line of a paper machine, where a steady speed of 
rotation is necessary. Some machinery needs to be run at 
different speeds at different times, but steadily at the speed re¬ 
quired at any particular time; for such cases, the adjustable 
speed motor is mc»t suitable, the best that can be used. 


EFFICIENCY AND CAPACITY OF MOTORS 

160. Motor Losses.—It was stated in Art. 61 that no machine 
could give out as much work or power as it received; conse¬ 
quently, all the energy supplied to a motor cannot be utilized 
in doing useful work. The efficiency of a motor is always loss 
than 1, or 100 per cent. The difference between the input and 
the output is callc<l the motor losses, and these are usually 
grouped imder three headings: 

(o) The copper or PR, losses are those required to furnish 
the power used to force the current through the copper wire in 
the armature and field windings. These losses may be calculated 
if the resistance of the armature and field coils and the strength 
of the current flowing in each circuit are known. 

(6) The friction and windage losses represent the power 
required to overcome the friction of the bearings and brushes 
and by the rotation of the armature in the air. 
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(c) The core, or iron, losses are due to the alternations in the' 
flux passing through the iron magnetic circuit in the core. 

It is not the individual losses just specified that are considered, 
so much as the sum of the three, which is called the total losses. 
The latter may be found if the input and output of the motor are 
known, and it is to determine these that motors are tested. 

161. Efficiency of Motors.—The input and output can be 
determined with the aid of a w.att meter. By measuring the 
power required to run the motor at no load and at different loads, 
the efficiency of the motor under different conditions can be 
found by using formula (1), Art. 61, wliich may be written 

6 = losses evidently equal input—output. 

All losses result in heating the motor; and if a machine is com¬ 
pelled to deliver more power than its rated capacity, that is, if it 
is overloaded, it heats more and more, and may become seriously 
damaged. A machine underloaded is also less efficient than when 
rumiing at its rated capacity, which is the load for which the 
machine was designed. A small motor is less efficient than a 
large one of the same type. For motors running at their proper 
speed and under their proper load, the efficiency varies between 
.65 and abwit .93, that is from 65% to 93%, according to size. 

Dynamo losses arc of the same nature as motor losses, and the 
efficiency of dynamos is about the same as for motors of similar 
size and type. 

162. Relation of Capacity to Load.—It is worth while here to 
note a point that sometimes is not fully understood concerning 
electrical apparatus in general. The output of a dynamo, motor, 
or transformer at any particular time is the load that is required 
of it at that time—no more and no less. The input is the load 
plus the losses. A 100-K.W. dynamo may, at some particular 
time, have only one 40-watt lamp on its circuit; the dynamo is 
not then generating 100 X 1000 = 100,000 watts, but 40 watts 
(the load) -1- all the losses necessary to operate the dynamo and 
carry the current to the lamp. Those losses will be a large part 
of the losses incurred when running under full load and the 
efficiency under such a condition of operation will be corre¬ 
spondingly low. 

The capacity of a motor is determined by the temperature of 
the wires, commutation, insulation, etc. Tho rated, or full 
load, capacity is the load that the motor (or dynamo) was de- 
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signed to eany to secure the greatest efficiency. The only rela¬ 
tion between the load and the rated capacity of a motor (or any 
machine) is that it is not economical to run it either much under¬ 
loaded or much overloaded; the best way is to run it as nearly 
as possible at its rated load. 

163. Electrolytic Processes.—Besides the conversion of electri¬ 
cal energy into heat energy (as in a lamp) or mechanical energy 
(as in a motor), electrical energy may bo changed to chemical 
energy and do chemical work. This has been mentioned in 
connection with storage batteries. If a direct emrent of proper 
voltage be passed into a cell (see Fig. 1) through a plate of a 
metal, as silver, and a solution containing the same metal, an 
article of another metal may be suspended in the solution to 
act as the other pole and silver, for example, will be deposited 
on the article. This is electro-plating. 

The pulp and paper industry is more interested in electrolysis 
(gee Ckmislry, also Bleaching of Pulp), the breaking up of a 
chemical compound under the influence of an electric current. 
Thus, if a direct current is passed into a solution of common salt, 
the chlorine will be liberated and pass off as a gas to be used in 
bleaching pulp, while the sodium, which is simultaneously set 
free, will combine with water to form caustic soda. This product 
may bo used for cooking rags or wood, or sold for its chemical 
value. 


ALTERNATING CURRENT GENERATORS 

164. Simple Singje-Phase Alternator.—The machine that 
transforms mechanical energy into electrical energy and delivers 
it as a direct current is called a dynamo; but when it is delivered 
as an alternating current, the machine is called an alternating- 
current generator or, more simply, an alternator. In this sec¬ 
tion, a direct-current generator will be called a dynamo, as 
heretofore, and an alternating-current generator will be called 
an alternator. It is frequently desirable to abbreviate the 
terms direct-current and alternating current to d.c. and a.c., 
respectively. Some writers on electrodynamics use the word 
“dynamo” to include both the generator and the motor, what is 
here called a dynamo being called a d. c. generator. The defi¬ 
nition of dynamo as above given is preferred by the writer, and 
is one used in this Section. 
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A simple single-phase alternator has already been described 
in Art. 129, and illustrated diagrammatically in Fig. 58. The 
variation in e.m.f. is shovra by the diagrams in Fig. 60. Instead 
of a commutator, the one-piece collector rings, commonly called 
slip rings, and denoted by e and/in Fig. 58, are used to take off 
the current. Such a machine is called a single-phase alternator, 
because only one curve can be drawn to show the variation in 
the e.m.f. In other types, two and oven three such curves may 
be drawn, in which case, the maciiinos are callwl two-phase and 
three-phase alternators, respectively. The single-phase alter¬ 
nator supplies current to the external circuit from a single, con¬ 
tinuous armature winding. 

166. Alternator Field Excitation.—Since the magnetic flux 
must always have the same direction, the current in the field 
coils must be a direct current, the same as with a dynamo. But 
the alternator annature supplies only alternating current; hence, 
the field-exciting current is supplied from a separate source, such 
as a small dynamo, which may be driven from the same engine 
or other mechanical source of power that drives the alternator; 
or it may be driven from a separate source. Both methods are 
used in practice. 

166. Annature Windings of an Alternator.—The armature of 
an alternator is wound in a very different manner from the arma¬ 
ture of a dynamo. This is necessary in order to secure a power¬ 
ful alternating current. A brief explanation of this difference in 
winding wiD now be ^ven. 

Referring to (a), Fig. 72, suppose a flat coil be moved across 
the pole pieces of a U-shaped magnet, the movement being from 
left to right. Wlien the coil is in position 1, no lines of force are 
being cut and no e.m.f. is being generated; this corresponds to 
position 0 on the line .ag in (b). A slight movement to the right 
causes the edge a of the cod to cut some lines of force and create 
whorls in a clockwise direction around the conductors of the 
coil, and the number of lines cut increases as each layer of the 
coil passes the edge m of the magnet. A further movement of 
the coil causes the edge b to cut lines of force going into the south 
pole of the magnet; and since the whorls around the conductors, 
which arc created by this action, arc counter clockwise, the in¬ 
duced e.m.f. has the same direction around the coil as that in¬ 
duced when the edge a cuts lines of force, and the total e.m.f. 
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is the sum of the two. This increase in e.m.f. is represented 
graphically by the line ob in (6). The e.m.f. now continues fairly 
uniform until the edge a of the coil reaches the edge n of the 
magnet, as indicated by the line, be in (6); but from this point on, 




(«) 




the e.m.f. decreases, as indicated by the line ed in (6), until, 
when the coil has reached position 2, it is no longer cutting lines 
of force, and the o.m.f. is 0. Edges a and b now occupy positions 
o' and 6'. A further movement to the right, and o' begins to cut 
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lines of force; but, since these arc flowing in the opposite dh-ec- 
tion, the direction of the e.m.f. is reversed. If a second magnet 
be placed alongside of the first, so that the distance I between 
any two consecutive poles is the same, the line defg in (6) repre¬ 
sents graphi(!ally the variation in e.m.f. while the coil is passing 
from position 2 to position 3. The curve defg is symmetrical 
to ahed with reference to the point d as the center of symmetry; 
it is located below the line ag to indicate that the e.m.f. is opiK)site 
in direction. Any further movement of the coil to the right wiU 
result in a repetition of the curve abedefg, beginning at g. 

It will be noted that when the coil is in position 3, it occupies 
the same relative position as regards the north pole that it 
occupied in i)osition 1; in other words, the curve in (hi) represents 
a complete cycle of changes in the e.m.f. Any further move¬ 
ment to the right from position 3 will start another cycle, and 
if more magnets are placed alongside the two shown, a now cycle 
will l)c started every time the center line of the coil passes the 
ceut,er line of a north pole of a magnet. 

167. Referring again to (a). Fig. 72, suppose that the four 
coils under the two magnets bo connected in scries. The manner 
of doing this is illustrated diagrammatically in (c), where the 
partial rectangles represent one turn of each coil and the dots 
represent a cross-section of the lines of force, the whole corre¬ 
sponding to a bottom view of the coils in (o). Note that the 
corresponding (inner) edges o, o', c, and c' are connected, and 
that the outer edges arc similarly connected, except the first and 
last, which are connected to the external circuit through the 
slip rings It' and R". The direction of the current is indicated 
by the arrows, when the coils arc moving in the direction of the 
arrow A. The e.m.f. in the conductors C and C" will evidently 
be that due to the sum of the e.imf.’s in the four coils. If more 
magnets are placed in lino with the two shown and at the same 
distances apart, the e.m.f. curve will resemble that shown at (6). 

It may here be remarkctl that the outline of the e.m.f. curve 
may have various shapes, depending upon the construction of the 
alternator, but one half-cycle will always be symmetrical to the 
other half-cycle with respect to the pwint where the curve crosses 
the base line ag, Fig. 72(6). 

168. If the magnets be arranged in a circle and the coils be 
placed in slots cut in the circumference of a wheel, as shown in 
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Fig. 73, the same conditions will obtain as in Fig. 72 when the 
wheel revolves and the magnets are stationary. The wheel W 
with the coils make up the ariimture, and the magnets and sta¬ 
tionary frame constitute the field. The wires of the coils are 
heavily insulated, the coils arc insulated from the iron core in the 
manner indicated by the black sectioned parts i, and are kept 
in place by the wooden plugs p. The coils are connected in 



series and the terminals are connected to the slip rings E' and 
R" in the manner shown. The armature is supposed to be 
revolving counterclockwise, as indicated by the arrows. It will 
be noted that this alternator has 12 poles and 12 coils. 

169. Alternations and Frequency.—Every time the centerline 
of a coil passes the centerline of a pole piece, there is a change in 
the direction of the e.m.f., and the e.m.f. curve passes from one 
side of the base lino to the other; this is called an alternation, 
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and there are evidently two alternations for eveiy cycle (see 
Art. 14 ). Consequently, the coil must: pass two poles, one north 
and one south, to complete a cycle; and for every revolution, 
there will be as many alternations as there arc poles, and the 
number of cycl^ will be half as many as the number of poles, 
V 

or where p is the number of poles. Thi: number of eyeles per 

it 

second is called the frequency; and if F is the frequency, and « 
is the number of revolutions p<u' second made by the armature, 


/' 2 X ■" 2 


( 1 ) 


N 


If N is the nuinlxir of rtivolulions per minute, n = and 


P y iV ^ piV 

2 ^ 60 120 


( 2 ) 


If the frequency and number of pole's are known or have been 
decided on, the number of revolutions jK'r minute can be found 
by solving formula (2) for N, obtaining 


N = 


]20F 

V 


(3) 


For example, how many revolutions per minute must the 
armature of the alternator of Fig. 73 make to give a frequency 
of 60 cycles per second? Here the number of poles is 12, and 

F = 60; substituting in formula (3), i\r =-^— = 600r.p.m. 

The frequency most used is 60 cycles per second, though 25 
cycles per second is much used; frequencies of 30, 50, 125 and 
133 cycles per second are also employed. The number of poles 
used varies from 4 to 80, the larger machines usually having the 
greater number of poles. 


170. Revolving Field Alternators.—^An inspection of Fig. 73 
will make it clear that insofar as frequency, cutting lines of force, 
and generating e.m.f. are concerned, it makes no difference 
whether the armature is revolved or the field is revolved; hence, 
the coils and poles might be interchanged as regards position, 
and the field revolved. When this done, as is frequently the case, 
the stationary part carrying the coils in which the e.m.f. is 
induced is called the stator, and the revolving part, which carries 
the magnets, is called the rotor. 
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ni. Two- aad Tbzee-Phase Alternators.—Referring to Fig. 
74, llae full line representa the e.mi. curve for a rin^e-phase 
alternator, such as has just been described. Instead of letting 
the base hne ac represent the time for completing one cycle, sup¬ 
pose it to represent one circle, or 360°; then the point b, midway 
between a and c, will be 180°, and ab represents a semicircle; 
the point o', midway between a and b, will be 90°, and oo' repre¬ 
sents a quadrant. Every cycle may be represented by a circle 
of 360°. In the case of a bipolar machine a coil in going through 
one cycle goes through a circle of 360°, from the north pole, say. 



Pm. r-i. 


to the south pole and back to the north pole again. In the case 
of an 8 pole machine as in Fig. 75, the coil goes from one north 
pole passing a sqptb pole and to the next north pole in com¬ 
pleting one cycle. Now for convenience in figuring, the arc 
from the center line of one pole to that of the next like pole is 
considered to bo divided into 360 equal spaces and to eliminate 
confusion these spaces are called electrical degrees. In a bi¬ 
polar machine it is readily seen that an electrical degree is equal 
to a circular degree. In a four-pole machine an electrical degree 
is only }4 a circular degree, in a six-pole machine and so on. 
Hereafter difference of phase will be expressed in electrical 
degrees. 

Now suppose that the coils on the armature of an alternator 
were so connected that they formed two sets, the coils of each 
set being connected in series, and each set supplying its own cir¬ 
cuit in the line. This may be done by placing the second set 
midway between the first set. The result of this is that the cycle 
for the e.m.f. curve (shown dertted) of the second set, Fig. 74, 
starts at a' instead of a, the e.m.f. being 0 when the e.m.f. of the 
first set is a maximum; 90° farther, and the e.m.f. of the second 
set will be a maximum, while for the first set it is 0; etc. In other 
words, there are two different phases, and the second set (or, 
rather, the e.m.f. of that set) is said to be 90° out of phase with 
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the first set; the phase of the second set being 90° behind the 
first set, since its cycle begins 90° after the first cycle. 

172. One form of connection for a two phase alternator is 
shown in Fig. 76. There are 8 poles and two sets of coils, 4 in 
each set. There are also 4 slip rings. Note that the coils B 
are so placed that their (senter lines are 90° ahead of the center¬ 
lines of the coils A. Coils A are connected in series, and their 
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terminals are connected to the two inner slip rings by the con¬ 
ductors c* and c". The coils B are also connected in series, and 
their terminals are connected to the two outer slip rings by the 
conductors Ci and cj. In reality, the slip rings are all of the same 
diameter, different sizes of circles being used here to separate the 
rings. It should be noted also that each pair of slip rings serves 
its own circuit. 

173. In the three-phase alternator, the phases are 120° apart, 
the second being 120° behind the first, and the third being 120° 
behind the second and 240° behind the first. The e.m.f. curve 
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for this arrangement is shown in Fig. 76. Here 3 cycles are 
shown for curve A, the first phase; curve B represents the second 
phase and starts 120° after A; curve C represents the third 
phase and starts 240° after A, the distances ab = be = cd repre¬ 
senting 360°. The number of slip rings may be 6,4, or 3. When 
6 slip rings are used, each phase supplies its own external circuit. 
When 4 slip rings are used, three wires lead to the external cir¬ 
cuits, and all have a common return wire. When 3 slip rings are 
used, one end of each phase (set of coils) is joined to a common 
connection, and the other ends arc jointsd to the three rings; 



Fiu. 76. 

or, the phases are connected to form a closed circuit, the slip rings 
being attached to the points where the phases join. Both methods 
of connecting when 3 slip rings are used give the same output in 
watts, but the former method gives a higher voltage, while the 
latter method gives a higher current. 

The three-phase alternator is the type of polyphase generator 
most used in practice, polyphase meaning more than one phase, 
and the three-slip-ring type is the one almost universally used 
in three-phase alternators. 


ALTERNATING CURRENT MOTORS 

174. Alternating current motors may be divided into two 
general classes: synehrmowt motors and induction, motors. 

The word synchronous means at the same time, that is, simul¬ 
taneous, and has reference in this connection to the fact that the 
motor must run in phase with the current that is supplied to it; 
in other words, the alternations of both must be equal and 
simultaneous. 

176. Synchronous Motors.—Synchronous motors may be 
operated on either a single-phase or a polyphase system, but the 
field must be excited by a separate direct-current from some 
source. If a single-phase motor be connected to a single-phase 
alternator, the motor will not start up and run, because the cur- 
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rent in its armature is rapidly alternating in direction; this tends 
to make the armature turn first one way and then the other, and 
it does not get started from rest. If, however, some means 
are employed for starting and bringing the armature up to speed, 
then the motor will operate, providefl the armature is supplied 
with the proper alternating-current voltage of correct frequency, 
and its field is supplied with the proper direct-current voltage. 
A polyphase motor, however, will start and run up to synchron¬ 
ism, when the annature is supplied with alternating current of the 
proper voltage, frequency, and number of phases and its field is 
supplied with the proper dinict current. 

176. Disadvantages of Synchronous Motor.—The principal 
disadvantage of the synchronous motor is that its speed is not 
adjustable, since it depends upon the generator frequency and 
not upon any variation in the e.ra.f., as in the case of d.c. motors. 
In other words, the motor must run in synchronism with its 
supply current, which means that the motor speed must be that 
which it would have if running as an alternator and supplying 
current of the same frequency. Hence, variations in the speed 
of the motor depend upon variations in the speed of the alter¬ 
nator that supplies the current. Another disadvantage is that a 
synchn)nous motor must be supplied with both alternating cur¬ 
rent and direct current, the first for the armature and the second 
for the field; in many cases, this is not only inconvenient but 
also expensive. The starting process is more complicated than 
with other forms of motors, whether run with alternating or direct 
current. The synchronous motor, however, is very valuable in 
cases where a constant speed motor can or must be used. 

177. Speed and Direction of Rotation.—The speed of a syn¬ 
chronous motor may be found by the formula 


in which N = revolutions per minute of armature, F = fre- 
qiw'ncy, and p = number of poles. Thus, if the frequency is 

120 X 30 

30 cycles per second and the number of poles is 8, JV =-g— 

= 450 r.p.m. Observe that the formula is the same as formula 
(3), Art. 166. Consequently, if a motor have the same number 
of poles as the alternator that supplies its current, the speed of 
both will be the samel 
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A synchronous motor will run in cither direction; but the 
direction in which it actually turns will be that in which it 
revolves when started by its auxiliary motor. If a synchronous 
motor be started by simply allowing current to flow through its 
armature, the direction in which it revolves will depend upon the 
way in which the terminals of the armature coils arc connected 
to the external circuit. 

178. Induction Motors.—The induction motor works on the 
principle of mutual induction, which was explained in Art. 
127. Such motors are generally operated on two-phase or 
three-phase circuits, but may be operated on single-phase circuits. 

Induction motors always consist of a stationary part, called 
the stator, and a rotating part, called the rotor. The current 
is usually led to the stator, the coils on which form the field, and 
which are also called the primary; the rotor consists of the iron 
core and conductors, which are also called the secondary. The 
names primary and secondary have the same meaning as in Art. 
127. Either the primary or the secondary may revolve, but they 
may always be distinguished by the fact tliat the primary is the 
part that receives the current. The usual arrangement is for 
the secondary to rotate, and this will be assumed to be the case 
in what follows. 

179. It will help in understanding the action of an induction 
motor by considering what will happen to a direct-current motor 
under the following conditions. Suppose the motor to have, say, 
four poles, and that the field has been excited and a current sent 
through the brushes in the usual manner; the armature will 
rotate, and the greater the load on the motor the greater must be 
the current strength through the brushes. It will be noted that 
in this case the armature is caused to rotate by the reaction 
between the magnetism of the field and the whorls set up by the 
current through the conductors of the armature and received 
through the bmshes. Now suppose that the brushes be dis¬ 
connected and that the entire outside surface of the commutator 
be enclosed by a copper ring, with which it forms close contact; 
this connects together the ends of all the armature conductors, 
short-circuiting them, and making each coil a closed circuit. 
If the armature be fixed, so it cannot rotate, and the field be 
revolved about it, the lines of force from the field pole-pieces 
will be cut by the conductors on the armature, and an e.m.f. will 
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be set up in the armature coils; and since the coils are all short- 
circuited (connected in parallel with the copper ring on the arma¬ 
ture), a heavy current will be set up in them, which current will 
react on the field, producing a heavy drag on the armature. If 
the annature were not fixed, this drag would cause it to turn, 
following the field. The armature, howevei, cannot turn at the 
same rate as the field, for if it did, the armature coils and field 
coils would both be turning at the same number of revolutions 
per minute, and no lines of force would be cut; hence, the arma¬ 
ture must always turn slower than the field. The difference in 
the relative speeds of the annature and field is called the slip, 
which is usually expressed as a per cent. Thus, suppose the 
speed of the field is 480 r.p.m., speed of armature is 460 r.p.m.; 

20 

then, 480 - 400 = 20, and = .04J^ = 4J^%, the slip. 



180. Much the same effect can be produced by a stationary 
field and a two-phase or three-phase alternating current. For 
instance, suppose an arrangement similar to that in Pig. 77, 
in which P is a stationary field having 8 pole-pieces, wound so as 
to make two phases of 4 poles each. Poles 1, 3, 5, and 7 belong 
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to one phase and 2,4,6, and 8 to the other phase, the second being 
90° out of phase with the first. If, now, an alternating two- 
phase current, one phase being 90° ahead of the other, be sent 
through the field coils, the e.n\.f. in the coils will rise and fall in 
exactly the same manner as it was generated in the alternator. 
Thus, it wiD rise in the coils of poles 1, 3, 6, and 7 until it reaches 
its maximum value; then as it falls in the coils of the odd num¬ 
bered poles, it rises in the coils of the even-numbered poles, the 
result being practically the same as though a direct current were 
sent through the field coils and the fields were revolved. The 
effect is much the same as in the case of a moving electric sign, 
where a light ahead goes on as the one behind goes out, producing 
an appearance of movement, as of a snake; there is no movement, 
but there appears to be one. Opposite the poles of the field are 
the poles of the armature, the ends of the coils being joined at o 
and a', thus making each coil a closetl circuit. The rise and fall 
of the e.m.f. in the field coils (the primary) induces a current 
in the annature coils (the secondary) in exactly the same manner 
as described in Art. 127, and as the magnetism goes from one sot 
of poles to the other, it drags the armature (rotor) after it with a 
turning force, called the torque, that is proportional to the slip; 
the greater the percentage of slip the greater the torque. The 
resistance of the conductors of the rotor is so small that the cur¬ 
rent is very heavy, with the result that the percentage of slip 
is quite small, varying from about 1% at no load to about 5% 
or 6% at full load on the motor, and being greater for small 
motors than for large ones. 

181. The rise and fall of the e.m.f. in the field coils, in the above 
case, may be represented graphically in the same manner as in 
Fig. 74. While the field is stationary, the effect is the same as 
though the field revolved, as in Art. 179; hence, this apparent 
movement is called the revolving field. The speed of rotation 
of the revolving field is the same as that of an alternator of the 
same number of poles that produces a like current. Therefore, 
it is customary to consider this revolving field as producing lines 
of force that are cut by the rotor conductors, thus generating 
an e.m.f. in them. In reality, however, the current in the rotor 
conductors is caused by mutual induction. 

182. Induction motors are not usually made in accordance 
with the arrangement described in connection with Fig. 77. 
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Instead of polo-pieces projecting out from the inner surface of 
the stator, slots are cut in the stator, and the coils arc placed in 
the slots, as shown at (o), Fig. 78. Further, each pole is usually 
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would be 3 X 18 =54. One method of connecting the windings 
is shown in (6). Although the poles here appear to overlap one 
another, they really do not, on account of the difference in phase. 

The rotor is shown at (c). The conductors c are usually 
heavy copper bars of rectangular cross-section; placed in slots 
in the rotor core. The ends of the bars arc fastened to the copper 
rings r, thus short-circuiting the conductors and connecting them 
all in parallel. On account of its resemblance to a squirrel cage, 
a motor having this kind of a rotor is Called a squirrel-cage motor. 

The rotor of an induction motor may be a wound rotor, 
especially where it is desirable to obtain small variations in 
speed or where a high starting torque is desired combined with 
a low starting current. The windings must be well insulated. 
When bars are used in the rotor of the squirrel-cage motor, they 
should be Very well insulated or very well grounded. The 
practice is not to insulate, but ground them well. 

183. On account of the comparatively large size of the copper 
conductors of the rotor, the resistance is very small, thus making 
the current very heavy. This current is confined to the con¬ 
ductors, moving in a short, closed circuit, and produces powerful 
magnetic effects, with the consequence that a small percentage 
of slip will result in a strong torque, thus enabling the motor to 
pick up a heavy load. It is to be noted that there are no slip 
rings and no commutator, and that the motor if polyphase is 
self starting. A single phase induction motor is not self starting. 

The induction motor is essentially a constant speed motor, and 
is not adapted to use where variable speeds are desired. In 
some forms of these motors, variations in speed may be secured 
by inserting a variable secondary resistance, but the variations 
in such cases should be moderate. 

One of the many advantages of the induction motor is that it 
does not require any direct-current supply; it is operated entirely 
on alternating current. This greatly simplifies its use in mills, 
and it makes possible the use of small individual motors in places 
where it would not be possible otherwise, on account of complica¬ 
tions and expense. 

The power factor (Art. 192) of the current taken by an induc¬ 
tion motor is low when operated at less than full load and in¬ 
creases as the capacity of the motor is approached. It is lower 
for small than for large motors of the same speed, and is lower 
for slow speed than for high speed motors of the same capacity. 
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Polyphase alternators and motors have the great advantage 
that they are well adapted to use on high voltage circuits; this 
is largely duo to the absence of a commutator. Alternating- 
current motors are made that will operate on voltages as high 
as 13,200 volts, though the more usual voltages are 220, 440, 
550, 2200, and 6600. 

184. Single-Phase Motors.—Without going into details, it 
may be stated that a direct-current series motor will run if used 
on one phase of an alternating-current circuit; but if intended to 
run on an alternating-current circuit, the construction is some¬ 
what different, to gain in efficiency and in operation. The 
series a.c. motor is used for the same purpose as the d.c. series 
motor—^railways, cranes, hoists, etc. 

In small sizes, scries motors are often made so as to operate 
about equally well on either a.c. or d.c. circuits, and are then 
called universal motors; such motors are used for driving small 
fans, electric drills, etc. 

Wliile the single-phase synchronous motor is not self-starting, 
the alternating-current single-phase series motor is self-starting. 
Special forms of induction motors arc manufactured that are 
self-starting and operate on single-phase circuits, with constant 
s])eed characteristics that are similar to the polyphase induction 
motor and the direct-current shunt motor; but these motors are 
used only where it is not easy to obtain polyphase current, and 
their construction usually involves commutators or somewhat 
complicated mechanism in the rotor, which often makes them 
undesirable for general use. 


TRANSFORMERS 

186. Object of Transformer.—It has already been shown that 
when power is transmitted at a low voltage, the voltage drop and 
power loss are considerable, unless the wires (conductors) are 
very large and, hence, expensive. (See Art. 70.) Direct cur¬ 
rent dynamos are usually not made for voltages higher than 600 
volts, but alternators can be built for voltages as high as 13,000 
volts, and even this is not high enough for transmitting large 
amounts of power long distances. For this reason, a device is 
employed to raise the voltage for transmission and to lower it 
for use. Devices of this kind are called transformers. When a 
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transformer is used to increase the voltage it is called a step-up 
transformer and when used to decrease the voltage it is called a 
step-down transformer. 

With a step-up transformer, the voltage may be increased to as 
high as 220,000 volts, but the more usual voltages for power 
transmission are 22,000, 66,000, or 110,000 volts. At the point 
where the current is to be used, these are stepped down to 110, 
220, 550, etc., volts. Similarly, transformers are often used to 
step down from, say, 550 volts (which is suitable for the motors 
in a mill) to 110 volts (which is suitable for the lamps), thus 
using the same source of power for both motors and lights. 

It is to be noted that (assuming there are no losses) the trans¬ 
former does not alter the power of the current. Thus, by formula 
(2), Art. 47, P = IE; hence, if E is increased, / is decreased 
in the same proportion. For instance, if the dynamo generates 
20 amperes at 1000 volts, and the transformer steps this up 
to 20,000 volts, the voltage has been increased 20,000 -5- 1000 = 
20 times, the strengt.h of the current has been reduced 20 times 
and is 20 -i- 20 = 1 ampere, and the power in both cases is 
P = 7i’ = 20 X 1000 = 20,000 X 1 = 20,000 watts = 20 k.w. 

186. Principle of the Transformer.—The transformer acts 
on the principle of mutual induction, explained in Art. 127. 
Referring to Fig. 79, let A 
be the primary coil and B 
the secondary coil, C being 
an iron core. If an alter¬ 
nating current be sent 
through the primary, the 
increase and decrease in 
its e.m.f. will induce a 
current in the secondary; 79 _ 

and if the secondary be 

made of the same size of wire of the same number of turns as the 
primary, the voltage wiD be the same in both, as may be as¬ 
certained by connecting a voltmeter to the terminals of the 
secondary; and the current in both will also be the same. Now 
assume that there is no loss of power in the transformation; 
then, if the number of turns in the secondary be doubled, the 
resistance will be doubled, and by Ohm’s law, the current will 
be halved. But, since the power does not change, if the current 
is halved, E must be doubled, in order to keep the power con- 
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stant. Consequently, the ratio of the voltages in the primary 
and secondary must equal the ratio of the number of turns in 
them. For example, if the primary have 200 turns, the secondary 
1200 turns, and the voltage of the current supplying the primary 
be 110, the voltage of the secondary will be 660 volts, because 
2(K) 110 

1200 ~ ~E ’ ^ ~ voltage in secondary. 

Evidently, a transformer cannot be used on a direct-current 
circuit, since there would then be no variation in the e.m.f. of 
the primary and no current could then be induced in the 
secondary. 

187. Diagram of Step-down Transformer.—Fig. 80 represents 
in diagrammatic form a transformer that steps a current of 2200 



volts down to 110 volts, for use on a lamp circuit. The number 
of turns in the primary coil A will be 20 times the number in the 
secondary B, because 2200 -t- 110 = 20. The iron core o6cd 
is made in one piece, as shown. The current from the alternator 
enters the primary at tenninal t' and leaves at terminal 
The external circuit is connected to the two terminals of the 
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secondary in the manner shown. It will be observed that 
the circuit taking the current is not electrically connected to the 
supply circuit, the current in the external circuit supplying the 
lamps and motor being an induced current. 

188. A perspective view of a transformer of the shell type is 
shown in Pig. 81. The iron core C Is mu<lo up of a large number 
of sheet-iron punchings. The 
primary coil is made in two 
parts, connected in series, as 
indicated by the wire s; and the 
secondary coil, also mafle in 
two parts, is placed between 
the parts P' and P" of the 
primary. The terminals of the 
primary are indicated by t' and 
t". The terminals of the 
secondary S' are a and h, and of 
the s(!condary S" are c and d; 
consequently, the two secondary 
coils may be connected in scries or multiple, as desired. 

189. Efficiency of Transformers.—The transformer is one of 
the simplest and cheapest of electrical devices, chiefly because 
there are no moving parts. As a consequence, there are no 
losses due to friction, but there arc other losses, comparatively 

small, wliich cause the efficiency to be 
less than 100 per cent., as in every 
case of transformation of energy, 
though no useful work is done. Small 
transformers have a lower efficiency 
than large ones; the efficiency of a 
small transformer may be as high as 
.95 , or 95 per cent., and of a large one, 
as high as 99 per cent. 

When the transformer is well made 
and the coils are properly insulated 
from each other, it requires practically 
no attention; simply an inspection once or twice a year. 

190. Autotransformers.—What is called an autotransformer 
uses only a single coil; it is shown diagrammatically in Fig. 82 
and operates on the following principle: The coil S encloses 
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an iron core, which forms a complete magnetic (iron) circuit. 
The current from the alternator enters the coil at the terminal 
and leaves at t". One wire of the secondary is connected at t' 
and the other at some point If" between the two terminals of the 
coil. If the difference in voltage between t' and f he E and 
between f'andf"' be E', and if « = the number of turns in the 
coQ and n' = the number of turns between <' and then 
E': E = n': n, from which, 


n 


For example, if E = 600 volts, n = 240 turns, and n' = 60 

turns, E' = —^— = 150 volts = voltage in the secondary 

circuit. The voltage in the secondary is here Hth that in the 
primary; hence, the current in the secondary is 4 times that in 
the primary. 

The principle use of the autotransformer is for starting alter¬ 
nating current motors, where a low volt^e is required to start 
and while running up to speed; it is for this reason that they are 
also called starting compensators. The chief advantage of auto¬ 
transformers is their cheapness and small size. They are not 
adapted to use on power and lighting circuits, because the second¬ 
ary and primary have direct electrical connection; and since 
the voltage of the primary is very much higher in such cases than 
the voltage of the secondary, it would be dangerous to have the 
secondary circuit in connection with the primary. 


POWER FACTOR 

191. Real and Apparent Power of Alternating Current.— As 

has been shown in Art. 131 and Fig. 60, the e.m.f. of an alter¬ 
nating current starts at 0, increases to a maximum in one direc¬ 
tion, decreases to 0, then increases to a maximum in the other 
(opposite) direction, and falls to 0 again, tliis sequence being 
repeated over and over again. It has also been shown that the 
strength of the current in a closed circuit depends upon the 
applied e.m.f., the greater the e.m.f. the greater the current, 
other conditions remaining the same. Consequently, as the 
voltage increases in value in one direction, the current also in¬ 
creases in the same direction; when the voltage decreases, the 
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current decreases, and when the voltage (e.m.f.) is reversed and 
increases in the opposite direction, the current likewise reverses 
and increases in that direction. Therefore, if the resistance is 
constant, the current is proportional to the e.m.f., and the rise 
and fall of the current may be indicated by means of a curve 
that will be exactly similar in outline to the curve of e.m.f. in 
Fig. 60. If the only opposition to the flow of current in the cir¬ 
cuit is the resistance, the e.m.f. and the current will both reach 
the maximum value at the same 
instant, and they will both de¬ 
crease and become 0 at the same 
instant. In such case, the e.m.f. 
and the current will be running 
along together, so to speak, and are 
then said to be in phase. 

This condition may be indicated 
graphically as in Fig. 83 (a), where 
the horizontal line OE represents 
the number of volts to any con¬ 
venient scale. For example, if the 
scale is 100 volts = 1 inch, then if 
OE is to represent 220 volts, its 
length must be 220 -h 100 = 2.2 
in. The current may be laid off 
in the same manner, and for the same instant, on the same line. 
For example, if the current is 16 amperes and a scale of 16 
amp. = 1 in. be selected, lay off 0/ = 16 16 = 1 in. At 

this instant then, OE represents the e.m.f. (220 volts) and 01 
represents the current (16 amperes). 

IJ there is any indudance in the circuit and an e.m.f. is applied 
to it, the current will not immediately reach its full value of I 

E 

= ; an appreciable time elapses before this value is attained. 

Hence, when an alternating-current e.m.f. is applied to a circuit 
containing inductance, the current will not reach its maximum 
value until a^ter the e.m.f. has done so; the current is then said 
to lag behind the e.m.f. The time required for the e.m.f. to 
complete the curve (Fig. 60) from 0 to the maximum in one 
direction and back to 0, then to the maximum in the other direc¬ 
tion and back to 0 is considered as 360°; from 0 to a maximum 
in either direction is H X 360° = 90°. Consequently, if the 



Fia. 83. 





150 


ELEMENTS OF ELECTRICITY 


§2 


current does not reach its maximum until the voltage has de¬ 
creased to zero, the current lags 90°, and no power can be trans¬ 
mitted. This effect is shown graphically in Fig. 83(6). Here 
OE is a horizontal line representing the e.m.f. and 07 is a line 
at right angles to it representing the current. If the current 
reaches a maximum when the e.m.f. is half way between its 
maximum and 0, the line 07, which represents the current, will 
then make an angle of 45° with OE, as shown in Fig. 83(c), and 
the current is said to lag 45°. In such case, the effective power 
called the real power, will not be that due to the current 07, but 
that represented by the projection of 07 on OE, represented in 
the figure by 07'. The power resulting from the current repre- 

07' 

sented by 07 is called the apparent power. The ratio = 
real poteer ,. ,, , , 

'^pareni potHTr ^ ^ ^ I" W- 83> 

07' - 07, and the power factor is / = 1 = 100 %; in 

(6), 07' = 0, and / = ^ = 0; in (c), 07' = 3^V'2 X 07 = 
707 -t- y 07 

.707 -b X 07, and f = = .707-f- =70.7 %. 


192. The Power Factor.—In alternating currents, that part of 
the total current which is in phase with (in the same direction as) 
the e.m.f. is the only part that will perform useful work in con¬ 
junction with the voltage; this is the reason why the component 
paralliJ to the c.m.f. is called the real power. In (a). Fig. 83, 
it is evident that 100% of the current is in phase with the voltage 
(e.m.f.); hence, in this case, the useful current is 100 % of the 
total current, and the real power equals the apparent power. In 
(6), it is evident that there can be no part of the current in phase 
with the voltage, the useful current is 0% of the total current, 
and the real power is 0. For any lag between 0° and 90°, let 
e = angle of lag; then, by trigonometry, 07' in Fig. 83(c) is 
determined by the equation 07' = 07 X cos fl, and the power 
factor is equal to 


07 X cos B 
01 


cos 6 


If the angle of lag is 30°, / = cos 30° = = .866+; if 

the angle of lag is 45°,/ = i^V2 = .707+; and if the angle of 
lag = 60°,/ = cos 60° = M = .5. In Fig. 83(6), 6 = 90°, cos 
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90° = 0, and / = 0; in Fig. 83(a), B — 0°, cos 0° = 1 and / = 
1. In the foregoing expressions, cos is the abbreviation for 
cosine. 

The power factor is tisually expressed as a percentage, in 
which case, a power factor of, say, 65% means that the angle of 
lag is one whose cosine is .65, which corresponds to an angle of 
about 49° 28'. 

Equation (2), Art. 47 , P = El, holds only for direct currents 
or for alternating currents whose power factors are 100 per cent. 
The real power (useful power) of an alternating current circuit 
is expressed by 

P = E/cos e = fhl (1) 

This formula is true only for single-phase circuits. In a two- 
phase circuit, the real power is not equal to twice the power of 
either phase, but = 1.4144- times the real power of one 
phase; that is, 

P = V2E/eos e = 1.414/EJ (2) 

For a three-phase circuit, the real power is expressed by 

P = -v/3E7cos e = 1.732/E/ (3) 

Example. —What is the real power of, the useful power delivered by, a 
single-phase generator, if the e.m.f. is 2200 volts, the current is 300 amperes, 
and the power factor is (o) (6) 60%, and (c) 100%? 

Solution. —Applying formula (1), 

(o) P = .80 X 2200 X 300 = 528000 watts = 528 k.w. Am. 

lb) P = .60 X 2200 X 300 = 396000 watts = 396 k.w. An*. 

(c) P = 1.00 X 2200 X 300 = 660000 watts = 660 k.w. A«s. 

Thus, it is seen that with a power factor of 100%, the real power delivered 

by the generator is 660 k.w., but when the power factor is 60%, the real 
power delivered by the generator is only 396 k.w. 


BUYING ELECTRIC POWER 

193. The Time Element.—When buying electrical energy, 
it is just as necessary to specify a definite quantity as when buying 
coal, gasoline, or any other commodity. If, for example, one 
should attempt to buy a kilowatt of power at a central station, 
it would be impossible to tell the cost until the len^h of time 
that it was to be used had been stated. Power is a relative term; 
hence, the time element is always considered in the sale of elec¬ 
tric power, and the kilowatt-hour (k.w.h.) is generally the unit 
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cmployod in making out the charges, except where large amounts 
are used. 

194 . Cost per Kilowatt-Hour.—The common price for elec¬ 
tric energy used for lighting and other household purposes is 
10 cents per k.w.h. It may be higher for some steam-power 
plants and less for some water-power plants. When used in con¬ 
siderable quantities for power purposes, the charge may be 1 
or 2 cents per k.w.h. The wide difiference in the two prices is 
due to the fact that lights are use<l, as a rule, for only a few hours 
during the day; but the electric company must nevertheless keep 
its apparatus ready and running at all times to supply the current 
when wanted. Thus a lighting load on .an electric light plant 
generally means coasiderable idle apparatus for the greater part 
of the day. This, of course, is expensive, and hence, electricity 
for houH<! lighting must bo chargo<l for at a higher rate than when 
used continuously between definib! hours for power purposes. 

196 . Cost of Lighting.—Suppose a room in a mill requires 
960 c.p. (candlcpower); if 00 carbon lamps of 16 c.p. each be 
Uised, each lamp will require about 'i}4 watts per candlepowcr, or 
3.125 X 16 = .50 watts for each lamp, .and the total watts for 900 
candlepowcr will b(! .50 X 60 = 3000 watts. If the liunpa arc 
burned 10 hours (>ach day and the juice charged for the curremt is 
2 cents per k.w.h., the cost jK-r day wilt Ix! iSJo X 10 X 2 
= 00 cents. For a year of 365 days, the cost will be 365 X 0.60 
= $219.00. 

If 12 80-candlcjjower tungsten lainjM? are used, each lamp will 
take about 1 watt jx;r c.p., and the number of watts required will 
bo 960, or .96 k.w. At 2 cents j)er k.w.h. and 10 hours jwr day, 
the cost per day will be .96 X 10 X 2 = 19.2 cents; the cost per 
year will bo 365 X 19.2 --- 7008 cents = $70.08 and the saving 
over the carbon lamps will be $219.00 — $7008 = $148.92. 

196 . Cost of Operating a Motor.—Suppose that it is found 
that a certain pulp grinder uses 500 horsepower; what will be the 
cost of operating it by an electric motor? Since 746 watts 
= 1 hor.sepowcr, 500 hoi’scpower = 746 X 500 = 373,000 watts 
= 373 k.w. If the motor has an efficiency of 90%, the input to 
the motor must be 373 h- .90 = 415 k.w., nearly. If the jmwer 
charge is 1 cent per k.w.h. and the motor is operated 24 hours 
per day, the cost jhu day will be 415 X 24 X 1 = 9960 cents 
= $99.60 per day. 
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197 . Block Power.—These methods of calculating the cost of 
electric power are employed when rather small amounts of power 
are used. Whenever large amounts of power are required, to be 
used throughout the year, it is customary to sell the power in 
blocks, as it is termed, the unit being the horsepower-year. For 
instance, suppose a mill requires an available maximum of 
2000 horsepower; it might arrange with an electric company to 
pay, say, $26.00 per h.p. per year; the bill would then be $50,000 
per year, since 2000 X 25 = $50,000. The mill would have to 
pay this amount, whether the 2000 h.p. were used all the time or 
whether, as is usually the case, the 2000 h.p. were used only a 
part of the time or even not at fdl. Suppose that the average 
amount of power used all the time throughout tin; year were 1000 
h.p.; this would cost $50,000, as per contract. But at 1 cent 
per k.w.h., assuming the mill to run 300 days per year and 24 
hours per day, the cost would be 1000 X .746 X 24 X 300 X .01 
= $53,712, or $3,712 more. 

If the average horsepower used throughout the year were 
1500, the cost at 1 cent per k.w.h. would be 1500 X .746 X 24 
X 300 X .01 = $80,568, and the saving would then be $30,568. 

198 . The Fixed-and-Meter Rate.—^Another method of buying 
power is by what is called a fixed-and-meter-rate contract. 
The fixed rate is, say, $9 per h.p.-yr., and is designed to cover the 
investment charges on the {wwer hold in reserve for the customer; 
this fixed rate is applied either to the maximum demand or to 
the connected load (combined rating of motors, lamps, etc.); 
the former is generally better for the customer, since most 
plants have more motor capacity than they actually require. 
If, therefore, the maximum demand in the example of the last 
article were, say, 2000 h.p., the fixed charge would be $9 X 2000 
= $18,000 per year. The meter rate is designed to cover the 
generating expenses of the power company; for hydro-electric 
power, this is about 0.7 cents per k.w.h. This may again be 
modified by using a sliding scale, the rate decreasing as consump¬ 
tion of power increases. • If the average load is 1000 h.p., the 
power used would bo at the rate of 1000 X .746 X 24 X 300 
= 5,371,200 k.w.h. per year, or 5371200 ^ 12 = 447,600 k.w.h. per 
month. The meter rate might be, say, 1 cent per k.w.h. for 
the first 100,000 k.w.h. per month, 0.6 cent for the second 100,000 
k.w.h., and 0.3 cent for any amount above 200,000 k.w.h. per 
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month. Under these conditions, the cost of power in the above 
case would be 

Fixed charge, S18,000 12 = $1500.00 per month 

100,000 k.w.h. at 1 cent = 1000.00 per month 

100,000 k.w.h. at 0.6 cent = 600.00 per month 

247.600 k.w.h. at 0.3 cent = 742.80 per month 

447.600 Total = $3842.80 per month 

The total cost under these conditions is $3,842.80 per month, or 
$46,113.60 per year, a saving of 53,712.00 — 46,113.60 = $7,598.40 
per year over the flat rate of 1 cent, but 50,000 — 46,113.60 
= $.3886.40 less per year than under the block power rate, for 
the conditions mentioned. 

If an average! of 1500 horsepower were used throughout the 
year, the average meter rate per month would be 671,400 k.w.h. 
Then, 

Fixed charge $1,500.00 per month 

100,000 k.w.h. at 1 cent = 1000.00 per month 
100,000 k.w.h. at 0.6 cent = 600.00 per month 

471.400 k.w.h. at 0.3 cent = 1414.20 per month 

671.400 Total = $4514.20 per month 

The total cost per month would then be $4514.20, or $.54,170.40 
}X!r year, which is $4170.40 more than under the block power 
rail'. 

If the average horsepower used throughout the year is about 
1240, the cost by either method will be the same; if less than this, 
the fixod-and-meter rate will give a lower total cost, but if greater 
than this, the block-power rate will give a lower total cost. 


EXAMPLES 

1. A 4^1e dynamo armature has 100 conductor segments (60 coils) 

and makes 2000 r.p.m., the cross section of each pole piece is 120 sq. in. 
and the average flux density 25,000 lines of force per sq. in. What c.m.f. 
will be geuerated? Am. 200 volts. 

2. Referring to example 1, what will be the strength of the current in 
amp(!reB if the resistance of the circuit (internal and external) is 120 ohms? 

Am. 1% amps. 

3. Wliat is the speed of a (i-[xile synchronous motor on a 60-cycle circuit? 

.4n«. 1200 r.p.m. 
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4. An alternator generates current at 650 volts, which is to be trans¬ 
mitted at 22,000 volts and used on a motor designed for 440 volts. What must 
be the ratio of turns in primary and secondary coils in (o) the step-up trans¬ 
former? (6) in the stop-down transformer? . / (o) 1:40. 

"*■ \ (i>) 1:60. 

6. Allowing for Sundays and holidays, a mill requiring 2000 h.p. on 
full load but taking an average day load of 1600 h.p. is operated 300 
days per year. In addition, 30 h.p. is used all the time (366 days) fur lights, 
fans, etc., and 150 h.p. is required in the finishing room, which runs only 8 
hours a day. What will be the yearly rate at (a) IH cents per k.w.h. for 
power actually used, and (5) at block power rates, 2000 h.p., at $40 per h.p. 
per year? (c) How much is saved per year by the cheapest method of buying ? 

(aj $127,821.13. 

Ann. (6)$80,00a 

(c) $47,821.13. 
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60. The chemical name for water is hydrogen oxide, the 
molecular formula for which is HjO. But oxygen forms another 
and very different compound with hydrogen, called hydrogen 
■peroxide., having a moleculai’ formula of HjOj, which is a clear,, 
sirupy liquid, having a specific gravity of 1.458, that of water 
Ixiiiig 1; it is usually obtaiiu^d as a solution in water. Hydrogen 
{)croxide (sometimes called hydrogen dioxide) is a very unstable 
com|)ound, a very slight heating being sufficient to release the 
extra atom of oxygen, causing the peroxide to reduce to water 
and oxygen The atoms of oxygon thus frcc<l are in a great 
hurry to combine with other atoms to fonii molecules, and 
are said to be in a nascent condition or state, the word nascent 
hero meaning jmt set free, just horn. When atoms are in a 
nascent state, they are far more active in seeking combination 
than at any other time. Consequently, the desire of the oxygen 
atoms in the nascent state to unite with other atoms is so power¬ 
ful that it makes hydrogen peroxide a strong bleaching agent 
and an extremely go(xl germicide. The imion of oxygen with 
another element or compound is called oxidation, and bleaching 
is a process of oxidation, as will be explained later; combustion, 
the rusting of iron, etc. are all processes of oxidation. 

61. Ozone.—Oxygen usually forms molecules consisting of 
two atoms, the molecular formula of which would be Oj; but 
there is a form in which the molecule contains three atoms, the 
molecular formula of which is Oa; o.xygcn in this state is called 
ozone. Ozone in its natural state is a gas of pale blue color, 
and has a characteristic odor; like hydrogen peroxide, it is very 
unstable, the extra atom being easily released, leaving ordinary 
oxygen and the nascent oxygen, which is, as in the case of hydro¬ 
gen peroxide, a strong oxidizing agent, thus making ozone a 
strong bleaching agent, a disinfectant, and germicide. 

62. Oxidation and Reduction.—Oxidation has already been 
defined; it signifies the union of oxygen with some other element 
or compound, the object being to increase the amount of oxygen 
in it or to form a compound containing oxygen. In the case of 
combustion of wood and coal, the oxygen is obtained from 
the air; but in other chemical reactions, the oxygen is usually 
obtained from another compound containing it, in which case, 
the compound losing its oxygen is said to be reduced. The 
principal metals rarely occur in the free state; they are usually 
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combined with oxygen, and are chemicaDy known as oxides. 
When these oxides arc found in considerable quantities, they 
arc called ores. An ore, however, is not necessarily an oxide, 
an ore being any compound containing a metal, which occurs in 
considerable quantity, as, for instance, galena, which is lead 
sulphide, a compound of lead and sulphur. 

Carbon takes oxygen from metallic ores containing it, oxygen 
having a greater liking for the carbon than for the metal. By 
heating the mixed carbon and ore in a phico from which air is 
excluded, the oxygen of the ore combines with the carlmn, the 
carbon is oxidized, and the ore is reduced, leaving the metal free. 
This process is called reduction. Oxidation and reduction are 
exactly opposite processes; in almost every case, the reduction of 
one compound is brought alwul by the oxidation of another. When 
the object of the process is to oxidize an element or compound, the 
reduction part is not considered, and the process is called oxida¬ 
tion; but if the object is to get rid of the oxygen in a compound, 
then the process is called reduction. The materials used to effect 
the oxidation or reduction arc called oxidizing agents and 
reducing agents, respectively. 

63. Nitrogen.—Nitrogen, the other chief constituent of the air, 
is a strange acting element. Though it forms nearly 80 per cent 
(by volume) of the air, it is only with great difficulty that it can 
be obtained from the air in a form available for use in industry 
and for food. Yet no plant or animal can live without nitrogen. 

A certain family of plants known as legumes, of which beans 
and peas are the most common varieties, have the power of 
taking nitrogen directly from the air and storing it in the seed, 
plant, and roots; but other plants must get it from the soil. The 
manure of animals and decaying animal and vegetable matter 
give up nitrogen as a compound with hydrogen, which is known 
as a mm onia. Up to quite recent times, these and the nitrate beds 
of Chili were the chief sources of available nitrogen. In the last 
few years, by moans of the electric current, nitrogen compounds 
have been produced directly from the air, with the result that 
great plants have been erected to manufacture nitrogen com¬ 
pounds from the free nitrogen of the atmosphere. 

64. As nitrogen compounds are essential to the making of 
explosives the manufacture of these compounds received a great 
impetus during the war; they are also extremely important in 
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agriculture, being the most expensive ingredient in fertilizers. 
Nitrogen compounds are now obtained in large quantities by 
means of calcium carbide, a compound of calcium and carbon, 
Catls, which has a great attraction for nitrogen at a certain stage 
of its manufacture and absorbs a large amount of that element 
when cooling. The resulting compound is called calcium 
cymuimide., (’aNjC. 

66. Nitrocellulose.—As pixsviously mentioned, there aie five 
oxides of nitrogen; several of these form the basis of explosives 
used in war and industry. When properly prevailed upon, the 
nitrogen atom can climb into the molecule of a well-behaved 
substance, like paptir, which is chiefly cellulose, and taking with 
it a little more oxygen, the result is nitrocellulose—a smokeless 
gunpowder. A better quality is obtained when cotton is used 
instesid of wood cellulose. Cellulose so treated is said to be 
nilrakd. See Art. 221. 

Nitrated cellulo.se is made by immersing cotton or other ccllu- 
lo.se in a mixture of nitric and sulphuric acids; it does not lose 
its fibrous appearance, and the acid may be washed out with 
water. When dry, the nitrocellulose may be dissolved in a 
mixture of alcohol and ether. When this solution is poured out 
on a flat surface and the alcohol-ether evaporated, a colorless 
film called collodion is produced, which is insoluble in water 
and is used by the photographer as a medium for his sensitized 
solutions on plates and films. 

A form of artificial silk is prepared by forcing the alcohol-ether 
solution of nitrocellulose through fine orifices into cither water 
or warm air, thus removing the volatile solvent and producing 
fine threads, which are denitrated, so as to be non-explosive and 
less combustible. 

Nitrogen is the basis of two very important compounds that 
are exact opposites from a chemical standpoint; these are nitric 
aciid and ammonia, and they are typical of two great classes of 
compounds—acids and bases—to which attention must now be 
given. 


CHEMICAL EQUATIONS 

66. In order to show with more or less accuracy just what 
happens as the result of a chemical reaction, what arc called 
chemical equations are employed. For example, in Experiment 
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2, it was shown that the union of zinc with sulphuric acid pro¬ 
duced hydrogen. The chemical equation expressing this reaction 
is written as follows: 

HjSOi + Zn = ZnSO^ + Hj 

That part on the left of the sign of equality represents the con¬ 
ditions before the reaction, and the part on the right represents 
the conditions after the reaction. The equation shows, in this 
case, that the zinc unites with the sulphuric acid and the result 
of the reaction is free hydrogen and a compound called zinc 
sulphate, ZnS 04 . It will be noted that the zinc and the hydro¬ 
gen have exchanged places, the zinc being free before the reac¬ 
tion and the hydrogen being free after the reaction. 

In every chemical equation, no matter how simple or how 
complicated it may be, there must be the same number of atoms on 
one side of the sign of eguality as are on the other side; and there 
must be the same number of atoms in exieh element concerned in tiie 
reaction on both sides. This follows at once from the theory that 
an atom cannot be divided or destroyed. In the above equation, 
there are 8 atoms on one side and 8 atoms on the other side; there 
are also 2 atoms of hydrogen, 1 of sulphur, 4 of oxygen, and 1 of 
zinc on one side and the same number respectively on the other. 
This fact affords a sure way of checking the correctness of the 
equation, mistakes often being made, principally through care- 
le.ssnc88, in writing the right-hand side of the equation. Since 
the number of atoms on the two sides is equal, it follows that the 
sum of the atomic weights of the elements on one side must equal 
a similar sum on the other side. Thus, in the above equation, 
the sum of the atomic weights on the left side is 2 X 1 + 32 
■f 4 X 16 -I- 65.4 = 163.4, and this equals 65.4 H- 32 -f 4 X 16 
-1-2X1. Ordinarily, this would be expressed thus: 

HsSOi + Zn = ZnSOi -f Hz 
98 65.4 161.4 2 

As another simple example of a reaction, consider the following 
equation, which shows the reaction between calcium oxide (lime) 
and sulphuric acid 

CaO -1- HjSOi = CaSOi + HjO 
56 98 136 18 

Here the calcium and hydrogen trade places, the result of the 
reaction being water and a compound called calcium sulphate. 
Also, 56 -h 98 = 136 + 18 = 154. 
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The reaction that occurs when calcium phosphate, Ca 3 (POi)j, 
is heated in contact with silica, SiOs, is shown by the equation 

Ca 3 (P 04 )j + SSiOj = SCaSiO, + PjOs 
310 180.9 348.9 142 

The result of the reaction is calcium silicate and phosphoric 
anhydride, PjOs. Notice that 310 + 180.9 = 490.9 = 348.9 
+ 142; also, on the left side of the equation, there arc 3 atoms of 
calcium, 2X1=2 atoms of piiosphorus, 2X4 + 3X2 = 14 
atoms of oxygen, and 3 atoms of sih’con, and it will be found that 
there are the same number of atoms of the same kinds on the 
right side. The total number of atoms on either side is 3 + (1 
+ 4)2 + 3(1 + 2) = 22 = 3(1 + 1 + 3) + 2 + 5. 

QUESTIONS 

(1) Using the atomic weight given in the tabic at the end of this Part, 

find the percentage of each element in a molecule of calcium bisulphite, 
CnH,(80.b. Ca,19.81% 

Ann. H, 1.00% 
8, 31.72% 
0,47.47% 

(2) What is (a) the authority for a chemical law ? (/i) IIow does a law 
differ from a hypothesis? 

(3) (u) Wliat law states that 40 pounds of calcium will combine with 16 
pounds of oxygen? (h) How can this bo proveil? 

(4) If the valence of oxygen is 2 and two atoms of oxygen combine with 
one atom of sulphur to form sulphur dioxide SOs, what is the valence of 
s\ilphur in this compound? What is the valence of sulphur in TLS? in SOJ 

ACIDS, BASES, AND SALTS 

67 Metals and Non-metals.—In actiordance with their 
physical and chemical properties, the elements are classified as 
metals and non-metals. In some cases, the distinction is not 
very sharp, because in accordance with some of its properties, an 
element would ordinarily be called, say, a metal, while by reason 
of certain other properties, it would be called a non-metal. 
Arsenic and antimony, for example, are elements of this kind; 
they are closely related chemically, and will here be regarded as 
metals. Although mercury is a liquid at ordinary temperatures, 
it Ls nevertheless, always considered to be a metal. 

Elements that are generally regarded as non-metals are: boron. 
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bromine, carbon, chlorine, fluorine, hydrogen, iodine, nitrogen, 
oxygen, phosphorus, selenium, silicon, sulphur, and tellurium; to 
this class also belong the five rare gases of the atmosphere— 
argon, neon, hdium, krypton, and xenon. Those elements 
(including the last five) whoso names are printed in Italics are 
gases at ordinary temperatures. All the other elements may be 
considered to be metals. 

68. Adds.—The word acid is derived from the Latin and means 
sour; in fact, nearly all acids have a decid(!dly sour taste, whicih 
is one of their distinguishing characteristics. The sour taste of 
vinegar and lemon juice, for example, is due to the presence of 
acetic acid and citric acid, respectively. 

Another characteristic feature of an acid is that if a strip of 
blue litmus paper be dipped into an acid or, in some cases, its 
solution, its color is changed from blue to red; for this reason, 
litmus paper is called an indicator. If dipped into concentrated 
(undilutc) sulphuric acid, it will turn black, because, as previously 
stated, sulphuric acid has a great liking for water; it therefore 
' takes the water out of the paper and turns its color black. But 
if the acid be diluted with water, it turns the blue litmus red. 

69. Bases.—A base is the chemical opposite of an acid; those 
bases that are soluble in water are called alkalies, and solutions 
of alkalis have a soapy taste. Ordinary washing soda, commonly 
called sal-soda, when dissolved in water, will be found to have a 
soapy taste. The soapy taste is a distinguishing characteristic 
of alkaline solutions. 

A second characteristic of soluble bases is that after a strip of 
blue litmus paper has been turned red by an acid, it may be 
turned back to its original blue color by dipping it into an alkaline 
solution. 

Any solution that turns blue litmus red is either an acid or is 
partly acid; and any solution that turns red litmus blue is either 
a base or is partly basic. 

Some bases are powerful and corrosive, with very decided 
chemical properties, while others arc not so definitely marked. 
Soda NaOH, (also called sodium hydroxide, sodium hydrate, but 
commonly caustic soda), potash, KOH, (also called potassinm 
hydroxide, potassium hydrate, but commonly caustic potash), and 
ammonium hydroxide, NH4OH, (also called ammonium hydrate) 
are well-known and powerful bases, as is also ordinary household 
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ammonia, which is a solution of ammonia gas in water. Lime, 
CaO, is a strong base, but is not readily soluble in water, and so 
does not readily exhibit its basic properties; magnesia, MgO, is a 
similar base. These two compounds belong to the class known 
as the alkaline earths. 

All bases are either oxides or hydrates of a metal, a hydrate 
being a compound that contains the combination OH (called 
hydroxyl). The alkaline hydrates as NaOH, KOH, etc. are 
frequently called hydroxides (see last paragraph). 

60. Chemical Definition of Acid.—Here are three acids: 
Chemical Name Common Name 

Hydrochloric aci<l HCl Muriatic acid 
Nitric acid HNOs Aqua fortis 

Sulphuric acid HjSO* Oil of vitriol 

Note first that all these acids contain hydrogen; a great many 
other compounds contain hydrogen, but there is something about 
tin' hydrogen of acids that is quite distinctive, as will presently 
appear. 

In experiment 2, zinc was treated with sulphuric acid, and 
hydrogen was given off as a free gas; the same effect is produced 
when zinc is treated with either of the other two acids just 
mentioned, the reactions in all three cases being indicated in the 
following equations: 

Hs 8 O 4 + Zn = ZnSOi + Hj 

98 65.4 161.4 2 

2HC1 + Zn = ZnClj + Hj 
73 65.4 136.4 2 

2 HNO 3 + Zn = Zn(N 03)2 + Hj 

126 65.4 189.4 2 

It will he remembered that hydrogen has only one bond (its 
valence is always 1 ); zinc ordinarily has two bonds (its valence 
is 2 ), Now when a dyad and a monad come together chemi¬ 
cally, each bond of the dyad must take hold of a monad or it 
must hold the same amount as two monad atoms. In the first 
of the above equations, there are two atoms of hydrogen, and 
they hold the combination SO 4 (called a radical); consequently, 
one atom of zinc will hold the same radical. In the second 
equation, there is only one atom of hydrogen in the acid mole¬ 
cule, and it holds the radical Cl; but zinc holds and must have 
twice as much as the one hydrogen atom, and consequently. 



§3 


THEORETICAIi CHEMISTRY 


49 


there must be two molecules of the acid and the zinc must have 
two of the radicals. The same is true of the third equation, the 
radical in this case being NOj. 

Referring again to the first equation, if an unlimited amount of 
sulphuric acid (mixed with some water) were available for com¬ 
bination with 05.4 g. of zinc, the reaction would use only 98 
grams of the acid, and only 161.4 grams of zinc sulphate would 
be formetl (see Art. 42); and if 98 g. of the acid and an unlimited 
amount of zinc were available, the reaction would use only 65.4 
g. of zinc, and the amount of zinc sulphate formed would be 
161.4 g. 

Referring again to the second equation, if an unlimited amount 
of hydrochloric acid were available and only 65.4 g. of zinc, only 
73 g. of the acid would be \ised, and only 136.4 g. of zinc chloride 
would be formed; or, if an unlimited amount of zinc were avail¬ 
able and only 73 g. of the acid, only 65.4 g. of the zinc would be 
used, and only 136.4 g. of zinc chloride would be formed. 

61. It will now be seen that although a molecule cannot be 
weighed, the results of a chemical niaction can be predict(‘d and 
desired results obtained by using weights of material in projwrtion 
to their molecular weights; whence the term gram molecule, 
which is the number of grams of a compound or element equal 
to the molecular weight of a molecule of that compound or 
element. Thus, a gram molecule of sulphuric acid is 98 g. of 
sulphuric acid, a gram molecule of zinc chloride is 136.4 g. of 
zinc chloride, etc. In the case of an element, a gram molecule 
is the number of grams equal to the atomic weight of the element; 
thus, a gram molecule of zinc is 65.4 grams of zinc. 

What is called the gram molecular volume is the volume 
occupied by a gram molecule of any gas under standard con¬ 
ditions (0“C. and 760 mm.); it is always 22.4 liters. Conse¬ 
quently, if the weight in grams of 22.4 liters of any gas 
(under standard conditions) be found, the result will be the 
molecular weight of the gas. The constant 22.4 is determined 
as follows: a molecule of oxygen contains 2 atoms; hence, a 
gram molecule of oxygen weighs 32 grams. Since 1 liter of 
oxygen weighs 1.429 grams under standard conditions, 32 grams 
will occupy 32 -5- 1.429 = 22.39-t-, say 22.4 liters = 22,400 c.c. 
Hence, by Avogadro’s law, 1 gram molecide of any gas under 
standard conditions will always occupy a volume of 22.4 1. 
= 22,400 c.c. 
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Equation two of the last article shows that it is necessary to 
use 2 gram molecules of hydrochloric acid to combine with 1 
gram molecule of zinc (or this proportion must be used) if all 
the acid and zinc is used up in the reaction. If only 1 gram 
molecule of the acid be available to 1 gram molecule of zinc, only 
half the zinc will be used and only half as much zinc chloride will 
bo formed. Plumbers add zinc to hydrochloric acid until all 
action ceases, that is, imtil no more hydrogen gas bubbles up; 
they then say that the acid is “killed,” which is a good term to 
use, because the acid has then lost the characteristics of an acid. 
The term used by chemists to express the same idea is neutralize, 
that is, they would say that the acid has been neutralized. This 
term will be explained more fully later. 

62. The most important part of an acid is its hydrogen, an 
element that every acid must contain. Moreover, this hydrogen 
must be so attached to its radical (radical comes from a Latin 
word meaning root) that it can be replaced by a metal during a 
chemical reaction. The metal itself may be an element, as in 
the equations of Art. 60, or it may be the metal element in a 
base, as in NaOH, in which Na is the metal and OH is the radical 
of the base. An acid may therefore be defined as a chemical 
compound containing hydrogen, provided the hydrogen is capable 
of being replaced by a metal, or by a group of elements acting like 
a metal, during a chemical reaction. For convenience, it is 
(mstomary to refer to the two parts into which an acid or base is 
divided as ions. In the case of an acid, the hydrogen is one ion 
and the radical is the other ion; in the case of a base, the metal 
is one ion and the radical is the other ion. One ion is considered 
to be electropositive and the other electronegative, hydrogen and 
the metal ions being jxjsitive and the radicals negative. This 
matter is mentioned because it has to do with why things dis¬ 
solve and why electric currents make bleach out of salt; it will 
be discussed more fully later. 

63. Anhydrides.—When sulphiuic acid is heated to boiling, a 
dense, white, choking fume is given off; this is sulphuric anhyd¬ 
ride, SO3, which means sulphuric acid without water. In the 
word anhydride, an means without and hydride refers to water. 
The chemical reaction may be expressed by the equation 

HjSOi - H,0 = SO, 

In fact the formula for sulphuric acid might be written SOj-HjO 
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or SOj(HjO); in either ca«e, removing the water leaves the 
anhydride. 

In this connection, it may be remarked that a very important 
acid, carbonic acid, has never been isolated; its formula would be 
H2CO3, but every attempt to produce it results only in its 
anhydride COj, the hypothetical reaction being expressed by the 
equation 

H2CO, - H2O = COj 

What is ordinarily called carbonic acid is carbonic anhydride, 
which is also frequently and correctly called carbon dioxide. 
Many acids form anhydrides, but a few cannot. Hydrochloric 
acid, for instance, cannot form an anhydride, because it has 
only one hydrogen atom and no oxygen. 

64. Alkalis.—Consider the three following compounds: 

Ammonium hydroxide, NHiOH, commonly called ammonia. 

Sodium hydroxide, NaOH, commonly called caustic soda or 
soda lye. 

Potassium hydroxide, KOH, commonly called caustic potash 
or potash lye. 

These are all soluble basra, have a soapy taste, and are called 
alkalis. Their peculiar properties arc involved in the common 
possession of the radical OH, which Is called hydroxyl, and the 
three compounds belong to what is known as the hydroxyl group; 
the hydroxyl radical is as much a characteristic of this group as 
the hydrogen ion is of the acid group. 

It wiU be recalled that hydrogen has only one bond while 
oxygen has two; hence, in a combination of 1 atom of hydrogen 
and 1 atom of oxygen, one of the oxygen bonds of the hydroxyl 
will hold the hydrogen and the other will be free to take hold of 
anything within reach. As a consequence, the chemical activity 
of the hydroxyl radical does not lie in the hydrogen, but in the 
oxygen. This is fair arithmetic, but rough chemistry; still, it 
explains in a general way why the hydroxyl is so active. To sum 
up, the alkalis have activities incidental to the hydroxyl; the 
acids have activitira incidental to the hydrogen. 

When acids and alkalis meet, there is more or less excitement— 
in some cases, a regular riot—^and much energy is released in 
the form of heat; for instance, when sulphuric acid is added to a 
strong soda solution. Again, when sulphuric acid (dilute) is 
brought into contact with the element sodium, the reaction is so 
violent that an explosion takes place. 
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66. Sodium; Symbol, Na; Atomic Weight, 23.—Sodium is a 
inotal—a base; it is very soft, like wax, and its density is less than 
that of water. Air affects it rapidly, the oxygen uniting with it 
to form an oxide; (ionsequcntly, it can be kept only when im¬ 
mersed in a liquid that does not contain oxygen, such as petro¬ 
leum or kerosene. When sodium is brought into contact with 
water, there is an immediate reaction, 

Na + HjO = NaOH -|- H 

which results in the formation of sodium hydroxide and free 
hydrogen. The action is so violent and the heat so intense 
(especially if the water is hot) that the hydrogen is ignited as fast 
as produced; the sodium is melted, and it floats like a ball of 
orange fire on the surface of the water. This makes a striking 
experiment; but only a small piece of sodium, about the size of a 
little pea, should bo used and great care should be exercised, 
since, otherwise, troublesome bums may be caused or particles 
may sputter into the face and eyes. (Note the similarity in 
results of the sodium on water and an acid on a metal, as zinc; in 
both cases, hydrogen is given off). After the sodium has dis¬ 
appeared, the water will have a soapy taste, containing sodium 
hydroxide in solution, and will turn red litmus paper blue. 

The chief source of the sodium compounds is common salt, or 
sodium chloride, NaCl, which is found in many parts of the world 
as rock salt, and is present in the ocean in unlimited quantities. 
Some of the sodium compounds arc of great importance in paper 
making, and will be discussed later in connection with their 
application. 

66. Potassium; Symbol, K; Atomic Weight, 39.1.—Potassium 
is a metal that resembles sodium very closely in its physical and 
chemical properties. It combines with water in a manner similar 
to sodium, but the flame has a lilac instead of an orange color. 

In some chemical reactions in industrial work, sodium or 
potassium compounds may be used interchangeably; the sodium 
comfKmnds are preferred, however, because they are cheaper. 
Advantage was taken of this fact during the late war, when 
sodium compounds were frequently substituted for the pota^ium 
ones formerly used. The cltief source of potassium compounds is 
from the immense deposits of potash found in Germany, practi¬ 
cally all the potash in commercial use coming from this supply. 
A mineral called feldsp«,r, which is also quite common, contains 
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potassium compounds; but as the mineral is not soluble in water, 
the potash can be obtained only by expensive, indirect means. 
The potash minerals obtained from the German deposits are 
soluble in water; hence, they may be dissolved and may then be 
purified by crystallisation. Potash is one of the three principal 
inKredients of fertilizers, the other two being a nitrogen compound, 
and phosphoric acid. 

67. Soaps.—Soaps are made by causing an alkali, as soda or 
potash, to combine with fata, which arc really acids (though of a 
morn complex character than any so far discussed), and have 
hydrogen atoms that behave in the same way .os the hydrogen 
ions of the simple acids. It may here be stated that sodium 
produces the so-called “hard soaps,” while potassium produces 
the “ st)ft soaps.” 

Palmitic acid is found in palm oil, and is a vegetable fatty acid; 
it forms sodium or potas.sium palmitatc soap—a soap that floats 
on water. The basis of castilc soap is olive oil. The animal 
fats contain stearic and oleic acids, and the greater part of the 
ordinary soap of commerce is produced from the non-cdible fats 
of the slaughter houses. See Art. 216. 

Rosin consists chiefly of abiotic acid (Art. 42); consequently, 
when rosin and soda are heated together, a rosin soap is formed. 
This soap is soluble in water, and is the basis of rosin size. The 
old brown size used in earlier rosin sizing was completely neutral¬ 
ized rosin. In addition to the rosin soap, the sizes now in use 
contain a large amount of imcombined rosin acid, which is held 
in suspension by the soap. This white size milk, in which free 
(uncombined) rosin is held in suspension, is a good example of a 
class of mixtures called emulsions. When properly made, the 
particles of rosin arc so very small that the liquid is practically a 
solution. An emulsion is a suspension (non-settling mixture) of 
very small liquid or solid particles in a liquid which does not 
dissolve them. By prolonged and violent shaking, for example, 
oil and vinegar may be so mixed that they will not afterwards 
separate. The result is not a true mixture, but an emulsion. 
Soaps greatly assist in the formation of emulsions. 

Lime, which is found in greater or less amounts in all mill- 
supply waters, forms lime soaps with rosin; as these soaps are 
insoluble, some of the rosin is lost (insofar as sizing is concerned) 
when it comes into contact with "hard” waters. The sizing of 
paper is fully explained in a subsequent Section. 
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68 . Ammonium; Symbol, NH 4 ; Molecular Weight, 18.042.— 

This is the queer member of the alkali family; it is not an element, 
but a pair of elements—an ill-assorted pair. It will be recalled 
that nitrogen is inert until compelled to combine by indirect 
means. In ammonium, four atoms of hydrogen are attached to 
one atom of nitrogen, but this strange partnership is found only 
in company with other elements. If any attempt be made to 
isolate ammonium as NH 4 , the result is sure to be a gas having 
the moleculm- formula NHj, called ammonia. The other hydro¬ 
gen atom is set free, and these free atoms unite to form molecules 
of hydrogen. Yet the combination NHi can be bandied about 
considerably, so long as other groups of elements, or even single 
elements, are available, acting in this respect just like a metal. 
For example, take ammonium hydroxide and add to it dilute 
nitric acid or hydrochloric acid; the reactions arc shown by the 
following equations: 


(NH,)OH 

-)- HNOa = 

(NH4)N0, 

+ 

HOH( = HjO) 

Ammonium 

nitric acid 

ammonium 


water 

hydroxide 


nitrate 



(NH4)()H 

-1- HCl 

(NH4)C1 

+ 

HOH 

Ammonium 

hydrochloric 

ammonium 


water 

hydroxide 

acid 

chloride 



Compare these with: 




NaOH 

+ UNO, = 

NaNO,, 

+ 

HOH 

Sodium 

nitric 

sodium 


water 

hydroxide 

acid 

nitrate 



NaOH 

•f HCl 

NaCl 

+ 

HOH 

Sodium 

hydrochloric 

sodium 


water 

hydroxide 

acid 

chloride 




Observe that the group NH 4 replaces the hydrogen of the acid in 
the same manner that the sodium element replaces it. In fact, 
the chemical action of ammonium is so much like that of a metal 
that it is sometimes called a hypothetical metaL A reason will 
now be seen for writing the molecular formula for ammonium 
hydroxide as (NH4)OH instead of NHtO or HbNO, because when 
a chemical combination takes place, the groups NH4 and OH 
separate from each other and combine as groups and not as 
separate atoms. 

69. Until recently, the chief source of ammonium compounds 
was from decaying animal matter containing nitrogen or from 
coal as an incident to the production of coal gas. If the top of a 
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manure pile or compost heap be removed, fumes will be seen com¬ 
ing off and a strong scent of ammonia will be observed. At the 
present time, ammonia is produced commercially from the nitro¬ 
gen of the air by action of the electric current and, also, by the 
cyanamide process previously referred to. In either case, other 
compounds are produced first, and the ammonia is obtained from 
them by various processes. 

70. When compounds are built up from their elements or from 
other compounds, the process is called synthesis, and the com¬ 
pound is said to be produced synthetically or by a synthetic 
process; but when a compound is produced by tearing apart 
another compound, the process is called analysis, and the com¬ 
pound is said to be produced analytically or by an analytic 
process. Consequently, the production of ammonia, nitric acid, 
etc., from the air is a synthetic process, while the production of 
hydrogen from water or by the combination of a dilute acid and 
zinc is an analytic prociess. 

71. Salts.—When an acid and a base combine chemically, the 
result is a salt and water; this is indicated in the following 
equation: 

HNO, -I- NaOH = NaNO, -|- HjO 
acid base salt water 

When hydrochloric acid acts upon soda (sodium carbonate), 
the result is expressed by the equation 

NasCOs 4- 2HC1 = 2NaCl -!- COj + HjO 

Here the sodium carbonate acts like a base, the sodium replac¬ 
ing the hydrogen of the acid. In this case, there are three prod¬ 
ucts of the combination, which are: common salt, NaCl, carbon 
dioxide or carbonic anhydride, CO 2 , and water, HsO. The 
action of zinc on dilute sulphuric acid gives 
HsSOi -I- Zn = ZnSO* + H, 

and the zinc sulphate thus formed is a salt, the zinc acting as a 
base. In general, it may be stated that o salt is a compound 
derived from an acid through the replacement of the whole or a part 
of the hydrogen of the acid by a metal or by a group of elements that 
act as a metal. When the word salt is used without any qualifi¬ 
cation, sodium chloride (common salt) is always meant. 

72. It may be mentioned that the term sal is sometimes used 
instead of salt. Thus, sal soda means salt of soda, a common 
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name for washinR soda (sodium carbonate); sd ammoniac 
means salt of ammonia, and is a common name for ammonium 
chloride (NIL)( ' 1 ; sd volatile means volatile salt, and is a common 
name for ammonium carbonate, the basis of smelling salts. 

73. When an acid, like sulphuric acid, H 2 SO 4 , for example, 
has two or more hydrogen atoms, it is possible to have two or 
more different salts, according as a part or all of the hydrogen is 
replaced by the metal. When all the hydrogen is replaced with 
a metal, the acid is said to be neutralized, and the salt is called 
a normal or neutral salt; thus, the salts formed in the equations 
of the liist article are all normal or neutral salts. When only a 
part of the hydrogen is replaced, a salt Ls formed that retains 
acid properties; these salts are termed acid salts, their solutions 
will turn blue litmus red, and their names contain the prefix bi. 
A well known example is baking soda, properly called bicarbonate 
of soda or sodium bicarbonate. The molecular formula for 
washing soda (sodium carbonate) is NajCOs, while the formula 
for baking soda (sodium bicarbonate) is NaHCOa. Note that 
ill the former, both atoms of hydrogen in carbonic acid, HjCOa, 
have been replaced by the sodium, but in the latter, only one 
atom of hydrogen has been replaced; note also that both mole¬ 
cules contain the same number of atoms and the same railical 
CO 3 . Baking soda is also frequently called saleraius. Baking 
powder is a mixture of two acid salts—bicarbonate of soda and 
bitartrate of potash. Another acid salt, one that is familiar 
to sulphite mill men, is calcium bisulphite, Ca(HSOs)!. 

Phosphoric acid, HaPO*, has three hydrogen atoms, and it 
forms three salts with monad metals, as follows when sodium is 
the metal used: 

NaaPOi Trisodium phosphate, or normal sodium 
phosphate 

NaaHPOi Disodium phosphate, or monohydrogen- 
sodium phosphate 

NallaPOi Monosodium phosphate, or dihydrogen- 
sodium phosphate 

Note that in the first salt, all the hydrogen has been replaced 
by the sodium; in the second, two atoms of hydrogen have been 
replaced; and in the third, only one atom of hydrogen has been 
replaced by the sodium. The prefix di has the same meaning 
as bi. 
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Sometimes the hydrogen is replaced by two different metals; 
thus, calling ammonium a metal, the compoimd called sodium- 
ammonium-hydrogen phosphate has the molecular formula 
Na(NH 4 )HP 04 , ammonium-magnesium orthophosphate has the 
formula Mg(NH 4 )P 04 , and sodium-potassium carbonate has the 
formula NaKCOj. The last formula is justified because the 
radical COj requires cither a dyad or two monad atoms, and 
potassium and sodium are both monads. Salts of this kind are 
called double salts. 

74. The Alums.—One series of double salts, called the alums, 
is quite important in dyeing and was formerly used for sizing; 
they arc sulphate.s of aluminum with sodium, potassium, or 
ammonium, as follows: potassium alum (common alum), other¬ 
wise called aluminum-potassium sulphate, has the formula 
Al2(S04)3-K2S04-24Hj0; sodium alum, otherwise called alumi¬ 
num-sodium sulphate, has the formula Al 3 (S() 4 )a Na2S04-24H20; 
and ammonium alum, otherwise called aluminum-ammonium .sul¬ 
phate, has the formula Al2(S()4)3-(NH4)2S04-24H20. There are 
other alums, but these arc the most important. Papermaker’s 
alum, aluminum sulphate, is not really an alum, in the proper 
sense, though in use, its properties are similar, and it is cheaper. 

Aluminum is a triad (it has three bonds); hence, one atom of 
aluminum cannot combine with one atom of oxygen, which is a 
dyad and has only two bonds. It is therefore necessary to take 
two atoms of aluminum in most cases (thus giving 6 bonds), 
which require 3 atoms of oxygen (giving 3X2 = 6 bonds) or 
6 atoms of hydrogen. An atom of aluminum, therefore, cannot 
replace the hydrogen in a molecule of sulphuric acid, H2SO4, 
wMch would be one hydrogen atom short, or with two molecules, 
which would be one atom too many; consequently, it is necessary 
to use two atoms of aluminum and three molecules of sulphuric 
acid to effect the combination, as shown by the equation 

3H2fl04 + 2 AI + Al2(S04)a + 6H 

When an analysis is made, the percentage of aluminum and of 
sulphuric anhydride, SO 3 , show that the formula is 

correct. 

76. An important property of the alums and Al 2 (S 04 )s is their 
reaction with water. Taking AI2SO4 and water wo have 

Al 2 (S 04)3 + 6 H 2 O = 2 A 1 ( 0 H )3 + 3 H 2 S 0 «. 
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Since H 18 O 4 is a very strong acid, and Al(OH)a is a very weak 
base, the solution of AlafSOila is distinctly acid in character. 
This property is made use of in breaking up a soap, as in pre¬ 
cipitating rosin size, in setting dyestuffs where a weak acid 
reaction is wanted, and in clarifying water, where the cloudlike 
structure of the aluminum hydrate, AlfOII),, which is in¬ 
soluble in the presence of a little lime, catches impurities and 
carries them down in settling. In coloring paper, this aluminum 
hydrate A1(()H)3 adheres firmly to the fibers, and attaches to 
them the insoluble color comi)ounds it makes with many dyestuffs. 
Such compounds are called lakes. 


QUESTIONS 

(1) How much NaOH by weight will be rn(|iiiroil to neutralize 2.5 grama 

of SOj as HjSOj? Am. 31.25 grams. 

(2) What is (a) the composition of air? (t) is it a definite chemical com¬ 
pound? (r) can you prove this? 

(3) Wliat is (o) a gram molecule? (t) what is the weight of a gram 
molecule of Bo<lium chloride (common salt}? 

(4) Why docs alum give an aciil reaction? 

(5) If the liberation of hydrogen is characteristic of acids, how is it that 
sodium, a strong base, liberates hydrogen when sodiimi is in contact with 
water? 
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LIST OF ELEMENTS, THEIR SYMBOLS AND ATOMIC WEIGHTS 
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■ 
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Element 
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Wmght 

Alumiaum. 

Al 

27.1 

Molybdenum.... 

Mo 

90.0 


Sb 

120.2 
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Nd 

144.3 


A 

39.88 

Neon. 

Ne 

20.2 



74.96 



68.08 


Ba 

137.37 



222.4 


Bi 

208.0 



14.01 


B 

11.0 

OHniiuiu. 


190.9 


Br 

79.92 

OxvRcn. 


16 


Cd 

112.40 

Palladium. 


106.7 


Cs 

132,81 

Pliospborous. 


31.04 


Ca 

40.07 

Platinum. 

Ft 

195.2 


C 

12,00 

Potassium. 

K 

39.10 

Ceriuln. 

Ce 

140.25 

ftascodymium .. 

lY 

140.6 


Cl 

35.46 

Hadium. 

Ra 

226.4 


Cr 

52.00 

Rbodium. 

Rh 

102.9 


Co 

.58.97 

Rubidium. 

Rb 

85.45 


Ch 

93 5 

Ruthenium. 

Ru 

101.7 



(>3.57 

Samarium. 

8a 

150.4 

Dyaprosium. 

ny 

102.5 

S(!aiidium. 

Sc 

44.1 



167.7 

Selenium. 

Se 

79.2 



152.0 

Silicon. 

Si 

28.3 

Fluorine. 

F 

19 0 

Silver. 

Ag 

107.88 

Gadolinium. 

Gd 

157.3 

Sodium. 

Na 

23.00 


Ga 

69 9 

Strontium. 

Sr 

87.63 


Oc 

72.5 

Sulphur. 

S 

32.07 


01 

9.1 

Tantalum. 

'I'a 

181.6 



197.2 

Tellurium. 

Te 

127.5 


He 

3.99 

Terbium. 

Tb 

169.2 


Ho 

163.5 

Thallium. 

T1 

204.0 


H 

1 008 

Thorium. 

Th 

232.4 



114.8 

Thulium. 

Tm 

168.5 


1 

126.92 

Tin. 

Sn 

119.0 


Ir 

193.1 

Titanium. 

Ti 

48.1 


Fe 

65 84 

Tungsten. 

W 

184.0 


Kr 

82.92 

Uranium. 

U 

238.5 


La 

139.0 

Vanadium. 

V 

61.0 


Pb 

207,10 

Xenon. 

Xe 

130.2 


Li 

6.94 

ytterbium. 

Yl> 

172.0 



174.0 

Yttrium. 

Yt 

89,0 


Mar 

24.32 

Zinc. 

Zn 

65.37 

Manganese. 

Mn 

64.93 

Zirconium. 

Zr 

90.8 


Hit 

200.6 
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ELEMENTS OF CHEMISTRY 

PART 1 


EXAMINATION QUESTIONS 

(1) How would you describe alum and salt, using sight and 
taste? 

(2) What is the difference between a chemical change and a 
physical change? 

(3) What are (a) the properties of water? (6) the chemical 
components of water? 

(4) How can iron oxide be used to confirm the composition of 
water? 

(5) What successive reactions take place in quicklime that is 
stored in a moist atmosphere exposed to chimney gase^? 

(6) How many pounds of calcium carbonate can be produced 

from 56 pounds of quicklime? Ans. 100 lb. 

(7) What effect does (o) “hard” water have on rosin sissc? 
(fe) on steam boilers? (c) what is the difference between 
“temporary” and “permanent” hardness? 

(8) What is the difference between elements and compounds? 

(9) If 24 pounds of sodium were treated with 35.5 pounds of 
chlorine, why would a pound of sodium be left over? How 
many grams of salt can be produced with 10 grams of sodium? 

Ans. 25.4 + grams. 

(10) What do you imdcrstand by atomic weight? 

(11) What do you understand by (a) the law of definite 
proportions? (6) the law of multiple proportions? 

(12) Why is oxygen more active chemically when just liberated 
from hydrogen peroxide (or from bleaching powder solution)? 

(13) What is meant when it is stated that carbon is a reducing 
agent? Name two other reducing agents, and two oxidizing 
agents. 

(14) Of what compounds is a soapy taste characteristic? 
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(15) How would you define (o) an acid? (6) a base? (c) how 
is litmus paper used to distinguish between acids and bases? 

(16) («) What alkaline compound is called a hypothetical 
metal? (b) show by an equation its likeness to sodium in its 
chemical action. 

(17) What arc soaps? name a soap much used in pa[)cr making. 

(18) What are (a) salts? (6) acid salts? 

(19) Is paper maker’s alum a Irue alum? How does it act 
with water? Name some of its uses. 



ELEMENTS OF CHEMISTRY 

(PART 2) 


PRACTICAL CHEMISTRY 

SULPHUR AND ITS COMPOUNDS 

76. Remark. Enough of the theory has now l)een given to 
permit the discussion of some very important compounds in 
commercial use, and to see how the principles of chemistry 
affect their action and control manufacture. Any additional 
principles and theories can be regarded as incidental. 

There are three processes employed in preparing fibers for 
making paper: 

1. Grinding or other mechanical action 

2. Cooking or digesting 

3. Bleaching 

The first does not require attention at this time, but the other two 
require the application of chemistry and involve a knowledge 
of the properties of several important elements and their com¬ 
pounds, such as sodium (which has already been touched upon), 
sulphur, calcium, magnesium, and chlorine. 

77. Sulphur; Symbol, S; Atomic Weight, 32.07.—Sulphur is 
one of the elements that occurs native; that is, it is found and 
can be obtained in an uncombined state. It differs in this 
respect from the majority of the elements, which can be obtained 
only from compounds. Sulphur is also widely distributed in 
certain compounds, the principal ones being: 

Sulphide of iron, FeSj, called iron pyrites or “fool’s gold,” 
from its color, which resembles gold; 

Sulphide of lead, PbS, called galena; 

Sulphide of copper, CuFeSj, called chalcopyrite or bomite; 

Sulphate of calcium, CaS 04 , called gypsum. 

For making sulphite pulp, the native sulphur is chiefly used, 
the greater part of the supply of which comes from two localities: 
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Sicily and Louisiana. Formerly, the chief source of supply for 
this country was Sicily, but this has been recently superseded 
by the deiwsits of Louisiana. The latter had been known for 
years, but they could not be worked, because they lay deep 
under a stratum of quicksand. A method for getting the 
sulphur out was devised by Dr. Frasch, and may be explained as 
follows: Sulphur melts between 115°C. and 120°C., a little above 
the boiling point of water, and corresponding to the temperature, 
approximately, of steam when the pressure is about 30 lb. per 
sq. in., absolute, about 15 lb. jxt sq. in., gauge. By sinking a 
double pipe, one within the other, through the surface to the 
sulphur and passing superheated water down the outer pipe, 
the sulphur was molted in place and forced up through the inner 
pipe, discharging in a fluid state. The principle was simple, but 
the practical difficulties to be overcome were enormous. Much 
of th(> sulphur used on the Pacific Coast comes from Japan. 

78. Some Properties of Sulphur.—^I'he density of sulphur is 
aboiit twice that of water, its specific gravity varying between 
1.90 and 2.05. Sulphur has the property possessed by several 
of the elements of existing in more than one physical form; this 
is called allotropy. Thus, sulphur does not always crystallize 
in the s.ime form, and these different crj'stalline forms have 
different melting points; this also accoimts for the variation in 
density. When sulphur is heated, it first melts (about 120°C.); 
as the temperature increases, it boils and becomes a vapor. On 
cooling, it does not assume a liquid state, but condenses to a 
powder (solid). Substances that act in this manner, changing 
from a vapor to a |)owder without becoming liquid are said to 
sublime, and the process of thus producing the powder is calle<l 
sublimation. When molten sulphur is quickly cooled, it becomes 
a rubber-like, plastic mass, which gradually hardens; tliis is 
illustrated by the following experiment: 

Experiment 10.—Place about in. of powdered sulphur in a test tube 
and heat slowly to melting, in which state, the sulphur is a pale-yellow, 
mobile liquid. Now raise the temperature, and note that the color changes, 
the liquid becoming dark and viscous. Remove from the source of heat and 
allow the mass to cool slightly; pour it into water and note that on handling 
it appears quite plastic, even when cool. Sulphur in this state is said to be 
amorphous (without form), that is, it has no cty^stallinc form. 

Sublimed sulphui- is commonly called flowers of sulphur, and 
when produced in a pulp mill, it is because of the high temperature 
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in the humor without sufBcient air supply or because the vapors 
cooled so rapidly that they failed to combine with the air. It may 
then deposit in pipes and cause much trouble, which can best 
be avoided by careful and scientific control of burning conditions. 

79. Vulcanizing Rubber.—The pure rubber gum that is ob¬ 
tained by evaporating the sap of certain trees that grow in warm 
countries is not permanently water proof or flexible. Two 
independent workers, Thompson in England and Goodyear in 
the United States, found that sulphur in varying quantities had 
amazing effects on rublwr gum, with the result that products 
could be obtained varying all the way from flexible, elastic tubes 
and sheets to hard substances that could be turned in a lathe and 
could be used for knife handles, combs, and many other things 
of a practical or decorative nature. The process of blending 
sulphur with rubber is called vulcanization, and rubber so treated 
is said to be vulcanized. This term should not be confused with 
the vulcanizing of paper, which will be taken up later. 

80. Oxides of Sulphur.—When investigating the chemical 
properties of an element, one of the general methods is to find 
out how it behaves with oxygen. Burning—or combustion, as 
the word is commonly known—is a case of some substance com¬ 
bining with oxygen. The first step, then, is to ascertain if the 
element burns readily; sulphur docs burn readily—otherwise, 
there would be no sulphite-pulp industry. The next step is 
to find out if it combines with oxygen in more than one propor¬ 
tion. In the case of sulphur, there arc two very important 
oxides: sulphur dioxide, SO 2 , and sulphur trioxide, SO,. These 
oxides are the anhydrides of two very important acids; thus, 
adding a molecule of water to a molecule of the oxides, the result 
may be expressed as 

SOj + HsO = HjSOj, called sulphurous acid 

SOj -t- HjO = HjSOi, called sulphuric acid 

A pause will be made here to consider the subject of how chem¬ 
ical names of compounds are formed, which goes under the rather 
high-sounding title of chemical nomendature. 

81. Chemical Nomenclature.—When two elements unite to 
form a compound, the name of the compound so produced ends 
in ide; in most cases, apart from the oxides, these compounds do 
not contain oxygen. Note the formation of the names of the 
following compounds: 
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Iron sulpludn, FeS; iron disulphide, FeSj; sodium chloride, 
NaCl; carbon disulphide, CSj; calcium carbide, CaC 2 ; silicon 
hydride, SiHi; etc. Note that the ide becomes a part of the 
second or last element; if SiH 4 were written H^Si, it might be 
called hydrogen silicidc. 

The salts of acids that do not contain oxygen end in ide, 
as potassium chloride, KC'l; which is a salt of hydrocliloric 
acid; but when oxygen is present in the acid, its salts end 
in ale or ite. For example, sulphur dioxide unites with water 
to form sulphurous acid, IlsSOa, whose salts are known as 
sulphites; and sulphur trioxide unites with water to form sul¬ 
phuric acid, H 2 SO 4 , whose salts arc known as sulphotes. Note 
that compounds whose names end in ate- always have more 
oxygen than those whose names end in ite. This distinction 
should be kept in mind in connection with the “sulphite” pro¬ 
cess, which uses calcium bisulphite, and the “sulphate” or 
“kraft” process, which uses sodium sulphate. Also keep in 
mind the meaning of the prefixes mon or mono, uni, bi or di, 
etc. as defined in Art. 46. 

The names of acids whose salts end in ite have the termination 
ow, thus, suli)hites are formed from sulphurous acid. The 
names of acids whose salts end in o<e have the termination tc; 
thus, sulphates are fonned from sulphuric acid, and nitrates 
are formed from nitric acid. 

Sometimes there are more than two salts containing oxygen; 
in that case, a change is made at the beginning of the word in¬ 
stead of giving it different endings, as shown in the following 
table; 


Acid Typical salts 


Hydrocliloric acid. 

... HCl 

Potassium chloride. 

.. KOI 

Hvpochlorous acid. 

.... HCIO 

I’Otassium hypochlorite.. 

. KCIO 

Chlorous ncid . 

.... HCIO, 

Potassium chlorite. 

. KCIO, 

Chloric acid. 

.... HCIO., 

Potassium chlorate. 

.. KCIO, 

Perchloric acid. 

.... HCIO4 

Potassium perchlorate.... 

.. KCIO, 


There is no hydrochlorous acid, but there is a chlorous atud, 
and the acid that contains one more oxygen atom than chlorous 
acid is called chloric acid. Since there is another acid contain¬ 
ing one atom less of oxygen than chlorous acid, it is called hypo- 
chlorous acid, the prefix hypo meaning under or less; and since 
there is also another acid containing one more atom of oxygen 
than chloric acid, it is called perchloric acid, the prefix per mean- 
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ing over or more or greater. The prefix hyper has the same meaning 
as per, and this acid might have been called hyperchloric acid. 
Note that the names of the salts follow the rule in regard to the 
endings iie and aie. 

The endings “ic” and “ous” indicate either the relative 
amounts of oxygen in the molecules of compounds or the fact 
that they arc produced by introducing oxygen into a compound 
of lower oxygen content or expelling oxygen from a compound 
of higher oxygen content; in the former case, the compound is 
said to l)e oxidized, and in the latter case, to be reduced. ' (Sec 
Art. 62.) It will be seen later that other elements than oxygen 
may have a similar effect. Oxidation may cause an clement to 
increase in valence and reduction to decrease the valence, as an 
example, stannous (tin) chloride, SnCU, which contains no oxygen, 
becomes stannic chloride, SnCU, under oxidizing conditions. 

82. Sulphur Dioxide.—Sulphur dioxide (sulphurous anhy¬ 
dride) is a colorless gas having a molecular weight of 64.07, which 
is usually taken as 64. It is soluble in water, a matter of con¬ 
siderable moment to makers of sulphite pulp, 1 volume of water 
dissolving about 80 volumes of gas at 0°C.; but at 20°C., which is 
about the temperature of water supplied in summer, 1 volume 
of water dissolves only about 39 volumes of the gas. For this 
reason, the gas from sulphur burners should be cooled and passed 
into water that is as cool as possible. Note that the atomic 
weight of sulphur is 32.07, say 32, which is the same as the molecu¬ 
lar weight of oxygen, Oj (2 X 16 = 32); hence, 1 pound, say, 
of sulphur requires 1 pound of oxygen to convert, it into sulphur 
dioxide, SOj. Now, since oxygen is only alwut 23.21% of the 
atmosi)hero by weight, 1 lb. of sulphur requires almut H’* 
of air for its complete combustion. If it does not get that much 
air or a little more, flowers of sulphur will get into the cooling 
systems and towers and will cause trouble. By volume, it takes 
about 60 cu. ft. of air to 1 lb. of sulphur for complete combustion 
to sulphur dioxide. 

88. Sulphur Trioxide.—^At high temperatures and in the pres¬ 
ence of water vapor, sulphur dioxide annexes to itself another 
atom of oxygen and becomes sulphur trioxide, 8O3, otherwise 
called sulphuric anhydride, which has a molecular weight of 
80.07, say 80. Therefore, when burning sulphur for pulp mills 
excessively high temperatures and the presence of water vapor 
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are to be avoided. Wet sulphur should not be used in any case; 
because the steam arising from this source when the sulphur is 
heated combines with the sulphuric anhydride, SOj, to make 
sulphuric acid, as shown by the equation of Art. 80, which is far 
more corrosive than sulphurous acid and has the added dis¬ 
advantage of not being volatile. Wherever spray from the 
tower exhaust falls, there it stays and gets to work on wood, 
metal or i)aiiit. 

A humid atmosphere contains large amounts of water vapor; 
consequently, the air going to the sulphur burners should, if 
practicable, be cooled, to remove excess water vapor by con¬ 
densation. Sometimes the acid towers arc exhausted by steam, 
to pull the gases through and in case of fan trouble. The hot 
steam, coming into contact with the waste gases (which often 
contain sulphur dioxide in more or less quantity) in the presence 
of oxygen, acts as a catalyzer, producing sulphuric anhydride, 
SOj, and the neighborhood is covered with a fine spray of sul- 
plmric acid. In sulphur burning, other more complex sulphur, 
oxygen, and hydrogen compounds are produced, all tending to 
iinircase the sulphur consumption p{^r ton of pulp, without help¬ 
ing the pnxluction. Burners, therefore, should be carefully 
watched, should not get intensely hot, shoidd have enough oxy¬ 
gen, but not a great excess, and should be kept as free from 
moisture as is possible. 

84. How Sulphuric Acid is Made.—Sulphuric acid is made 
commercially in large quantities. Two proceascs are used that 
differ very widely, considered chemically, and it will be worth 
while to discuss them briefly. Iron pyrites, disulphide of iron, 
FeSj, which might be called ferric sulphide, is largely used as 
the source of sulphur in the manufacture of the acid. The pyrites 
are ro.'isted, with a supply of air, in furnaces that contain devices 
for stirring mechanically, and the sulphiu* and iron are both 
oxidized. The oxide of iron thus formed is not volatile and 
remains in the furnace, except for a small amount that floats 
about as a fine dust. The sulphur is oxidized to sulphur dioxide, 
a gas, for which reason, pyrites are sometimes used as a source 
of burner gas in sulphite mills. The iron oxide dust, however, 
has been found troublesome. 

Mtar the sulphur has been oxidized to SOs, the problem of how 
to cause it to take up the extra oxygen atom and become SOj 
has been solved in two important ways. In the older process, 
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known as the chamber process, sodium nitrate, NaNOj, (fre¬ 
quently called Chili saUpeter) is used to provide the extra oxygen 
atom; it is known as a “carrier,” and is another instance of a 
small amount of raw material doing a large amount of work. 
The action is as follows: When the sodium nitrate is heated, it 
breaks up, and oxides of nitrogen are formed, one of which is 
nitrogen peroxide, sometimes called nitrogen tetroxidc, NOj. 
In the presence of steam and sulphur dioxide, the peroxide 
gives up one atom of oxygen and becomes nitric oxide (also 
called nitrogen dioxide), NO, according to the equation 

NOj -f- SOs -f- II 2 O = HjSOi + NO 

The nitric oxide, on contact with air, takes up one atom of oxygen 
again and obligingly hands it over to the sulphur dioxide, which 
then becomes sulphur trioxide, SOs, and this unites with water 
to form sulphuric acid. This process appears to go on indefi¬ 
nitely, the oxygen atom being delivered by the carrier and 
another taken on and again handed over. There is always a 
leakage of the nitrogen oxides, so the nitrate has to be replaced 
from time to time. 

The second and more modem process is known as the contact 
process; its action depends upon the action produced by a 
catalyst. A catalyst was defined in Art.. 30, which should now 
be re-read. The following incident will serve to impress the 
meaning more firmly on the mind: 

During a street railway strike, the company got some strike 
breakers and assembled them in one of its car barns. Outside, 
a crowd collected, mostly composed of strike sympathizers. 
Inside, the strike breakers had waited for some time and were 
getting “jumpy.” A small boy, out of curiosity, climbed up to 
peck in the window; on being perceived a hose was turned on 
him and a pari of the crowd outside was soaked. The result 
was that all the hospitals soon had hurry calls for ambulances. 
The “reaction” was sudden and complete. The small boy had 
nothing to do with the affair; he was neither a striker nor a strike¬ 
breaker; his mere presence started the ruction; he was a catalyst. 

In the contact process, sulphur dioxide is prepared as before, 
but care is taken to make it dry and dust free. It is then mixed 
with dry air, and the mixture is passed over asbestos that has 
been covered with finely divided platinum. The reaction is 
started by heating the platinized asbestos, which needs no subse- 
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qucnt hcatinR, because the gases coming in contact with the 
platinum combine directly (SOj + 0 = SOj) and liberate enough 
heat in so doing to continue the reaction. The platinmn does 
not enter into the reaction, but acts like the small boy in the 
ruction mentioned above—as a catalyst. 

A small amount of platinum is thus the agent for producing a 
largo amount of sulphuric acid, and it would so act indefinitely 
were it not that impurities creep in with the gases and “poison” 
the catalyst. Just as a small quantity of mattisr may act as a 
catalyst for large amounts of matter, so a minute quantity of 
some foreign element sometimes stojjs a catalytic action alto¬ 
gether; such substances arc c,alled caialytic poixonx. 

The presence of traces of selenium encourages the formation 
of SOj; hence, selenium should not be present in sulphur for 
pulp mills. 


LIME AND MAGNESIA 

86. Calcium; Symbol, Ca; Atomic Weight, 40.07; Valence 2. 
This clement oxidizes so readily that it is never found in the 
fm; state, but it has been produced pure in the electric furnace. 
Its oxide, CaO, called lime, is not found native either, because it 
is alkaline and combines with carbon dioxide to form carbonate 
of lime, CaCOs, which is properly termed calcium carbonate. 
As calcium carbonate, it is found chiefly as limestone in im¬ 
mense deposits that form mountain ranges at times. When the 
carbonate is very pure and is very finely crj^stallized, it is known 
as mirbk. Chalk is calcium carlmnatc that has been formed and 
deposited in more recent geologic time. There is an almost 
infinib' variety in the forms of ciirbonate of lime, varyingfrom 
Iwautiful, clear, water-white and tinted crystals to the dark-gray, 
opaque rock of which macadam roads are made. * 

86. Limestone ranks as the second in importance in the list 
. of raw materials used by sulphite-pulp mills. High towers are 
filled with broken limestone through which water trickles. 
Sulphur dioxide gas goes in at the bottom of the tower, and in 
rising, comes into contact with the water trickling downward, 
producing two reactions: 

Firxl, Caf’Os + SOj -t- H,0 = CaSO, -|- HjCO, 

Second, CaSO, + HjO + SO, = CaH,(SO,), 
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In the first reaction, calcivun sulphite is formed, which is con¬ 
verted by the second reaction into calcium bisulphite, called the 
acid by the pulp maker. It is from calcium bisulphite that the 
sulphite process is named. 

The physical condition of the limestone is of first importance; 
if coarse and crystalline, it may be very troublesome, easily 
breaking into granular particles and choking the towers, while a 
dense, fine-grained stone may dissolve so slowly that an insuffici¬ 
ent amount of “combined” acid is produced. 

It was noted that two salts were formed in succession when 
sulphur dioxide was admitted to the towers: calcium bisulphite, 
the final product; which is an acid salt, and calcium sulphite, also 
called calcium monosulphite. Calcium bisulphite exists only 
in its solutions; it has never been isolated. When attempts are 
made to obtain it by evaporation, it releases its hold on the sul- 
phun)us acid and becomes calcium sulphite, which is almost 
insoluble in water; thus, 

CaIIii(S 05 )i, = CaSO, -f HjO -1- SO,. 

If, therefore, the cooking solution is overheated or is deficient 
in free SO,, there is a precipitation of calcium sulphite in the 
digester, and “lime,” so called, is found in the pulp. 

87. Lime Burning.—^Limestone, when heated to a high tem¬ 
perature (825°C.) in a kiln, breaks up into quicklime, CaO 
(calcium oxide) and carbonic acid (carbon dioxide) gas, CO,, 
according to the equation CaCO, = CaO -|- CO,. Quicklime 
bas a great liking for water, and when water is poured on it, 
there is a violent reaction, which produces slaked lime and 
liberates a great amount of heat; thus: 

CaO -1- H,0 = Ca(OH), 

Slaked lime, Ca(OH),, is known chemically as calcium hydrox¬ 
ide or calcium kydraie, and is frequently called hydrated lime; 
it is slightly soluble in water, the solubility increasing as the 
temperature of the water decreases, the solution being called 
lime water; and when the lime water contains undissolved par¬ 
ticles of hydrated lime, it is called milk of lime. Hydrated lime, 
used in rag boiling, is produced as a fine powdery substance when 
there is no excess of water during the reaction; and when in this 
form, can be transported to the best advantage. It does not 
absorb carbonic acid gas frpm the air and revert to its former 
condition of a carbonate, as lime does (CaO -f- CO, •= CaCO,). 
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When water is added to quicklime, it is said to be water slaked; 
but when it is exposed to the air and combines with the carbon 
dioxide of the air, it is said to be air slaked. If hydrated lime 
be heated to a temperature above 450°C., the water leaves it, 
and it becomes quicklime again; thus, Ca(0H)2 = CaO + HjO. 

In the so-called milk of lime system for making sulphite 
cooking-acid, sulphur dioxide gas is bubbled through lime milk 
and produces calcium sulphite and calcium bisulphite in two 
stages, thus; 

CatOII )2 -I- SO 2 = CaSOa + HjO 
CaSOs -I- SO 2 + H 2 O = CaHjfSOa)^ 

For this purpose the lime should be relatively free from magnesia. 

It is to be understood that when lime slakes in air, the process 
takes place slowly; this is what happens in the case of lime mortar, 
used in laying brick, stone, and in plastering, and which causes 
the mortar to harden, but slowly. It sometimes takes years 
bcifore the mortar of a building is completely carbonated. The 
sand used merely acts as a filler. 

Practically pure calcium carbonate is used as a filler in some 
papers. 

88. Precipitates.—When, on mixing solutions of two sub¬ 
stances, a chemical reaction product* a new, non-volatile sub¬ 
stance that is not soluble in the solution, it appears as a solid of 
some kind and is called a precipitate. When finely divided 
slaked lime is mixed with water and sodium carbonate is added, 
the reaction is expressed by the equation 

NazCO, -1- Ca(0H)2 = 2NaOH -|- CaCO, 

The sodium hydroxide is in solution; but the calcium carbonate 
is insoluble and is precipitated. The lime is said to causticize 
the sodium carbonate (soda ash); that is, it converts the car¬ 
bonate of soda into caustic soda (NaOH), which may be obtained 
by filtering or drawing off, after the precipitate (CaCOs) has 
settled. This process is called prec^itation, meaning “a throw¬ 
ing down, ” and is frequently used in chemical operations. Some¬ 
times a compound may be soluble in some solutions or under 
certain conditions and not in others; hence, the same compound 
may appear as a precipitate in some solutions and not in others. 

89. Boiler Scale.—^Mention was made of scale-forming com- 
*. pounds that occur in water, one of which was carbonate of lime. 

This compound is slightly soluble in water containing carbonic 
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acid; but when the water is heated, the carbonic acid (COj) is 
driven off and the insoluble carbonate of lime is precipitated. 
(This action is similar to that which takes place when calcium 
bisulphite is heated, liberating sulphur dioxide and calcium sul¬ 
phite, as described in Art. 86.) The calcium carbonate thus 
precipitated is one of the scale-forming compounds. 

90. The Soda Process.—In soda pulp mills, the spent soda 
solution (black liquor), after cooking the chips, is dried and 
burned, to get rid of the woody matter; the “black” ash is com¬ 
posed largely of sodium carbonate (soda ash), which, is run into 
water, fonniug a solution of sodium carbonate. This solution 
is pumped to tanks wherein it is treated with lime. A reaction 
takes place according to the equation of Art. 88; the soluble 
caustic lime becomes insoluble carbonate of lime, and the car¬ 
bonate of soda becomes caustic soda. The insoluble calcium 
carbonate is allowed to settle or is filtered out, and the caustic 
soda solution is ready for use in cooking. In course of time, there 
is a loss of soda by leaks, by incomplete washing of the pulp, 
and in fumes going into the air. 

91. The Sulphate Process.—The sulphate process takes its 
name from the fact that sodium sulphate, Na 2 S 04 , also called 
sulphate of soda and salt cake, is used to make good the loss of 
soda, instead of using soda ash, as in the soda process. Salt 
cake is a by-product that is obtained in the manufacture of hydro¬ 
chloric acid from salt by the use of sulphuric acid, as shown by 
the equation 

2NaCl -t- HjSO, = 2HC1 + NajSOi 

The characteristic reaction of this process is the reduction of the 
sodium sulphate by the carbon from the woody matter in the 
“black” ash from the spent liquor, producing sodium sulphide, 
NasS, which becomes an active agent in the cooking liquor 

NajSOi + 2C = NajS + 2COj 

'rhe unreduced salt cake, along with the carbonate, is also caus- 
ticized by lime, producing calcium sulphate (only slightly solu¬ 
ble), and caustic soda, according to the equation 

Na,S 04 -1- Ca(OH), = 2NaOH + CaS 04 

The calcium sulphate is removed by settling and filtration along 
with the calcium carbonate produced in the main reaction. 
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Note. — NUer cake is sorootimcti used to produce salt cake. Sodium 
nitrate (called niter) is heated with sulphuric acid to produce nitric acid, 
according to the equation 

2NaNO, + H^SO, = No,SO, + 2HNO. 

The sodium sulphate thus obtained (also a by-product) is called idter cake. 
The reaction does not proceed so compleUdy as when salt cake is formed: 
coiise<iucntly, some acid sulphate, NallSO,, is present and is a source of 
danger, unless carefully handled, as will be cxpliiined in the Section on 
Sidphalc Pulp Manufacture. 

92. Plaster of Paris.—Calcium sulphate, also called indphate 
of lime, is found native in many localities in a crystalline form 
called gypsum, its molecular formula being CaS 04 - 2 H 20 . Gyp¬ 
sum is soft, white, satin-like, dense (at times), and contains 
water of crystallization when in its natural state, a part of which 
may be driven off by heat as in the following experiment: 

Experiment 11.—Put a few grams of gypsum (dry crown filler will do) 
in a test tulie and heat while holding the test lul)c nearly horizontal. 
Note the water cuudcusiug on tlie cooler end of the test tube. 

Plaster of Paris is gypsum with most of the water of cry¬ 
stallization driven out by heating. When water in proper 
quantity is mixed with plaster of Paris, it is absorbed, crystal¬ 
lization again occurs, and the plaster sets, as it is termed. 

93. Crown Filler.—Sulphate of lime is used as a filler in 
making paper. For this purpose, it is prepared artificially and 
the product is called crown filler. The reaction is shown by the 
following equation: 

NajSO, -I- CaClc = 2NaCl -t- CaSO, 

Calcium chloride and sodium sulphate arc both salts that arc 
soluble in water; when the solutions are mixed, the radicals SO, 
and Clj change places, forming common salt and calcium sul¬ 
phate. The calcium sulphate is only slightly soluble in water 
and is precipitated, while the sodium chloride being readily 
soluble, is washed out with water. The calcium sulphate is filter¬ 
ed from the water, and forms tiny slender crystals, CaS 04 - 2 H 20 , 
of th(‘ same molecular formula as gypsum. When received at 
the mill, it should not have more than about 10% of moisture 
in addition to the water of crystallization. If a gram of it bo 
put in a crucible and heated to redness, it should not lose 
more than about 30% of its weight; this is called loss on ignition, 
and it includes both the water of crystallization (about 20%) 
and the excess of moisture (about 10%). Thus, the molecular 
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weight of the crystalline form is about 40 + 32 + 4 X 16 + 2 
X 18 = 172; if when received, 10% of the weight is additional 
moisture, the molecular weight may be considered to be 172 

(1 — .10) = 191; hence, if ignition drives off this ten per cent 
and the water of crystallisation also, the molecular weight of the 
amorphous sulphate will be 40 + 32 + 4 X 16 = 136, and the 

55 

weight lost will be 191 — 136 = 55, or = .288 = 29% very 
nearly. 

94. Magnesium; Symbol, Mg; Atomic Weight, 24.32; Valence, 

2.—Magnesium is a light, silvery white metal, which docs not 
combine readily with oxygen at ordinary' temperatures, and may 
therefore be kept for a time in air. It burns with an intense, 
while light that has considerable actinic power, a property of 
certain forms of light whereby chemical acstion is caused in the 
sensitive compoimds used for photographic work. Flash-light 
photography is accomplished by igniting powdered magnesium. 
On exposure to air, magnesium slowly combines with oxygen, 
for which reason it is not found native. 

Magnesium occurs as a carbonate, called magnesite, MgCOs, 
in a number of localities, notably California and Quebec in 
America and along the Grecian coast of the jEgean sea, the 
latter deposit being the purest. Magnesite was formerly used by 
Ekmann, one of the pioneers of the sulphite industry, in place of 
limestone; it is not largely used on account of its unsatisfactory 
physical behavior in towers, and because of the wider distribution 
of limestone. The hydroxide Mg(OH )2 is only slightly soluble. 

Dolomite, which is a combination of the carbonates of calcium 
and magnesium, CaCOs MgCOj, is very widely distributed. 
Some deposits contain much magnesium and little calcium; 
these are known as magnesium dolomites. In other deposits, 
the calcium predominates, and these are known as calcium 
dolomites, also callcid magnesium limestones. The latter are 
largely used for the sulphite process, and arc said to produce a 
whiter pulp than the straight limestones. Dolomites are usually 
coarsely crystalline and crumble too easily in the tower, causing 
trouble by choking and channeling. 

Magnesium sulphate, MgS 04 , differs from calcium sulphate 
in that it is readily soluble in water. In the crystalline form, 
MgS 04 ' 7 Hs 0 , it is known as Epsom salts, and is of inter^t to 
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the paper maker as well as to other mortals on account of its 
medicinal properties. 

Magnesium sulphite, MgSO,, is also soJubJe in water, and its 
precipitate does not cause trouble slwJlar to that caused by the 
precipitation of sulphite of lime in the digester. 


THE HALOGEN GROUP 

96. The Halogens.—The four elements, chlorine, bromine, 
iodine, and flitorine, have such close relations in their chemical 
characteristics that they form a chemical family called the 
halogens, which means sea-salt producers; they are thus called 
because they unite directly with hydrogen to form acids, which, 
in turn, unite with bases to form salts that are similar in appear¬ 
ance to common salt, and also because the first three form salts 
that occur in sea water. The following tabic exhibits some of 
their leading properties. 


THE HALOGENS 


Nat»e 

j Hymbol 

1 Atomic 
weight 

Appearance at 
ordinary temporHturo 

A'alwicy 


. ‘ F 

19.00 

Pale, yellowish gas 
Greenish-yellow gas 

1 

Chlorine. 

, J Cl 

35.46 

i 

Bromine. 

. ' Ur 

79.92 

Dark brown liquid 

1 

Iodine. 

.i ‘ 

126.92 

1 

Purplish-black solid 

1 


These elements are all monads—their atoms have but one bond 
—and unite with hydrogen atom for atom to form acids that 
contain no oxygen, known as hydracids. The acids so formed 
are: hydrofluoric, HF; hydrochloric, HCl; hydrobromic, HBr; 
and hydriodic, HI. 

96. Fluorine; Symbol, F; Atomic Weight, 19.—This clement is 
a gas, and had never been isolated until a few years ago. While 
it is one of the most active of the elements, there is no known 
compound of fluorine and oxygen. A compound of calcium and 
fluorine, CaFj, calcium fluoride, known as fluor-spar, is a widely 
distributed mineral that is found in large quantities, particularly 
in Illinois. Other minerals containing compounds of fluorine, 
called fluorides, are also found in large quantities. 

Hydrofluoric acid, HF, which might also be called hydrogen 
fluoride, is a weak acid, but has a great liking for silica and sili- 
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cates, which are readily dissolved by it; it cannot, therefore, be 
kept in glass vessels, because glass is a mixture of various sili¬ 
cates. Even the fumes from the acid will attack glass. Ad¬ 
vantage is taken of this property to etch letters and designs on 
glass. The glass is first covered with a thin coating of wax (which 
is not affected by the acid); then with the aid of a sharp stylus, 
the design is drawn on the waxed surface, the stylus removing 
the wax whore it touches. The hydrofluoric acid is then applied 
in any convenient manner, sometimes only the fumes are used; 
it eats into the glass, thus making the design permanent, after 
which, the wax is removed. 

97. Chlorine; Symbol, Cl; Atomic Weight, 36.46.—At ordinary 
temperatures, chlorine is a greenish-yellow gas that is extremely 
irritating to the membranes of the nose and throat. When 
inhaled in diluted form, it causes a condition similar to that 
caused by a “cold in the head.” In concentrated form, it was 
the first “poison gas” used by the Germans in the recent war, 
and its effects were terrible and lasting. It is a very heavy gas, 
one liter weighing 3.1674 grains, while a liter of air weighs only 
1.2928 grams. 

Chlorine can be readily prepared by treating manganese dioxide 
with hydrochloric acid, the reaction being expressed by the 
following equation: 

MnOj -t- 4HC1 = CU + MnClj -|- 2HiO 

Experimknt 12.—Place in the bottom of a test tulm about 2 grains of 
manganese dioxide and add a few drops of hydrochloric acid; this will be 
sufficient at fimt to produce the characteristic smell. Having noted this, 
add about 5 c.c. of 1 to 1 hydrochloric acid (this means a solution composed 
of equal parts distilled water and “concentrated” hydrochloric acid of 
1.2 specific gravity), heat the tube, and collect the gas as it comes off. 
This latter may be done by displacing the air from a jar that stands with 
its mouth up, the heavier chlorine falling down and forcing the air out. 
The delivery tulie, which connects the test tube with the jar, should go 
down to the bottom of the jar. If the jar is clean and the glass clear and 
colorless, place a piece of white paper beliind it, and the chlorine may 
be seen rising in the jai. 

Chlorine may also be prepared from common salt by mixing 
the salt with manganese dioxide and treating the mixture with 
sulphuric acid, in accordance with the equation 
MnOs -I- 2NaCl + 2 H,S 04 = CIj + NajSOi + MnS 04 -i- 2H,0 
There are, in reality, two reactions: the first is between the sul¬ 
phuric acid and the salt, forming sodium sulphate and hydro- 
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chloric acid; the second is between the hydrochloric acid and the 
manganese dioxide, as before. There are also intermediate 
reactions: the liberation of oxygen from the manganese dioxide 
and its reaction with hydrogen to form water is the reaction that 
actually liberates the chlorine; the hydrogen is taken from both 
acids, but the sulphuric anhydride is not -v olatile while the chlor¬ 
ine is; so sulphates are formed and the chlorine is liberated in the 
free state. Take note of the grc'cnish appearance of the chlorine; 
the odor will manifest itself without any effort on your part. 
Merely sniff it; otherwise you will regret it. 

98. Bromine; Ssrmbol, Br; Atomic Weight, 79.92.—^Apart 
from its use in medicine in the form of bromides, bromine is not 
of much interest in this Section. It is used in investigations 
on celhilose and in organic chemistry. At moderately low tem- 
p<^ratur(!S, it is a dark brown liquid, which bemg slightly raised 
in temperature becomes a brown gas that is very irritating to the 
nose and throat, the effects being similar to those produced by 
chlorine. Bromine should not be handled by inexperienced 
persons; if the luiuid comes in contact with the flesh, it destroys 
the tissues and makes painful, slowly-healing bums. If any 
should be spilled or splashed on the skin, dilute ammonia, wash¬ 
ing soda, or other dilute alkaline solution, even soap, should be 
applied at once. 

99. Iodine; Symbol, I; Atomic Weight, 126,92.—Iodine is a 
violet-black substance, with a metallic appearance. When 
heated, it melts to a dark brown liquid, which almost immediately 
changtss to a violet vapor, and which condenses to a brown stain 
on cool objects held in it. If the vapor is dense and is suddenly 
cooled on porcelain, it forms fine flakes and crystals of sublimed 
iodine. This property is taken advantage of when preparing pure 
iodine from the crude compounds in the ash of certain seaweeds, 
which form the chief commercial source of iodine. Iodine is 
intensriy antiseptic, and is used in surgery for that reason. It 
is not soluble, or only very slightly soluble, in water; but it can 
be readily dissolved by water in the presence of about an equal 
amount of potassium iodide, which is, therefore, a part of the 
chemical equipment of a sulphite mill, as a solution of iodine 
is used for determining sulphurous acid. 

100. Use of Iodine in Testing Bleach.—Chlorine ions readily 
liberate iodine ions from compounds such as potassium iodide. 
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KI, and this fact affords a ready means of determining if the 
chlorine has been removed in the washing of bleached pulp. 
This tost depends upon the fact that iodine in contact with starch 
produces a blue coloration. So a thin starch paste, about one 
part starch to 200 parts water, is made up, and to it is added 2 or 
3 parts of potassium iodide. Strips of paper are soaked in this 
mixture, and are dried in an atmosphere free from chlorine. 
These strips arc white; but when they are dipped in a beater or 
tub containing even a trace of free chlorine, they turn blue. 
The paper strips should be kept in a dark, air-tight bottle, pref¬ 
erably, in a dark place. 


QUESTIONS 

(1) Wily is it that some elements are found free and native while others 
are found only in compounds? 

(2) Ilow many cubic feet of air are required per pound (453.SI1 grams) 

of sulphur in the reaction S + Oj = SOj? Ans. 63.3 cu. ft. 

(3) (a) What is caustiokmg? (h) How much lime will react with 500 lb. 

of soda ash? Ans. (i») 264+ lb. 

(4) What chemical comiround is charactcrisdc of the cooking liquor for 
(a) the sulphite process? (5) the soda process? (c) the sulphate process? 

(5) Why are calcium compounds objectionable in boiler waters? 


PRINCIPLES OF BLEACHING 

101. Chlorine not a Direct Bleaching Agent.—The chief use 
of chlorine in the paper industry is in bleaching. The chlorine 
itself, however, does not bleach; it acts only to release oxygen, 
which is the real bleaching agent. The chlorine reacts with 
compounds containing oxygen and hydrogen, forming hydro¬ 
chloric acid and liberating oxygen. Thus, in the presence of 
water or water vapor, chlorine reacts in accordance with the 
equation 

2C1 + HsO = 2Ha -I- 0 

To prove that chlorine does not act directly as a bleaching 
agent, the following experiment may be tried: 

Experiment 13.—It is first necessary to obtain pure chlorine, that is, 
chlorine free from water and hydrochloric acid. This may be done by 
means of the apparatus shown in Fig. 7. The flask A to which heat is 
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applied, contains manganese dioxide and hydioohloric acid (see Experiment 
12); jar £ is partly filled with water, and jar C is partly filled with sulphuric 
acid. The chlorine is collected in jar D by displacing the air. As the 
chlorine gas is generated, it passes into jar B and bubbles up through 
the water, which absorbs any hydrochloric acid that may be present; it 
then passes into jar C and bubbles up through the sulphuric acid, which 
absorbs any water that may be present; it finally passes into jar D free from 
water or hydrochloric acid. 

If, now, a piece of highly colored cloth, thoroughly dry, be placed in jar 
D, it can Ikj left there indefinitely without changing color; but if the cloth 
be first moistened with water and then placed in the jar, the color will soon 
bleach out, and the cloth will be white. 



The question now arises: if it is the oxygen that does the bleach¬ 
ing, why doesn’t the oxygen of the air act in the same way? It 
does, but very slowly. A great deal of the bleaching of textiles 
and other substances has been done for ages by exposing the goods 
to the weather; but with the aid of bleaching agents, effects 
have been achieved in an hour or so that would have taken 
months by the older methods. 


102. A number of substances may be used as bleaching agents; 
these either liberate oxygen from their own compounds or they 
cause other compounds to do so. And this brings up another 
question: why does the oxygen liberated in such cases act so 
much more rapidly than the free oxygen of the air? Because 
the oxygen is in the nascent state. (See Art. 49.) When 
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oxygen is liberated by bleaching agents and within a mass, such 
as might be found after running paper, rag stock, or wood pulp 
around a beater or agitating in a tank, it combines quickly with 
the most readily oxidizable matter present. In the case of wood 
pulp, those substances are the non-fibrous compounds of the 
woods, which have survived the cooking process and the subse¬ 
quent washing. Rag stock contains colors used in dyeing the 
cloth, and most of these colors are substances that can be chemi¬ 
cally changed by oxidation. Since 19 out of 20 of these sub¬ 
stances are white or colorless when oxidized, it is seen that the 
chances are 19 to 1 that the color will be bleached by the nascent 
oxygen. 

If an attempt were made to use the oxygen at some place other 
than where it was generated, it would be but little more efficient 
for bleaching than ordinary air, because its atoms would by that 
time have united to form molecules of oxygen, and the greater 
part of its chemical activity would be gone. 

The compounds formed by oxygen in the bleaching of halfstuff 
are largely soluble, and they are therefore removed by washing, 
leaving behind the cellulose, which is not readily oxidized at 
ordinary temperatures and is insoluble. Cellulose is white; so 
the whitening of stock on bleaching and washing is due to the 
elimination of substances surrounding the fibers in addition to 
the formation of colorless compounds. Sometimes paper stock 
will not bleach because of the presence of insoluble colored pig¬ 
ments; in such cases, the addition of more bleach will not help, 
nor will the use of steam. 

Bleaching may be done by: (1) agents containing oxygen, 
which are unstable and release the oxygen very readily; (2) 
agents that are stable and whose oxygen is liberated by other 
compounds; (3) agents that set oxygen free by indirect means 
from other substances. These three classes of agents will be 
considered in order. 

103. Waaching Agents of the First Class.—^The unstable agents 
of this class readily break down imder the influence of slight 
changes of temperature and liberate oxygen. One of the most 
powerful of these unstable agents is ozone (Art. 61), which, it will 
be remembered, is represented by the molecular formula 0,; it 
is very unstable, gives up the extra oxygen atom on the slightest 
provocation, and reduces to Oi, the stable form of the oxygen 
molecule. 
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The condition of things may i)e represented diagrainmatically 
as in (a), 

0 0 0 0 0 0 

0 0 = 2 O 3 00 = 30s Ih-x-O = 20s + xOi 

0 0 0 0 0 0 

(a) (b) (c) 

which represtmts two molecules of ozone. In ( 6 ), the two mole¬ 
cules of ozone become three molecules of oxygon, the two extra 
molecules uniting as indicated. If some molecule, wliich may be 
indicated by x and having two bonds, should come between the 
two molo(!ules of (a), it might grab one molecule of oxygen with 
each bond, and thus become oxidized, as indicated in (c). 

A number of bleaching processes have been devised to make use 
of the above principle, but with little success. Ozone can be 
liquefied by cold and pressure. It has a boiling point of — 1 
(—182.2°F.), that is, it changes into a gas at this temperature. 
Consequently, trade compounds called liquid ozone are likely to 
be fakes. 

104. A more useful compound of this class is hydrogen peroxide, 
HjOj. Its usual method of preparation is by the action of dilute 
sulphuric acid on barium peroxide, thus; 

BaOa -|“ H 2 SO 4 ~ BaSOi -j- Ha 02 

The insoluble barium sulphate is precipitated and the hydrogen 
p<iroxide is held in solution (the sulphuric acid was diluted, 
remember, and the water used to dilute the acid absorbs the 
hydrogen peroxide). The reaction must take place at a low tem¬ 
perature and the solution must be kept cold. The excess of 
sulphuric acid is neutralized by careful addition of barium hydrox¬ 
ide. The solution of hydrogen peroxide is filtered away from 
the precipitated barium sulphate; it can be used for very delicate 
fabrics, as it leaves no corroding residue. The writer knows of 
one case in which hydrogen peroxide was tried as a bleach on 
sulphite pulp; it was too expensive, and in the case cited, there 
seemed to be a marked tendency to go back in color on exposure 
to light. 

106. Sodium peroxide, NajOs, has been used at times for 
bleaching. When this substance is added to water, sodium 
hydroxide is formed and oxygen is liberated; thus, 

NasOj + HjO = 2NaOH + 0 
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Sodium hydroxide is a very active and caustic compound, and 
it must be used with great care. The sodium hydroxide formed 
is neutralized with sulphuric acid, and any excess of that must 
in turn bo neutralized by a weaker alkali or a volatile one, such 
as ammonia. 

106. Bleaching Agents of the Second Class.—To this class 
belong compounds that contain oxygen, are quite stable, iuid 
yield oxygen more slowly. Potassium pcrmangancUe, KMnOi, 
is one of these, and many attempts have been made to use it on 
paper making fibers, but without any m.arkod success; its own 
cost is one obstacle, and the need for reducing the brown manga¬ 
nese hydroxide; that is left in the stock is another. This latter 
is effected with sodium bisulphite, thus adding to the cost of 
handling and control. 

107. Bleaching Agents of the Third Class.—This class is best 
represented by bleaching powder. These; compounds do not 
liberate oxygen from the;ir own molecules, but bring about the 
liberation of oxygen from e)thcr (;e)mpounds. 

The exact compo.sitie)n of bleaching powder is not definitely 
known. By analysis, it seems to have the formula CaOCU, but 
in its chemical reactions, it seems best represented by the formula 
CaClOCl or CaCl(OCl), in which case, it might be termed 
calcium oxychloride or calcium chhrohypoehlorite, formed from 
OCl 

calcium hypewhlorite Ca<(^ , in which one OCl group is re- 

^OCl 

placed with Cl, thus producing a compound having the formula 
.OCl 

Ca<^ . The molecular weight is about 40 -f 16 -f- 2 X 35.5 
^C1 

= 127, of which the chlorine forms iVr = .559 = 55.9 % 
and it would naturally be expected that this amount of chlorine 
would bo available after a chemical reaction. As a matter of fact, 
only from 30 to 35% is available in practice. Bleaching powder 
appears to be a mixed salt, a calcium salt of hypochlorous and 
hydrochloric acids; it is also commonly called chloride of lime. 

108. Bleaching powder is made by passing chlorine over 
slaked lime. There is likely to be present not only free chlorine 
but also free lime; and as slaked lime has an excess of water up to 
2 or 3 per cent, some hydrochloric acid is formed from the water 
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and combines with the lime to form calcium chloride, which has 
no bleaching value. Thus, 

201 + HsO = 2HC1 + 0 
2HC1 + Ca(OH), = CaCl* + 2HjO 

If the conditions were ideal, the entire reaction would be 
expressed by the equation 

Ca(OH), + CU = CaCl(OCl) + HjO 

The strength of bleaching powder is expressed as “per cent of 
available chlorine,” that is, in terms of the amount of chlorine 
set free to liberate oxygen. 

When the compound CaCl(OCl) is treated with water, two 
molecules reassemble into one molecule of calcium chloride and 
one molecule of calcium hypochlorite, Ca(OCl)j; thus, 
CaCl(OCl) + CaCl(OCl) = CaCU + Ca(0Cl)2 

109. For use, bleaching powder is stirred in water for a short 
time and is allowed to settle; the excess of lime goes to the bottom, 
and the clear liquid contains the calcium hypochlorite. There 
apjKiars to be some free chlorine in the solution, and this chlorine 
.starts the reaction; thus, 

2C1 + HsO = 2HC1 + 0 

The hydrochloric acid thus formed acts on the calciiun hypochlo¬ 
rite, liberating hypochlorous acid; HCIO; thus, 

Ca(OCl)j + 2HC1 = CaCL + 2HC10 
Hypochlorous acid may be considered as being produced from 
the anhydride, CljO, by the addition of water; thus, 

CljO + HsO = 2HC10 

In action, the hypochlorous acid breaks up into hydrochloric 
acid and oxygen; thus, 

HCIO = HCl + 0 

From the foregoing, it will be seen that the two atoms of chlorine 
in the 2HC10 from the initial two molecules of bleaching powder 
which contained four atoms of chlorine are able to liberate two 
atoms of oxygen, while its valence would indicate a replacing 
power equal only to one atom of oxygen; it parts with its own 
oxygen and separates one atom more from water. 

110. Determining Strength of Bleach.—In determining the 
available chlorine of bleach, i.e., the chlorine which is present 
in such form that it takes an active part in bleaching, the figure 
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arrived at indicates the chlorine equivalent of the oxygen liber¬ 
ated. The strength of bleach is determined by reagents that 
act as reducers, such as sodium thiosulphate or arsenious acid. 
By using standard strength solutions of them it is easy to measure 
the oxygen they use up. It is necessary to keep in mind that 
oxidation and reduction are simultaneous. A reducing agent is 
simply a substance that combines more readily with oxygen than 
the substance to be reduced. 

Arsenious oxide, AsjOs, in the presence of alkalis, takes up 
oxygen to form arsenic oxide, As^Os; consequently, a solution of 
arsenious oxide in sodium carbonate is used for testing bleach. 
This and other methods for determining the strength of bleaching 
powder and liquids are given in another Section (Bleaching of 
Pulp). 

If the tub, bleacher, or other container in which bleaching is 
done, be too hot, the oxygen will be liberated too rapidly; some 
of it will be lost in the air, while the free chlorine, and the hydro¬ 
chloric acid resulting from its action, will react upon the fibers, 
making them tender and brittle, and entailing a loss of fiber 
substance. It is generally conceded that a temperature of 
38“C. to 40“C. (say 100°F. to 105°F.) need not be exceeded to 
obtain the maximum economical result. 

111. Acids Used to Accelerate Bleaching.—Sulphuric acid 
(vitriol), hydrochloric (muriatic) acid, and acetic acid (the acid 
of vinegar) are sometimes used to accelerate bleaching; the 
reaction with chloride of lime is that of combining with calcium 
and liberating the hypochlorous acid; thus, 

(1) Sulphuric acid— HjSO* + Ca(OCl)! = CaSO« + 2HC10 

(2) Hydrochloric acid—2HC1 +Ca(OCl)j = CaCL + 2HC10 

(3) Acetic acid— 2(H'CjHjOs) + Ca(OCl)j = 

Ca(CsHaOj)j + 2HC10 

The molecular formula for acetic acid is CjHaOj, but when 
written as above, it shows how the hydrogen separates from the 
radical CjHsOs; the compound Ca(CiHs 02 )j is called calcium 
acetate. 

The safest acid of the three is acetic acid; the other two are 
liable to attack the fibers, besides corroding and perforating the 
tubs, drum washers, and other metal parts, leaving soluble 
metallic residues that are likdy to cause discoloration and, later, 
adversely affect sizing and coloring work. Alum can also be 
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used for the above purpt^e, since it has an acid reaction when in 
solution. (See Art. 76 .) 

112 . Antichlors.—Sometimes, owing to the need for obtaining 
rapid results or to get a brighter shade of white, an excess of 
bleach is used. To get rid of this excess when it is not feasible 
to wash it out, certain substances that arc known as antichlors 
are used. Sodium thiomilphate, NajSjOa (frequently, but in¬ 
correctly, called hyposulphite and shortened to hypo) is one of 
those; another is sodium bisulphite, NaHSOj. The prefix 
“thio” is from the Greek word theion, which means sulphur. 
When prefixed to the name of a chemical compound, it usually 
indicates that a part or all of the oxygen of another compound 
has been replaced by sulphur. Thus, sodium sulphate lias the 
molecular formula NajSOi, while sodium thiosulphate has the 
formula Na2S20,i; here one atom of oxygen in the sodium sul¬ 
phate is replaced by one atom of sulphur. As another example, 
sulphuric acid has the formula H2SO4; while thiosulphuric acid 
lias the formula HaSjOj. The formula for carbonic acid is H2COS, 
and that for thiocarbonic acid is H2CS3. 

The antichlors, sodium thiosulphate and sodium bisulphite, 
combine with the chlorine of the excess bleach to form hydro¬ 
chloric acid and thus atop the chain of reactions of Art. 109 in 
accordance with the equations: 

Na2S203 + 4CI2 + 5H2O = Na2S04 + H2SO4 -|- 8HC1 
2NaHSOs -I- 2CI2 + 2H2O = Na2S04 + H2SO4 -|- 4HC1 
The acid products of these reactions must be washed out care¬ 
fully. The expense items are thus increased by the coat of the 
excess of bleach and the cost of the antichlor. Good bleaching 
practice in paper mills should render unnecessary the use of 
antichlor. 

113 . Other Substances used in Bleaching. —Sulphur dioxide, 
SO2, sodium sulphite, Na2S05, sodium bisulphite, NaHS03, or 
other sulphites and bisulphites are used at limes for bleaching, 
especially on ground wood. The solid salts are merely the 
vehicles for the gas, sulphur dioxide, which is the agent producing 
the bleaching or blanching effect, and which is largely used in 
bleaching wool. The action in these cases is the direct reverse 
of that which occurs when chlorine is used. Chlorine is an 
oxidizing agent, while the use of sulphur dioxide is a reducing 
process. Some colored oxygen compounds become colorless 
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by the removal of a part or all of their oxygen. But the resulting 
compounds are very susceptible to the action of oxygen, even in 
the air; and they therefore “go back” or become yellowed by 
exposure, especially to the sunlight. If bleaching be done by 
sulphur dioxide in any form, thorough washing is essential, not 
only for the foregoing reason but because the oxidation of sul¬ 
phur dioxide produces sulphur trioxide, SO3, the anhydride of 
sulphuric acid, which will combine with water to form sulphuric 
acid and destroy the material. 

114. Bleach Prepared by Electrolysis.—The practice of pre¬ 
paring bleach liquors from common salt, sodium chloride (NaCl), 
by electrolysis is becoming quite general. This is referred to as 
electrolytic bleadiing, but the term is not a proper one, since the 
bhiaching is performed in the same way chemically as when 
powder is used. The electric current, under proper conditions, 
liberates chlorine from salt, and the chlorine is piussed into towers, 
going in at the lx)ttom. A stream of milk of lime flows in at 
the top and meets the ascending clilorine. The chlorinated 
lime flows to the settling basins, where it is recovered and used in 
the same way as bleaching powder; it is, in fact, a solution of 
bleaching powder, which is sometimes called electrolytic bleach. 

Under certain conditions, sodium hypochlorite is formed 
directly from the salt, and this might properly be termed electro¬ 
lytic bleach. It bleaches more efficiently than bleaching powder, 
but it costs more to produce. 


QUESTIONS 

(1) How is it that starch mixed with potassium iodide is a test for tlie 
presence of free chlorine? 

(2) Wliat is the difference in principle between bleaching with chlorine 
and bleaching with sulphurous acid or sulphites? 

(3) What chemical projxirty is common to all anti-chlors? If sodium 
sulphite were used, what compounds would be formed? 

(4) Why is “electrolytic bleach” an improper expression? 


METALS OF INTEREST TO PAPERMAEERS 

116. Some General Characteristics of Metals.—It was pre¬ 
viously stated that the distinction between a metal and a non- 
metal is sometimes very slight. In general, however, a metal 
is an element that will replace the hydrogen of an acid to form a 
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salt; see definition of acid in Art. 62. Metals combine with the 
group OH, called hydroxyl, to form bases, and the alkali metals 
form very characteristic bases, as has already been noted. In 
general, the metals have a metallic luster, a characteristic color 
(usually white), and possess hardness and certain other physical 
characteristics that enable them to be Rjcognized. Considered 
electrically, the metals are, in general, electropositive, while the 
nonmctals arc electronegative. 

The following table gives a list of some of the principal metals, 
which have been grouped in accordance with their electrical 
properties, the most strongly electropositive being at the top, 
and the others following in order, the bottom ones being least 
electropositive. Any metal in this list is less electropositive 
than any above it and more electropositive than any below it. 
It will also be noted that the oxides of those metals that are most 
strongly electropositive are the most difficult to reduce, while 
those at the bottom of the list are reduced very readily. 


Oxides cannot be re¬ 
duced completely to 
metal, even in a current 
of hydrogen. 


Sodium, potassium (alkalis) 

Barium, calcium (alkaline earths) 

Magnesium 

Aluminum 

Manganese 


Oxides readily nnluccd. 


Zinc 

Chromium 

Cadmium 

Iron 

Cobalt 

Nickel 

Tin 

Lead 

Hydrogen 

Copper 

Arsenic 

Bismuth 

Antimony 


Oxides break up by sim¬ 
ple application of heat. 


Mercury 

Silver 

Palladium 

Platinum 

Gold 
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Any metal will displace from their salts metals below it in this 
list and will be displaced from ite own salts by metals above it. 
Iron, for example, will displace copper from coppHjr sulphate; this 
can be demonstrated very readily by dipping the blade of a knife 
in a solution of copper sulphate, the displaced copper being de¬ 
posited on the blade and sulphate of iron produced. Or let a 
piece of copper (wire or sheet) stand for a time in black ink; 
then place a knife blade in the ink, and in a short time it will be 
coated with copper. All the metals in the above list, down to 
copper, oxidize with ease on exposure to the air; those below 
copper either do not oxidize in air or do so very slowly. While 
hydrogen is not metallic, it displaces and can be displaced by 
metals, which is the rtiason for including it in the above list. 

mON, MANGANESE, NICKEL, COBALT 

116. The four metals, iron, manganese, nickel, and cobalt, are 
clostily related chemically, as might l)e inferred from their atomic 


weights; thus. 

Of this group, cobalt is of least interest to 
Manganese... 54.93 the papermaker, though one of its corn- 

iron. 55.84 pounds, smalts, a cobalt-potassium-sili- 

Nickel. 68.68 cate, is used as a paper pigment. This 

Cobalt. 58.97 pigment is of great permanence, but 

expensive, and it has a low coloring power 


as compared with organic dyes. It can be rciadily detected even 
after the paper is burned, because the blue color remains in the 
ash and is not destroyed by alkalis or acids, as is the case with 
ultramarine blue. 

All of the above metals exhibit the property of magnetism or of 
susceptibility to magnetic influences. They combine in two 
series with acids, forming two series of salts, and they have two 
oxides. In one series, they appear to be divalent (to be dyads) 
and in the other scries trivalent (to be triads). For instance, 
there is 

Iron protoxide, FeO, and iron se.squioxidc, FcsO,, 
or ferrous oxide, or ferric oxide; 

Manganous oxide, MnO, and manganic oxide, MniOi; 
Nickelous oxide, NiO, and nickelic oxide, NijO,; 

Cobaltous oxide, CoO, and cobaltic oxide, CojOa; 

Ferrous chloride, FeClj, and ferric chloride, FeiClj, 
or iron protochloride or iron perohloride. 
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U7. Further Remarks Concerning Chemical Nomenclature.— 

In connection with chemical nomenclature, Art. 81, an explana¬ 
tion was given of the suffixes “ous” and “ic” and the prefix 
“per;” and in Art. 46, the meaning of “mon” or “mono,” “hi” 
or “di,” etc. was explained, when used as prefixes. The prefix 
“proto, ” as used above, is derived from the Greek, and it has the 
same meaning as “ mono, ” which is derived from the Latin. The 
prefix “sesqui” is derived from the Latin and means one and 
one-half; as used above, it indicates that there are IJ-^ = % 
times as many oxygen atoms as there arc of iron, manganese, etc. 
Ferrous oxide might also bo called iron monoxide, and thus three 
different names may be used to designate the same compound, 
FeO. 

118. Iron; Symbol, Fe; Atomic Weight, 66.84.—Pure iron is 
practically unknown, and it can be obtained only with great 
difficulty. It is a silvery metal, having a specific gravity of 7.86 
and melting at ISOS^C. (2741°F.) and is soft, ductile, and mal¬ 
leable. The compounds of iron are very widely distributed, 
but it is seldom found native, except in the case of meteorites, 
which have been found to contain metallic iron. 

Iron is readily soluble in all acids, even when they are dilute; 
hence, it should not be used to make containers for transporting 
or storing fluids of acid character, such as sulphite liquors. An 
exception, however is concentrated sulphuric acid, free from 
water, which does not attack iron, and may, therefore, be shipped 
in iron drums. In paper mills, while the corrosion itself may be 
so slight as to bo negligible, a small amount of iron in the furnish 
has much effect on the color of the paper. Sulphur combines 
directly with iron in the presence of oxygen, forming iron sulphide 
FeS, as may be proved by the following experiment: 

Excbriment 14.—Mix well and place in a dry test tube grams of 
fine iron filings and 3 grams of powdered sulphur. Heat gently at first, but 
raising gradually to a dull red heat. There will be noted about this time 
or a little sooner a bright glow, starting at the bottom and running through 
the entire mass. This internal iuereaac of heat denotes the progress of the 
reselion indujated by the equation 

I<’e + S = FeS 

The point at which the reaction begins is called the critical temperofurc. 
After cooling, it is necessary to break the tube in order to remove the fused 
miiss, which, on being tested with a magnet, will be found to be non-mag- 
netic, except possibly a few fragments that did. not combine. When a few 
particles of tlie mass are treated with 1 :1 sulphuric acid, hydrogen sulphide, 
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Hi8, IB given off, and may be recognized by the familiar smell of rotten eggs, 
which is caused by the same compound, and is noticeable in the vicinity of 
some sulphate mills. 

As an illustration of the foregoing, the writer has seen the cast- 
iron impeller of a fan used in blowing hot burner gases changed 
almost entirely to iron sulphide. It was observed to run out of 
balance, and when the case was opened, the blades were found 
to be about twice as thick as when installed. Thinking that the 
blades were coated with some deposited material, the workman 
struck them with a hammer, when they immediately broke and 
crumbled to pieces. This result would occur only in the presence 
of free sulphur, caused by overheating and an insufficient air 
supply in the burner. 

119. Iron Ores.—The most important ores of iron are two 
oxides; ferric oxide, FejOj, called hematite, and magnetic iron 
oxide, Fe» 04 , called magnetite; the latter appears to be a com¬ 
bination of FeO and Fc20a. Carbonate of iron, FoCOa, called 
spathic iron, and bisulphide of iron, FeSj, called iron pyrites or 
fool’s gold, are also important sources of iron. When a metal is 
found in any mineral in sufficient quantity to make its extraction 
profitable from a commercial standpoint, it is called an ore; 
the minerals mentioned above are all iron ores, though the sul¬ 
phides arc not used directly for reduction to iron, being first 
employed for the production of sulphur for sulphuric acid. When 
heated with free access of air, their sulphur combines with the 
oxygen to form sulphur dioxide, SOs, and the iron is left as ferric 
oxide, FejOs, which may be reduced to iron by another process. 
The commercial processes for extracting metals from their ores 
and the scientific control of such processes is called metallurgy. 

120. Metallurgy of Cast Iron.—The metallurgy of iron is 
typical of the general practices with metals—reduction of oxides 
and elimination of impurities by fluxes. If the metals are 
found in combinations other than oxides, they are brought to 
that condition (oxid^) by first heating in air, and then the reduc¬ 
tion is undertaken. 

Iron ores are reduced in what are known as blast furnaces, a 
sectional view of one being shown in Fig. 8, and so called from 
the fact that a blast of air is blown into the base of the furnace 
through a series of holes supplied by pipes called tuyeres; one of 
these holes is shown in the figure and marked A. Those furnaces 
are from 70 to 80 ft. in height, and are made of steel and lined 
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with fire-brick. When once started, a furnace is kept in con¬ 
tinuous operation. The furnace is filled with a mixture of coke 
(which is almost pure carbon), iron ore, and limestone in the 
following manner: 

At the top of the furnace is a charging platform to which the 
material is hoisted and dumped into the hopper B, which is 
closed at the bottom by the bell C. This bell is raised and 
lowered by various means; that used in the present case is a 
cylinder D, the piston of which is operated by steam or air. 
The materials, the amount of which has been carefully calculated 
and weighed, are dumped into the hopper in the following order: 
first, the coke, then the iron ore, and lastly the limestone. The 
bell is then dropped, and the materials fall into the furnace. 
This process is carried out until the furnace is filled. When first 
starting the furnace, materials for firing are first placed in the 
bottom; but this is not again necessary after the furnace has once 
been started, as it is never again entirely empty. The air, which 
is supplied by a blowing engine, enters through the tuyeres and 
is forced up through the furnace. The melted iron, after reduc¬ 
tion, accumulates in the bottom, and is discharged at regular 
intervals through the tap hole E. The slag, which is lighter 
than the iron and floats on its top, is run off from time to time 
through the slag hole F. 

The reaction is quite simple in principle, but in practice, there 
are several stages of reduction and oxidation. The amount of 
air admitted is carefully calculated, and is only sufficient to 
oxidize the coke to carbon monoxide; thus, 

C -I- 0 = CO 

The heat is so great, however, that the reaction proceeds to the 
second stage and forms carbon dioxide, the oxygen for this reac¬ 
tion coming from the iron ore, in accordance with the equation 

3CO -t- Kc,0, = 3COs -I- 2Fe 

The limestone is called the flux; it combines with the impurities 
and forms a molten mass known as the slag. These terms, ore, 
flux, and slag, are used in connection with all metallurgical 
operations. The ore is the source of the metal taken from the 
mine; if it is a sulphide, it is first roasted, that is, heated in the air, 
to remove the sulphur and get it into the form of an oxide. The 
oxides are then heated with a reducing agent, usually carbon, 
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and a flux of such nature that it will combine with the impurities 
to form a liquid slag, through which the metal sinks as it is formed. 
In the case of iron, the metal is run off through the tap hole in 
the bottom of the furnace into little previously prepared ditches, 
which reminded early workers of a sow with a litter of pigs; so 
they called the iron bars thus formed pigs, and the iron itself 
was called and is still called pig iron. It will be readily seen that 
pig iron is likely to contain (must necessarily contain) impurities 
and that one of these will be carlx>n, which is likely to be present 
in pig iron to I he extent of 3% or 4%. The differences between 
cast iron, wrought iron, and steel are due more to the amount and 
condition of the carbon present than to any other cause. 

121. Impurities in Iron Ores and Iron.—In addition to the 
oxide of iron, the ores contain varying amounts of silicon, phos¬ 
phorus, sulphur, and manganese compounds, and are classified 
commerci.-Uly by the amounts of these impurities present, the 
metal obtained from them being much influenced by such com¬ 
pounds. In general, the effects prf)duced are: 

Silicon—hardens and strengthens; it is not considered very 
injurious, except when present in considerable amounts, when the 
metal becomes very hard and brittle. 

Phosphorus—very imdesirable; it makes iron and steel cold 
short, that is, renders it liable to break when cold. 

Sulphur—also undesirable; it make* iron hot short, that is, 
renders it liable to break when heated. 

Mangane'se—helps to offset the effects of sulphur and increases 
the tensile strength. In steel, in quantities over 1 %, it makes the 
metal brittle under shock. 

122. Effect of Carbon.—Carbon may be regarded as a constitu¬ 
ent of iron, rather than an impurity. It is present in two forms: 
as carbon in the form of graphite, in which case, the iron and 
carbon constitute a mixture; and as a chemical combination with 
iron, forming what is really a carbide of iron, in which case, it is 
referred to as combined carbon, the first case being called 
graphitic carbon. 

Steel is iron containing a small amount of combined carbon, 
and the value of steel lies in the condition and amount of its 
carbon. Mild steel contains under 0.0.5% carbon. Prom about 
0.05% to 1.50% the strength and hardness of steel increases with 
the increase in carbon. 
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When pig iron is cooled as it lies in the molds, the cooling takes 
place slowly, and the carbon it contains crystallizes out in tiny 
flakes resembling black specks, which make up the graphitic 
carbon, also called free carbon. Pig iron must be treated in 
various ways before the metal is suited to industrial purposes. 
Depending on the manner of treatment, the result is cast iron, 
wrought iron, or steel, and there are many varieties of each. 

Cast iron is made from a form of pig iron known as gray iron, 
which is produced when certain proportions of the fluxes are 
used. With the exception of valve wheels, drain pijKss, machine 
frames, boiler fronts, and parts of foundations for pumps and 
machinery not subjected to stresses other than compression, 
cast iron will not be often met with in the paper mill. 

123. SteeL —When iron is heated and quickly cooled by plung¬ 
ing it into water, the carbon has no time to crystallize, and it 
remains in combination with the iron; the resultant product is 
steel, a metal that is tougher and strongc^r than cast iron. There 
are many varieties of steel, some of which will now be considered. 

Bessemer steel is iron that has been melted under proper con¬ 
ditions in a suitable container called a converter, air being blown 
through the molten iron, thus oxidizing the impurities or enabling 
the slag present to do so. The sulphur and carbon are oxidized 
to gases, escaping through the mouth of the (ionverter, and the 
phosphorus goes into the slag, forming phosphate of lime. If 
the converter is lined with firebrick or other siliceous material, 
the resulting metal is called acid steel ; but if it is lined with cal¬ 
cined dolomite or magnesia brick, the resulting metal is called 
basic steel. In the former case, the lining is of an acid nature, 
which prevents the removal of sulphur find phosphorus, hence, 
steel produced by this process can l)e made only from ores that 
are low in these elements. With the basic lining and the use of 
a little lime thrown into the converter, it is possible to remove 
moat of the phosphorus in the slag, ns calcium phosphate. This 
basic process can be used to produce a milder steel than can be 
obtained by the acid process. 

Cast steel is now largely used in place of both cast iron and 
wrought iron. The molten steel is produced by the open hearth 
process or the steel is melted in the electric furnace. There are 
many forma of such furnaces, but the heating is usually done by 
placmg the metal in an electric circuit. The furnace conditions 
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can be very closely controlled, and steels of very high quality 
and of varying degree of hardness and malleability are produced. 

124. Wrought iron is made by heating pig iron or scrap iron in 
what are called reverberatory or puddling furnaces, a diagrammatic 
section of such a furnace being shown in Fig. 9. This type of 
furnace, which is much used in metallurgic:il operations, consists 
of two main parts that are partially separate by a low wall D. 
The part A contains the fire, ai\d part B contains the metal or 
mass to be melted or treated. The flames from A are reflected 
to B by the slope of the roof, whence the name, reverberatory. 



Fio. 9. 


In making wrought iron, the metal (with or without slag produc¬ 
ing additions) is melted and puddled (stirred) with long steel 
bars, with the object of oxidizing the impurities, especially 
carbon, and getting rid of gas so produced. The metal thus 
obtained is free from flakes of graphitic carbon and also from 
blowholes, and it may be welded, hammered, or forged. Bolts, 
rods, and bars are generally made of wrought iron or mild steel 
(steel containing less than 0.05% carbon). Pulleys, shafting, 
and machine parts generally are now usually made of steel. 

125. Recalescence. —Steels having special qualities are ob¬ 
tained either by tempering in various degrees or by the addition 
of some other metal. When pure iron is heated to about 900“C. 
and allowed to cool slowly, the fall in temperature is in simple 
proportion to the time, for the most part; there are, however, 
three points where the regular rate of cooling is retarded. The 
temperatures at which these effects are noticed are 825°C., 720°C., 
and 650°C., and the effects, which are called recalescence, are 
due to molecular changes in the iron, which cause it to give out 
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heat at these points. If much carbon is present, rccalcscence is 
noted at only one temperature, STO^C. When iron is slowly 
heated, there are similar points where the rise is retarded, the 
temperature is about 30° higher than the four temperatures that 
were noted when the iron cooled. Close attention to these facts 
and a knowledge of their relation to the coloring of steels when 
tempering (the temper colors) make possible the production of 
steels of widely varying physical properties. The older workers 
in steel did not use thermometers, and they tempered their steel 
by color. A very pale yellow is the first color to be observed; 
this becomes darker, shading into brown, then red, purple, and 
finally blue. The usual way to obtain these colors is to heat the 
steel to a cherry red, then dip in water for a few seconds, the 
length of time depending upon the size of the steel object. 
After removing from the water, a strip of the part quenched is 
jmlished, to remove the scale, and the colors arc then noted as 
they appear. The outside surface, which was cooled by immer¬ 
sion in the water, is heated by the hot interior part, gradually 
becommg hotter as the various colors appear. Consequently, 
the temperature at which the first color appears is the lowest, 
and the blue is the highest. These colors are really due to thin 
layers of different oxides, which serve as good indicators of tem¬ 
perature. With a knowledge of the behavior of carbon in the 
recalescence of iron, and the use of pyrometers (instruments for 
measuring high temperatures) very uniformly tempered steel 
can be produced, suited to various uses. 

126. Annealing.—When metal is worked or is heated and 
quickly cooled, the molecular structure is set in a state of strain, 
and it may crack under quick changes of temperature or under 
sudden blows. If, however, the heating and cooling are done 
slowly and regularly, or if the metal is maintained for some time 
at the temperature of treatment and then slowly cooled, the metal 
is toughened and does not crack; this method of treatment is 
called aTinealing- Not alone metals, but glass, porcelain, and 
other substances that solidify on cooling are annealed. 

127. Alloy Steels.—The properties of steel are greatly modified 
in respect to hardness, strength, toughness, etc. by the addition of 
small amounts of certain other elements—principally metals— 
such as chromium, manganese, nickel, tungsten, vanadium, or 
molybdenum; such steels are called alloy steels, and they are 
severally termed chrome-steel, manganese-steel, nickel-steel, etc. 

7 
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128. Protective Coatings for Iron.—Galvanized iron is made by 
first dipping the iron in a vat containing dilute sulphuric acid, to 
remove surface impurities and oxides; this is called pickling. The 
inm is then dipped in molten zinc, which adheres to the cleaned 
surface and forms a coating over it. The action is not electrical, 
as the term “galvanized” indicates; in fact electricity,tends to 
cause destruction of the iron; because, wherever the zinc coating 
is imperfect (commonly referred to as pinholes), so that spots of 
iron are uncovered, an electrolytic action is set up between the 
iron and the zinc, in the presence of moisture. This breaks the 
bond, and the protection that should be afforded by the zinc 
coating is destroyed. Zinc is readily soluble in dilute acids, so 
galvanized iron has a very short life in or aroimd a sulphite-pulp 
plant. Gtood sheet iron that is free from rust and that has 
been painted is much more serviceable. 

Tin. plate is sheet iron covered with tin, the process being much 
the same as that for galvanizing iron. 

Nickel-plated iron is iron having a coating of nickel, the 
nickel being applied by a process known as electroplaiing. The 
plating is a protective coating, as nickel is not readily affected 
in air by water and carbonic acid. It is, however, corroded by 
and is soluble in fumes of other acids, and it therefore protects 
the iron from such only for a short time. Nickel plating is 
largely used as a matter of ornament; with proper care, it pre¬ 
serves the metal imder it, while maintaining a highly decorative 
appearance. 

It may be remarked that it has recently been found that sheet 
iron containing small amounts of copper in its composition resists 
the action of the weather much longer than when the copper is 
absent. 

129. Some Iron Compounds.—There are not many compounds 
of iron that are of direct interest to the paper maker. The fer¬ 
rous compoimds arc usually light-green in color; they have a 
tendency to change into ferric compounds in the presence of air 
or oxidizing agents generally. If paper stock containing iron 
compounds (as it does at times) were bleached with sulphur 
dioxide, it would, as a rule, shortly “go back.” Ferric com¬ 
pounds are reduced to ferrous compounds by sulphur dioxide; 
but exposure to oxygen will very soon cause a reversion to the 
ferric condition again; consequently, sulphur dioxide is not practi- 
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cal as a bleaching agent for paper stock, where an off color is 
caused by iron. Iron in water is very detrimental to the making 
of white or delicately colored papers. It darkens or dulls the 
shade. 

130. Iron oxides and hydroxides are found in many places 
associated with clay; these compounds are known as ochers, 
and are used fis pigments for coloring purposes. If the propor¬ 
tion of iron is low, the color is light, forming yellow ochers, the 
darker shades containing more iron. When the ochers as found 
are subjected to heat, a great variety of shades is produced, 
from pale ycllpwish-bi’own to deep purple, dependmg on the 
temperature, length of time heate<l, and the character of the 
furnace—whether open (oxidizing) or closed (reducing). These 
pigments arc used in coloring paper. Compared with organic 
dyes, they have low coloring power; but on account of the clay 
present, they also act as a filler. Owing to their high specific 
gravity, they have a tendency to sink on going over the wire, 
so that the under side of the sheet is more highly colored than 
the upper side. It would help to remedy this defect somewhat 
if the ocher and stock were put into the beater and well circu¬ 
lated before adding size, and if the stock color and size wore 
again well circulated before adding the alum. By so doing, the 
color and fiber are intimately associated, and the flocculent rosin- 
alum compounds are precipitated around them as binders. 
These pigments occasionally form a part of the ink in old paper, 
and then give trouble in bleaching. A little hydrochloric acid 
helps to remedy this, but it should be carefully used and quickly 
washed out. 

131. Iron combines with sulphuric acid to form ferrous sul¬ 
phate, which forms crystals with 7 volumes of water, the molecu¬ 
lar formula being FeSOi-THaO. All the compounds of metals 
with sulphuric acid were formerly cnlled vitriols, ferrous sulphate 
being called green vitriol, copper sulphate, blue vitriol, and zinc 
sulphate, white vitriol, because of the color of the compounds. 
When ferrous sdphate was heated h^hly, the sulphuric acid was 
driven out, condensed, and called oil of vitriol or, simply, vitriol. 

132. Compounds containing the radical CN, as HCN, KCN, 
etc. are called cyanides, and the radical itself is called cyanogen. 
The rather complicated substances formed by combination of 
iron and alkali metals with cyanogen are important, as they are 
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the Bources of scvcml blue shades of the Pnmmn blue type. 
One method of getting this blue on paper stock is to add nitrate 
of iron to the stock as a mordant (see .‘Section on Coloring), and 
then potassium ferrocyanidc, also called yellow prussiate of potash, 
K 4 Fe(CN)e, the reaction giving a beautiful blue. This blue may¬ 
be bought as a paste blue and used directly. The term Prussian 
is due to the compound being derived from Prussic acid, the 
chemical name of which is hydrocyanic add, HCN, one of the 
most active and deadly of poisons. All the cyanides are ex¬ 
tremely poisonous, and must be handled with exceptional care; 
even their fumes are very poisonous. 

133. Writing Inks.—Iron is one of the chief constituents of 
writing inks; and, until the advent of the coal tar dyes, it was the 
principal constituent of all black writing inks. The effectiveness 
of iron in ink depends upon its reaction with tannic add to form 
taimate of iron, a deep black precipitate that is so finely divided it 
does not settle for a long while; in fact, under the conditions of 
modern ink manufacture, it is almost a solution. It is colloidal, * 
and the addition of a small amount of gum arable or sugar renders 
its suspension practically permanent. The bark of the oak tree is 
one of the chief sources of tannin in commerce. A small boring 
insect has a way of laying eggs in parts of the oak, which cause 
swellings on the twigs and branches; these are known as nvi 
galls, and they contain a high percentage of tannic acid. 

The older way of preparing ink was first to prepare an infusion 
of tannic acid by crusliing the nut galls, soaking them in water, 
straining off the resulting liquor, and adding to this an adequate 
amount of ferrous sulphate, when the black color was produced. 
The outline produced with this ink is not black at first, but 
becomes very dark in time. This drawback is overcome by 
adding a strong blue dye, so that when first -written, the ink 
appears blue, but later becomes black; this is the principle of the 
so-called hlue-bladc. inks. 

What are known as invisible inks are made in various ways, 
one being to make use of the iron-tannic acid reaction. Thus, 
write on paper with a solution of ferrous sulphate, which leaves 
no marks on the paper. When it is thoroughly dry, dip the paper 

* A colloidal substance, or colloid, is one whose particles are so finely 
divided that suspension of them in a liquid forms what is practically a 
solution. Some colloidal solutions will even pass through an oranaiy filter. 
Colloids settle very slowly if at all. 
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into a pot of tea that has stood for some time, and thus contains 
a solution of the tannic acid that is present in the tea leaves; the 
tannic acid combines with the ferrous sulphate of the writing 
and turns it black. 

134. Nickel; Symbol, Ni; Atomic Weight, 58.68; Sp. Gr., 8.9. 

Nickel is found in only a few places, the two chief sources being 
New Caledonia (an island in the South Pacific Ocean) and the 
Sudbury district of Ontario, Canada. The ore is a sulphide of 
nickel, with iron and copper and small amounts of gold and 
platinum. The ore is roasted, and the resultant mass, known 
as matte, is reduced and refined. Nickel is chiefly used as an 
alloy for steel and for nickel plating, although a small amount is 
used in coinage. Its compounds are not used in the paper 
industry. 

136. Manganese; Symbol, Mn; Atomic Weight, 64.93; Sp. Gr., 
7.39.—Manganese is found as a hydrated oxide called hog manga¬ 
nese and as the dioxide, pyrolusite. It occurs in many localities 
in North America, but not in very large quantities. Its use in 
steels has already been referred to. The dioxide, MnOj, is used 
in glass making to correct the greenish tinge due to iron present 
as an impurity. 

Manganese is interesting in compounds with sodium and potas¬ 
sium; in combination with oxygen, it forms negative ions, 
with the result that two acids arc generated—manganic acid, 
HjMn 04 , and permanganic acid, HMn 04 . The former has not 
l)een isolated, but the latter forms the salt permanganate of 
potash (potassium permanganate), KMn 04 , the use of which in 
bleaching has already boon mentioned. This compound or the 
analogous sodium permanganate, NaMn 04 , is used in sanitation 
as a deodorizer. Both salts contain a large proportion of oxygen 
that is not very strongly bound, and which readily combines 
with organic matter. The presence of this loosely bound oxygen 
makes potassium permanganate a very useful reagent in volu¬ 
metric analysis. 


QtJESTIONS 

(1) Do all metals liberate hj-drogen from acids? How would you prove 
your answer? 

(2) What effect may free sulphur in burner gases have on an iron fan? 
Write the equation for the reaction and suggest a remedy. 
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(3) How is it that concentrated sulphuric acid may be safely handled in 
iron drums, but dilute sulphuric acid cannot? 


COPPER AND LEAD 

136. Copper; Symbol, Cu; Atomic Weight, 63.67; Sp. Gr., 8.93. 

The symbol Cu is from Cuprum, a corruption of Cyprus, an 
island in the Mediterranean Sea where copper was found. Cop¬ 
per is found native in a number of localities. Its chief ores, 
however, arc the sulphides chalcopyrile and bomite. It is also 
often found as a carbonate in malachite, which is a beautiful 
green mineral of silky appciarance, and in azurile, an equally 
beautiful blue mineral. Copper forms two scries of compounds, 
cuprous and cupric; in the first, it is univalent (a monad), and 
in the second it is divalent (a dyad). 

Copper is used in the metallic form in many familiar ways; for 
instance, it is used to make pipes for paper stock, as a lining for 
beaters, to prevent discoloration by iron, and in many other 
forms, one of the principal ones being in the form of copper wire, 
for conveying electric currents. 

Copper is not directly attacked by acids, its salts being formed 
from the oxides. Nitric acid appears to attack it vigorously, 
but this is due to the strong oxidizing action of the acid. Hydro¬ 
chloric acid does not dissolve copper except in the presence of 
oxidizing compounds. For this reason, in addition to the others 
that were given in the discussion of bleaching, it is not desirable 
to heat the stock more than necessary when bleaching in the 
beater, because the hydrochloric acid and oxygen formed will 
shorten the' life of the wire in the drum washer by attacking the 
copper, which in most mills is more susceptible on account of 
second-hand machine wire being used. The reason that dilute 
acids attack machine wire is because it contains other metals 
(impurities) in addition to copper. 

Sulphuric acid attacks copper only when concentrated and hot. 
Copper pipe and apparatus may be used with sulphite liquors, 
since they are reducing, not oxidizing, agents. IVhen hot and 
under pressure, these liquors sometimes attack copper, probably 
on account of the action of sulphurous acid on the impurities 
present. Digester fittings are made of acid resisting bronze. 
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sulphur), with the result that after roasting in air some lead oxide, 
PbO, is formed and some of the sulphide, PbS, is left. When the 
air is shut out, the heat causes the sulphur of the remaming 
sulphide to combine with the lead oxide that was formed, accord¬ 
ing to the equation 

PbS + 2PbO = 3Pb + SOj 

It would appear to l)e a very economical process; and so it 
would Ix!, except that impurities such as antimony, zinc, and 
silver may be present and must be eliminated, and it is not easy 
to separate lead and antimony. Fortvmatcly, however, lead 
containing antimony is much harder than pure lead, and it does 
not collapse as lead does when made into pipes. This has been 
found to be of great value in the sulphite industry for the con¬ 
struction of coolers, eliminating in a large measure the leaks and 
other troubles incidental to the collapsing and “creeping” of 
soft lead pipe. About 10 per cent of antimony gives an excellent 
material. 

139. Another important scries of lead alloys are the bearing 

metals or Babbitts. One in use for general purposes has the 
following composition: Sn, not below 6^%; Cu Sb 

14-16%; Pb 77-79%; P .025-110%; impurities under .5%. 

140. Lead is a heavy, soft metal, which when freshly cut, is 
bright lustrous blue-gray; but the surface soon becomes dull on 
exposure to the air, because of the formation of a sub-oxide that 
later becomes a carbonate. Pure lead is not readily attacked by 
cold acids, but if it contain much oxide, it may then become 
spongy from corrosion. Lead is largely used for piping and for 
sheet-metal work, where its softness and pliability make for easy 
working and for facility in conforming to the surfaces to which 
it is attached. In the early days of the sulphite industry, it was 
employed to line digesters, and until recently, it was used almost 
exclusively for household piping and gutters. In cases where 
rain water or very pure spring water is used for drinking, there 
is danger of lead poisoning when the water stands in lead pipes of 
containers, because, if any carbonic acid be present in the water, 
it dissolves the lead to some extent. If a little carbonate of lime 
or other substance that makes hard water be present, a protec¬ 
tive coating of insoluble salts is formed in the pipe. All lead salts 
are poisonous, and the effect is cumulative; that is, the lead is not 
eliminated by the kidneys or bowels, but is retained, behaving 
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in a dangerous, disagreeable way, and eventually causing death. 
The sulphate of lead is insoluble; therefore, if lead has been 
taken internally, the treatment suggested (indicated, as the doc¬ 
tors say) is to change the lead compound into the insoluble sul¬ 
phate by giving the patient a sulphate, such as Epsom salts, 
which is magnesium sulphate. 

The valency of lead is rather puzzling; it is usually 2 or 4, but 
there are five different oxides, PbjO, PbO, PbOj, PbjOs, and 
Pbs 04 , of which the second, third, and last are of special interest 
here. 

141. Lead monoxide, PbO, called litharge, is largely used as a 
constituent of cement in digester linings, and is also used in glass 
making. Its reddish-yellow color and other physical properties 
render it useful in paints. 

Lead peroxide, PbOj, also called lead dioxide, is a brown powder, 
and acts as an oxidizing agent; it also forms an import.ant link 
in the chain of reactions upon which the lead accumulator, or 
storage cell, is based, and which will now be considered. 

The elements of a storage cell of the lead peroxide type are: 

(a) two plates of lead, corrugated or perforated so that 

(5) a pafstc of litharge may be spread on them and held in place; 

(c) a container filled with 20% sulphuric acid (about 1.142 
sp. gr.). 

The litharge coated plates are immersed in the acid solution, 
and the litharge, PbO, is converted into lead sulphate, PbSOi. A 
current of electricity is passed through the cell, and, as it will be 
remembered, when an electric current is passed through water 
containing sulphuric acid, the water is decomposed, giving up 
hydrogen at one pole and oxygen at the other (Experiment 1), 
and this is what happens here; but the hydrogen instead of 
passing off as a gas, takes the place of the lead in the lead sulphate 
and forms hydrogen sulphate (sulphinic acid). The lead is 
deposited as a black spongy mass on the plate that acts as the 
cathode. The oxygen at the other plate, the anode, secures the 
help of the sulphuric acid and forms lead persulphate, Pb ( 804 ) 2 , 
which is quickly hydrolyzed by the water, in accordance with 
the equation 

Pb(S04)2 -I- 2 H 2 O = PbOj + 2 HjS 04 
and a dark brown coat is laid on the anode. The cell has been 
“charged.” 
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As was previously noted, sulphuric acid is composed of hydro¬ 
gen ions and sulphate ions, and when the acid is in solution, these 
ions are more or less free. The charged cell contains two plates, 
one coated with finely divided lead and the other with finely 
divided lead peroxide, immersed in a solution of sulphuric acid. 
Now, when the charging current is cut off and a new circuit is 
made that connects the two plates, the hydrogen ions run over 
to the lead peroxide, which is reduced back to litharge again, 
thus 

PbOj + Hs = PbO -h HjO 

and the two atoms of hydrogen have given up two positive 
charges at that {mle. The sulphate ions, SO 4 , travel to the other 
plate and form lead sulphate with the spongy lead coating, giving 
up two charges of negative electricity for each sulphate ion, thus 

Pb -f 2 SO 4 = Pb(S04)2 

Consequently, one plate has a positive charge and the other a 
negative charge; and when the two plates are connected by a 
circuit outside the cell, a current will flow and'will continue to 
flow until the brown lead peroxide is all gone, when the cell is 
said to be “discharged.” Railroad cars and automobiles are 
lighted by storage batteries, and they can be equipped to utilize 
some of their motive power in rctiharging the ccUs. 

Red had, Pba 04 , when mixed with oil, is used to make tight 
joints in pipefitting; white lead and litharge are equally service¬ 
able for the same purpose. 

142. Lead Salts.—Lead salts are mostly insoluble in water, 
though lead nitrate and lead acetate are soluble. The acetate is 
commonly called mgar of lead; it has a sweetish taste, but like 
all the lead salts is very poisonous. 

Chrome yellow is load chromate, PbCr 04 , and is produced in 
the furnish by first adding to the beater either lead nitrate or 
lead acetate, which is allowed to circulate for a time, and then a 
solution of sodium bichromate, NaaCrjOj, when the insoluble 
lead chromate is precipitated in the fibers and the soluble sodium 
nitrate or sodium acetate is subsequently washed out. As the 
result of the reaction between the sodium bichromate and lead 
nitrate, lead bichromate is formed, thus: 

Na^CrjO, + PbCNO,)! = 2NaNO, •+ PbCrjO, 

But lead bichromate is unstable in water, and the resulting yellow 
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color is that of lead chromate, PbCrO?, which is probably formed 
directly from lead oxide in some intermediate reaction. 

White lead, or basic carbonate of lead, 2Pb(COa)s Pb(OH) 2 , 
is used as a pigment; it will be referred to briefly in the discussion 
of paints. 

143. Zinc; Symbol, Zn; Atomic Weight, 66.37; Sp. Gr., 7.10; 
Melts at dlO.i'C. —Zinc is found most frequently as a sulphide, 
ZnS, called zinc blende. This mineral is roasted to eliminate the 
sulphur, and is then further heated until the metal runs out. In 
this form, the metal is impure and is known as spelter. When 
cooled, pure zinc is brittle and breaks with a beautiful crystalline 
fraciture. 

Pure zinc is a bluish-white metal; when heated to 120'’C. to 
l.W’C., it can be rolled into sheets, which remain flexible when 
cooled; it is brittle at 200° to .300°C. It melts at 419.4°C. and 
lioils at 918°C. In pure dry air it exists for a while without 
change, and in most cases it will resist weather for a long tune; 
it is attacked by acid fumes in the air, however. As before men¬ 
tioned, zinc is largely used in the form of galvanized iron. 

Ordinary yellow brass is an alloy of zinc and copper, 2 parts 
copper to 1 part zinc, while red brass has 90% copper. There 
are also several alloys of zinc and aluminum. 

Alloys exhibit many astonishing properties. For instance, a 
certain alloy of zinc and aluminum contains 9.5% zinc and 5% 
aluminum, or 19 parts zinc and 1 part aluminum. The specific 
gravity of zinc is 7.1 and of aluminum 2.7; it would naturally 
be expected that the specific gravity of the alloy would be 
19X714-1X27 

- ' ^ ^^ = 6.88, assuming the alloy to be a mixture, 

but in reality it is only 2.8, only a trifle more than that of 
aluminum. As another example, there is an alloy called Wood’s 
metal, which consists of 4 parts bismuth, 2 parts lead, 1 part 
each of tin and cadmimn; the melting points of these metals 
are, respectively, 269.2°, 327°, 231.9°, and 320°C., and it could 
reasonably be expected that the melting point of the alloy, 
assuming it to be a mixture, would be 

269.2 X 4 + 327 X 2 4- 231.9 X 1 + 320 X 1 _ „oKi<.n 
4'+2-|-1+T 285JO., 

very nearly, but as a matter of fact, the molting point is 
65.5°C. (150°F.); that is, it will melt in water that would 
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not scald one’s finger. In fact, alloys can be produced that 
will melt at almost any desired temperature, a fact that is of 
great importance in the manufacture of sprinkler heads in fire 
extinguishing systems and of fusible plugs in steam boilers. 

144. Tin; Symbol, Sn; Atomic Weight, 119; Sp. 6r., 7.29; 
Melting Point, 231.9°C.; Boils at 2270'’C.—Tin is found in abun¬ 
dance in only a few places. Straits Settlements, England, and Boli¬ 
via being the chief sources. 

What is called sheet tin is usually shcfit iron plated with tin by 
dipping clean sheet-iron plates in molten tin. Block tin is the 
name given to material composed entirely of tin. Helical pipes 
of pure tin are used as condensers for distilled water, as tin is 
not affected by air or water or both at ordinary temperatures, and 
dilute acids act on it only very slowly. 

146. Tin forms two series of compoimds, in one of which it is 
divalent (a dyad) and in the other quadrivalent (a tetrad); 
these compounds are called stannous and stannic, respectively. 
Stannous chloride, SnClj, is u.sed as an accessory in some coloring 
processes, and is referred to as tin salts or tin crystals. 

146. Mercury; Symbol, Hg; Atomic Weight, 200.6; Sp. Gr., 
13.6; Melts at — 38.8°C.; Boils at 366.7°C.—^Purc mercury is a 
white, silvery liquid at ordinary temperatures; it is commonly 
called quicksilver, first, from its silvery appearance and, second, 
from the fact that it moves, the word quick here having a meaning 
opposite to that of the word dead. 

A familiar use of mercury is in the bulbs of thermometers, 
barometers, and manometers. Since it freezes at —38.8°C. 
(—37.84°F.) and boils, vaporizes, at 356.7°C. (674°F.), it cannot 
ordinarily used beyond these temperatures; but by filling the 
space in the tube above the mercury with an inert gas, like nitro¬ 
gen, the gas will bo corapresaod as the mercury rises, which in¬ 
creases the pressure on the mercury, raises its boiling point, 
and makes it possible for a mercurial thermometer to indicate 
temperatures considerably higher than 674°F. (356.7‘’C.). 

The bright red pigment known as vermiUion is mercuric 
sulphide, HgS, but it is expensive, for which reason red lead and 
organic coloring matters are much used instead. Mercury 
occurs as a sulphide in the ore called cinnabar, and it may be 
obtained from this mineral and also from mercuric oxide simply 
by heating. 
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147. A m alga m s are alloys in which one of the constituents is 
mercury. Gold amalgam, for example, is the alloy obtained when 
gold is dissolved in mercury. Sodium amalgam plays an im¬ 
portant part in one type of electrolytic cell used in mailing bleach; 
in contact with water, the sodium acts as if it were free, fonning 
sodium hydroxide (NaOH) and lilx;rating hydrogen. Amalgams 
of tin or silver are used for the backs of mirrors. 

Corrosive sublimate is mercuric chloride, HgCJU, commonly 
called bichloride of mercury. It is a white, finely crystalline powder, 
intensely poisonous, and is a powerful disinfectant and germicide. 
It is soluble in water, and is used in surgery as an antiseptic. 
Calomel is mercurous chloride, HgCl, commonly called chloride 
of mercury, and is used in medicine; while not poisonous, it 
should not be taken except as prescribed by a physician. As 
used, it is a white powder, which should not be exiwsed to sun¬ 
light, .since the light affects it, liberating chlorine and forming 
some meniuric chloride, IlgCU; the latter has been used for calo¬ 
mel by mistake, with fatal results. 

148. Gold; Symbol, Au; Atomic Weight, 197.2; Sp. Gr., 
19.33.—Gold is readily soluble in mercury, and much of the finely 
disseminated gold in gold ores is recovered by dissolving it out 
with mercury and then vaporizing the mercury. The gold is left 
Iwhind, as it does not even melt until a temperature of 1062.4“C. 
(1944°F.) is reacihed; the mercury vapor is collected, condensed, 
and may be used over again, the process being repeated indefi¬ 
nitely. This method of obtaining metallic gold is called the 
amalgamation process. 

149. Aluminum; Symbol, Al; Atomic Weight, 27.1; Sp. Gr., 
2.66; Melts at 668.6°C. (1217.3°F.).—This metal occurs univer¬ 
sally, and ranks third in the list of elements that compose the 
enrth, being exceeded only by oxygen and silicon. Having a 
strong affinity for oxygen, it is never found native, but exists 
chiefly as a silicate in different kinds of clay, all of which are 
silicates of aluminum, with varying amounts of impurities and 
water of constitution. These will be described in connection with 
the element silicon. Aluminum is prepared commercially from 
bauxite, a mineral containing a large proportion of alumina, 
which is the common name for aluminum oxide, AUOs. A 
familiar compound of aluminum is emery, which is a common form 
of the mineral corundum; it is extremely hard and is much used as 
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an abrasive. With traces of other substances, such as manganese 
and chromium, corundum forms such precious stones as the 
ruby, sapphire, oriental amethyst, and oriental topaz. 

Bars, slieets, and wires of aluminum are not much affected by 
exposure to the atmosphere, because a film of oxide quickly 
forms on the outer surface and protects it. This fact, coupled 
with a conductivity nearly as high as copper and a specific 
weight only about one-third that of copper, makes aluminum 
wire a voiy desirable substitute for copper in transmitting 
electric currents. 

160. The most interesting salt of aluminum in paper making 
Ls aluminum sulphate, Ala ( 804 ) 3 , also called sulphate of alumina 
and referred to as papermaker’s alum. (Sec Art. 76.) It 
cryst.-illizes with 18 molecules of water as Al 2 (S 04 ) 3 T 8 Il 20 , the 
molecular weight of which is 2 X 27.1 + 8(82.1 + 64) -1- 18 
X 18 “ 666.5; hence, the crystal contains 324 666.5 = .486 

= 48.6% water. 

The alums proper are double salts that contain alkalis as well as 
aluminum, all of which crystallize with a largo proportion of 
water of crystallization. For instance, there is sodium alum, 
Al 2 (S 04 ) 3 -Na 2 S 04 - 24 H 20 ; also, iron and chromium sulphates 
form alums without aluminum, but crystallizing in the same 
form with 24 molecules of water. PYom this it will b(i seen that 
the alum family is a large one. 


PAINTS AND PAINTING 

161. Paints may be considered as being made up of a pigment 
and a vehicle, the pigment being the coloring material and the 
vehicle the liquid that holds it so it can be applied to the surface. 

162. Pigments are usually dry, powdered mineral or metallic 
oxides, carbonates, sulphates, or silicates. Theochers—brown, 
yellow, red, and purplts—arc oxides of iron, prepared by heating 
the natural mineral, either to dry it for grinding and sifting or to 
produce varying shades, which depend upon temperature and fur¬ 
nace conditions. 

163. White Lead.—White lead is basic carbonate of lead (Art. 
142), 2Pb(COs)2 Pb(OH) 2 , and is prepared from metallic lead by 
two general processes: the older “Dutch” process, and the more 
recent quick process. 
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The Dutch or old process takes about 3 months to complete. 
It consists of submitting buckle-shaped pieces of lead to the action 
of acetic acid (vinegar) and carbon dioxide, which is produced 
in the same chambers from fermenting tan bark. Eventually, 
a hydrated carbonate of lead, 2 Pb(C 03 )j Pb( 0 H) 2 , is produced. 

In the quick or new process the acetic aedd solution of lead is 
acted upon directly by carbonic acid (carbon dioxide) gas or an 
alkaline carbonate. According to some authorities, the old 
process produces a better pigment. 

154. Zinc Oxide.—^Zinc oxide is used as a pigment, and is 
known as zinc white. It is preferred to white lead because it 
does not blacken under the action of sulphurous fumes, aslead 
docs; this is because lead sulphide is dark brown or black, while 
zinc sulphide is white. There are other technical points in favor 
of zinc: it dries harder than white lead, and is thus used in getting 
enamel effects; but it may produce a brittle coat; hence, where a 
lasting color is not necessary and long protection is required, a 
mixture of the two pigments is very satisfactory. 

166. Other White Pigments.—There are other white pigments, 
such as whiting, baryiex, barium sulphate, and lithopone. The 
last is a mixture of zinc sulphide and barium sulphate, produced 
by adding a solution of zinc sulphate to one of barium sulphide, 
thus: 

ZuS 04 + BaS = ZnS -|- BaS 04 

The reaction products are both insoluble white precipitates, and 
they have no paint value in this form. But, an Englishman 
named Orr discovered a method of so treating them that they 
are now used very largely in paints, and have been found to 
have even more covering and hiding value than zinc oxide. This 
paint is also known as Orr’s white, ponolith, Beckton white, and by 
several other names. 

166. Extenders.—It has been found that perfectly pure pig¬ 
ments, like white lead, lead sulphate, zinc oxide, lithopone, do 
not give such good service as they do when diluted with what are 
known as extendms. Those are inert silicates, china clay, talc, 
etc., which not only increase the life of the paint but also make 
the matter of repainting more satisfactory. Yet only a few years 
ago they were considered adulterants, and efforts were made to 
keep the paint makers from using them. 
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167. Whiting.—^Whiting is carbonate of lime, and while it is 
deficient in covering power when used pure, it is not deserving 
of the poor opinion some paint people have of it. It serves to 
correct any acidity that might occur in a paint, and some paint 
makers use a little of it in all their products. Whiting is generally 
prepared from chalk, sometimes from marble, by grinding and 
boiling (screening) through a 200-mesh sieve. The marble 
dust, and similar material, has what is technically termed tooth, 
and is therefore a good element in priming coats; it also leaves a 
Ixitler surface for repainting. The tooth is due to the angular 
crystalline edges of the fine fragments. 

168. Gypsum .—Calcium svlphaie, otherwise called sulphate of 
Ume and gypsum, familiar in paper mills as crown fiRer, etc., is 
another of the white pigments around which much discussion 
has centered. If not completely dehydrated, it acts somewhat 
as in plaster of Paris, taking water from its neighbors to complete 
its molecule in the crystalline form, CaS 04 - 2 H 20 , which causes a 
hardening or setting of the paint when stored. Neither whiting 
nor gypsum should contain any free lime, and since some artificial 
preparations of both arc not free from this defect, it is better 
to use the natural material. 

169. Colored Pigments.—The white pigments, extenders, and 
ochers form the bulk of the pigment material. Coloring ma^ 
terials, such as smalts, ultramarine, pnissian blue, red lead, lith¬ 
arge, Vermillion, and some of the organic colors, arc used to 
produce the many shades called for. 

160. The Vehicle.—The vehicle is the liquid part of paint; it 
may consist of three pari.s: oil, drier, and volatile thinrm. Some¬ 
times gums are added, but these are ground with the pigment. 

161. Oils Used in Vehicles.—The oils used are of the class 
known as drying oUs, that is, oils that when spread in thin films 
and exposed to the air combine with oxygen to form a rubbery 
or hard surface. When paint is thus exposed, the surface of 
the vcliiclo is multiplied tremendously by being spread over the 
particles of a pigment mixed with the oil, and the film produced 
becomes hard and dry in a day or so. 

The oil most commonly used for paint is linseed oil, obtained 
by pressing flax seed, which contains 35 to 40 per cent of oil. 
After linseed oil has been stored for some time, it shows a sediment 
of flocculent material known as foots. Some linseed oils, on 
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heating to about 350“F., exhibit what is called a break, that is, 
they become cloudy by the separation of mucilaginous matter. 
Such oils, and those containing foots, are not suited to some pur- 
pxMes, and are refined. This is done by agitating with 1% of its 
weight of sulphuric acid and subsequently washing with water; 
or by heating modfrately, and stirring with fullers’ earth, fol¬ 
lowed by filtration. Oil for use in paints should bo free from 
foots, but an oil that breaks may be used for paint making. 

Linseed oil, when heated with oxides of lead, manganese, or 
cobalt, exhibits greatly increased drying properties; such oil is 
called boiled oil, though, properly speaking, it is not boiled, since 
decomposition follows heating at too high a temperature. Some¬ 
times the metallic oxides are heated with rosin and then mixed 
with the oil; these are called resinate boiled; but, if excessive 
amounts of rosin are used, the oil is inferior. Those oils in which 
the metallic oxides arc heated with linseed oil arc said to be 
linoleale boiled. 

Other oils are used for paint, such as China wood oil, also called 
tung oil, and soya bean oil, and these are being increasingly con¬ 
sumed. 

162. Driers.—If boiled oil is used, the paint dries too soon to 
a hard, brittle coat; therefore, a certain amount of raw oil is 
used to produce a slower drying and a more elastic coat. In 
fact, it is believed by quite competent authorities that raw oil 
will make as good paint as boiled oil, though in such eases a 
little Japan drier should be added. Japan drier, or Japans, as 
they are usually called, are made by heating oil with metallic 
oxides and adding turpentine or a light petroleum oil. Conse¬ 
quently, they are called at times turpentine driers. 

163. The Thinner.—^The thinner most employed and most 
preferred by paint makers is turpentine, which is distilled from 
the resins of the southern pines. Another variety is distilled 
from the wood itself, by steam, but it is not so uniform. Of 
this class would be any timpentine that might be obtained as a 
by-product in the pulp industry where a resinous wood is used, 
especially, in making sulphate pulp from jack pine. Another 
much used thinner is a light petroleum distillate that is similar 
to gasoline. Coal tar furnishes another light-oil distillate that 
is used to some extent as a thinner. 

The requirements of a good thinner are that it shall be com- 
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pletely volatile and a good solvent; the latter term meaning that 
it shall not cause any flocculation or separation of the materials, 
its function being to thin the paint for increased covering power 
or to improve its working quality under the brush. 

164. Better service and a saving of time in repainting would 
result in many cases by cooperation between the painter and the 
paint chemist. The atmospheric conditions, reflection and 
absorption of light, speed of drying, etc., are all points worthy 
of careful study, and they cannot be economically left to chance. 

Much practical information on oils, paints, and varnishes is 
concisely given in Circular No. 69, of the United States Bureau 
of Standards, reference to which is hereby acknowledged by the 
writer. 


CARBON AND SILICON 

166. Two General Classes of Carbon Compounds.—Every 
h'ving thing, animal or vegetable, and everything derived from 
things that are alive or have once lived contain carbon, and all 
such substances are termed organic substances. Many other ' 
substances that are closely allied to these in their chemical 
composition are classified as organic for this reason, though 
they are not organic in the sense of having once formed a part 
of the animal or vegetable kingdom; for this reason, the term 
carbon compounds is frequently used instead of the word organic, 
and the longer term, chemistry of the carbon compounds, is 
employed instead of organic chemistry, when one wishes to be 
precise. 

The compounds of carbon included under the head of organic 
chemistry are almost innumerable, and some of these will be 
considered later. There are, however, a few (comparatively 
speaking) compounds of carbon that belong to inorganic chem¬ 
istry, and these, together with the element itself, will be con¬ 
sidered here. 

166. Carbon; Symbol, C; Atomic Weight, 12; Valence, 2 and 

4.—Carbon occurs in three well recognized forms, two of which 
are crystalline and the other is amorphous (without form). The 
diamond is a crystal of practically pure carlwn; it is the hardest 
substance known. Graphite is another crystalline form of car¬ 
bon, but is widely dififerent in its physical characteristics from 
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the diamond; the so-called “load” in a lead pencil consists princi¬ 
pally of graphite. Coal, coke, and charcoal constitute varieties 
of the amorphous form of carbon. 

167. Coal.—Every coal l)cd is made up of what was once a 
forest, the transition from a tree to coal being somewhat as 
follows: first, a bog, then peat, next lignite, then, in succession, 
semi-bituminous, bituminous, semi-anthracite, and anthracite 
coid. 

Anthracite is the oldest and purest form of coal; it contains a 
very high percentage of carbon, and is frequently called hard 
coal. Age, enormous pressure, and temperature have combined 
to remove nearly all the volatile and liquid impurities, with the 
result that when it burns there is very little flame and practically 
no smoke. This is the chief domestic coal, but the dust and very 
fine sizes are burned in power plants that are especially equipped 
for that purpose. To burn this coal successfully, the fires should 
be thin, constantly fed, not “worked” too much, the grates 
should have small openings, and there should be a good draft. 

Steam coal has several subdivisions, according to locality 
where mined and the use to which it is put. Among these arc 
semi-anthracite, which (as the name indicates) tends to the an¬ 
thracite class, and gas coal, which is used for the preparation of 
illuminating and heating gas. This coal contains impurities, 
mainly volatile, and yields a large volume of gaseous material 
when heated. 

168. Gas Making.—In the manufacture of gas, the coal is 
heated in closed chambers, called retorts. As the gas comes off, 
it contains water vapor, ammonia, and tarry matter. It is 
then washed by “scrubbing,” as the process is called, in towers, 
the gas going in at the bottom of the tower and leaving at the 
top, being washed in the meantime by a current of water trickling 
down over baffle plates, which removes the ammonia. The 
tarry matter is collected in traps, and a part of it is recovered 
also from the ammoniacal water. Many valuable chemicals, 
such as benzene, carbolic acid, naphthalene, etc., are obtained 
by distillation of the tar. The residual tar is used for roofing 
and for other waterproofiing purposes. The chemicals that are 
recovered from the tar form the basis of the great coal-tar indus¬ 
try and of many compounds used in medicine and photography. 

After removing the tar and ammonia, the gas still contains 
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sulphur, which must be removed to prevent odor when burning 
and to prevent blackening the paint in houses. This is accom¬ 
plished by passing the gas over iron oxide, spread out in large 
flat pans. The oxide combines with the sulphur to form sulphide 
of iron. The spent, or used, oxide, after its sensitiveness has 
been destroyed by absorption of sulphur, may be renovated by 
exposing it to the air, as the sulphide of iron that is formed in 
this manner is very unstable. The washed gases are dried over 
quicklime, which also absorbs any carbonic acid that may be 
present, and are finally stored in large inverted tanks, open at 
the lower end and scaled by water; these tanks are called gas¬ 
ometers, and are a familiar feature of city skylines. 

After the gas and other volatile substances arc driven off from 
the coal, the solid carbon (with its combined ash) is left in the 
retort in fragments that have much the same general shape as 
the coal fragments from which the gas was derived; this material 
is relatively hard, and is called coke. Coke is an excellent fuel, 
being smokeless, and it does not clinker; it is not readily ignited, 
and it requires a strong draft, burning with an intense, steady 
heat. 

A recent method for firing coal for industrial purposes is to 
grind it very fine, so fine that when mixed with fuel oil it is 
almost in a colloidal state; this mixture is then sprayed into the 
firebox. This method has been employed successfully in oil- 
fired boilers. 

169. Graphite.—Carbon is found in many places in a form 
variously known as graphite, plumbago, and black lead. Graph¬ 
ite is both crystalline and amorphous, the flake graphite being 
crystalline. The crystals, however, have an entirely different 
shape from those of the diamond. Graphite can be burned only 
with difficulty, for which reason it has been used as a Uning to 
protect crucibles from the action of molten masses that have 
been heated in them. Flake graphite, with or without oil, is 
used as a lubricant for heavy bearings on slow-moving shafts. 
It has no grit, is unaffected by any increase in temperature due 
to friction, and is superior to oil for many purposes. 

An important use for the amorphous graphite is in the manu¬ 
facture of carbons of electric-arc lights; also, as anodes for electric 
furnaces and electrolyrtic cells for bleaching plants. Artificially 
prepared graphite is used in making anodes, because it is more 
uniform than the gaS-retort carbon that was formerly used. 
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Gas-retort carbon is a form of graphite that is deposited inside 
the retorts in gas works; it is very dense, and when ground and 
compressed it made fairly good electrodes for arc lamps. It was 
fotmd, however, that occasional impurities caused local action 
in the electrodes and impaired their usefulness. 

170. Bone Black and Lamp Black.—^Bone black, which is 
sometimes called animal charcoal, is made by heating bones and 
animal refuse in closed vessels that do not admit air. A number 
of volatile substances are first driven off by the heat, and these 
are sometimes condensed and recovered. Eventually, there are 
left the charred bones (and the carbonized residue of the animal 
refuse), which consist of carbon and calcium phosphate, and are 
sometimes used as a pigment when finely groxmd. A high-grade 
black is prepared by dissolving the phosphate with hydrochloric 
acid, washing, drying, and grinding the unaffected carbon re¬ 
maining, which is known as bone black. Bone black has 
the power of absorbing colors and odors from solutions that may 
be filtered through it; it is used, for example, in sugar refining. 

When oils, rosin, turpentine, or kindred substances bum, they 
give off a heavy, black smoke. The smoke is unconsmned carbon, 
and a very old practice is to cause this smoke to be deposited, 
like soot, on a cold surface, from which it is removed and used 
for paints and inks, for example, in India ink. It is known as 
lump black, from the familiar phenomenon of blackening the 
chimneys of oil-burning lamps. 

171. rhnr enal- —ChaTCoal has been used for fuel and other 
purposes from ancient times. It is prepared from wood by 
heating the wood to a high temperature, without access of air, 
and driving out the volatile substance. This is done in various 
wa 3 f 8 , one being to use retorts in practically the same manner as 
when making coke in gas manufacture, in which case, the valu¬ 
able volatile products are condensed and saved. Both coke and 
charcoal are extensively used in the manufacture of steel and in 
other reduction processes. Charcoal is very useful for filtering 
purposes, thoi^h not as effective as bone black in special cases. 

172. Oxides of Carbon.—Carbon forms two oxides, the mon¬ 
oxide, CO, in which it is divalent, thus, C = 0, and the dioxide, 
COj, in which it is quadrivalent, thus, 0 = C = O. In the first 
case, carbon a dyad and m the second case, a tetrad; in most 
of its chemical relations, it acta as a tetrad. 
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Carbon has a strong affinity for oxygen, and is, therefore, of 
great use in metallurgy, as was previously mentioned, since it 
takes oxygen from metallic oxides (ores) and reduces them to 
metals, the carlwn combining with the oxygen. Carbon monox¬ 
ide, CO, is formed when organic matter, coal, or other forms of 
matter containing carbon is burned with an insufficient air 
supply. Carbon dioxide is usually formed first in ttiis process; 
but it has to divide its oxygen with the excess of carbon present, 
reducing to the monoxide, in accordance with the reaction 
CO 2 + C = 2CO 

This reaction occurs in producer-gas plants, which are essentially 
stoves or furnaces in which coal is burned with only enough air 
to form CO instead of CO 2 . Its presence in flue gas from a 
boiler plant indicates insufficient oxygen in the fire box. 

173. Gas Engines.—When the CO (produced as just de¬ 
scribed) is not used immediately, as in glass works, it is cooled 
and stored in gasometers for future use, as in the cylinders of gas 
engines, which are also called internal combustion engines, and 
which operate in a manner very similar to the engines of automo¬ 
biles. In the case of a gas engine, a mixture of air and gas is 
admitted to the cylinder, where it is ignited. The resulting 
combustion, which is so rapid as to be called an explosion, 
increases the temperature of the gas mixture to a very high point, 
causing it to expand and force the piston to the other end of the 
cylinder. By a suitable arrangement of valves, etc., a regular 
series of explosions, on one side or on both sides alternately, of 
the piston, causes it to move to and fro in the same manner as in 
the case of a steam engine. The burned gases are forced out of 
the cylinder on the return stroke in the same manner that the 
exhaust steam is forced out of the steam-engine cylinder. 

174. Reason for Using Carbon Monoxide.—If carbon could 
be readily volatilized, it would not be necessary to use CO; but 
since it becomes a gas only at temperatures above 3500°C. 
(r)332°F.), it must first be burned to the first stage of oxidation 
in order to get it into a gas form. It might be asked, “why is 
it not sufficient to use carbon as a fuel? Why convert it into a 
gas?” This is done mainly because the process is more econom¬ 
ical. When coal is burned under a boiler to produce steam, so 
much of the original energy of the coal (heat units generated by 
the combustion) is lost that it is quite common to find only 26 
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per cent of total heat energy of the coal is delivered for useful 
work in the engine cylinder, the remaining 76 per cent being 
dissipated in the heat carried up the stack in the escaping hot 
gases, unconsumed carbon in the smoke, heat required to raise 
the temperature of the air used for combustion, an over supply of 
such air, heat losses from radiation, etc., etc. But when the 
carbon is converted into carbon monoxide and used directly 
in the engine cylinder, there is a great saving in heat units. 

176. Carbon Monoxide.—Carbon monoxide is very poisonous 
when inhaled; it is not soluble in water. It enters into direct 
combination with oxygen, chlorine, and some other elements, 
one of these compounds being COClj, the chemical name for 
which is carbonyl chiwide, but is commonly called phosgene gas, 
which was one of the poison gases used during the late war. 

176. Carbon Dioxide and Carbonic Acid.—Carbon dioxide, 
CO 2 , which is commonly, but erroneously, called carbonic acid, 
is formed whenever carbon is burned and a sufficient amount of 
air (or oxygen) is present during the combustion. The amount 
present in flue gases is an indication of the efficiency of the boiler 
house. As before stated, it is carbonic anhydride, the anhydride 
of carbonic acid; its density is 1.5 times that of air, and it is 
soluble in water, 1 volume of water dissolving 1 volume of the 
gas at IS’C. and atmospheric pressure; the resulting solution 
has a biting, pungent taste, somewhat like a weak acid solution. 
Carbon dioxide is used in the manufacture of soda water and 
other effervescent drinks and portable fire extinguishers; a 
comparatively small quantity in the air will smother a fire by 
displacing or diluting the oxygen. This may be demonstrated 
by breathing gently on a small match flame. 

Carbonic acid is so very unstable that it is known only in the 
form of a very dilute solution; any attempt to isolate it results 
in its being broken up into carbonic anhydride and water, in 
accordance with the reaction 

HjCOs = CDs + H,0 

This acid forms a number of very important salts. Since it hM 
2 replaceable hydrogen atoms, it forms both normal and acid 
salts (see Art. 71); but, because it is such a weak acid, both the 
normal and the acid carbonates of the alkalis have a marked 
reaction. The salts, carbonate of soda (NajCO,) and 
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carbonate of lime (CaCOs), which are the two most important 
carbonates in the paper industry, have already been discussed. 

177. Silicon; Symbol, Si; Atomic Weight, 28.3; Valence, 4.— 
This clement is, next to oxygen, the most abundant in nature; 
it makes up 28 per cent of the earth’s crust. It is never found 
native, but always in compounds, either as an oxide or as a sili¬ 
cate. The oxide SiOs is usually called silica. Quartz is silica, 
and sands are composed largely of quartz. Practically every 
kind of n)ck contains silica to some extent. 

Silicon, like carbon, is a tetrad; it has four bonds. Like carbon, 
it exists in three allotropic forms—two of them crystalline and 
one amorphous. Theoretically, at least, and with much support 
from practical results, various series of compounds of silicon, just 
as intricate, varied, and numerous as those of carbon, may be 
constructed. 

Silicon combmes very readily with oxygen, but only one oxide 
is known; this is commonly called silica, the chemical name being 
either dUeic oxide or dlicon dioxide, and has the structural for¬ 
mula 0 — Si = 0. The element, which is a non-metal, may be 
isolated by electric reduction, by which process it is found as a 
brown powder or as fine, dark-gray scales that are similar to 
graphite; consequently, this form is called graphitoid dlicon. 
The alloy, ferrodlicon, finds an important application in the 
metallurgy of iron. 

Carborundum is the name given by its discoverer. Dr. Acheson, 
to dlicon carbide, SiC, which is prepared in the electric furnace; 
it is almost as hard as the diamond, for which reason it has wide 
use as an abrasive, taking the place of emery and corundum. 

Glass is a compound containing a wide range of substances, 
according to the purpose for which it is to be used; its chief 
constituent, however, is silica in the form of silicates of lime, lead, 
and soda. A great many important substances are silicates; thus, 
talc, asbestos, and mica are silicates of magnesia, and so is slate. 

Clays, including china clay, are silicates of alumina, differing 
from one another by reason of the presence of various impurities 
or, owing to the prraonce of more or less water of combination, 
having different physical properties. If alkalis, like soda, potash, 
or lime, or metals like iron and lead, are present, the clay will 
not be refractory, that is, it will not withstand very high tem¬ 
peratures, because these substances form silicates that fuse at 
lower temperatures. If the amount of water of combination 
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is small or if it is driven out by heating, the clay cannot be used 
for modeling; it is said to lack plasticity. The plasiicity, or 
stickyness, of clay makes clay of importance to the paper maker 
as a filler, i.e., a substance which fills the pores between the 
fibers of the paper and produces a flat, smooth surface that takes 
ink well in printing; clay, talc, etc., when thus used, arc also 
called loading. 

Silicate of soda, otherwise called water glass, is used as a binder 
for cements and pastes that have to withstand high tcmj)era- 
tui’cs. It is also largely used in making paper boxes (cementing 
the layers of laminated boards), and to some extent to give stiff¬ 
ness to paper. ' Water glass mixed with litharge (yellow oxide 
of lead, PbO) is used as a cement in sulphite digester linings. 


QUESTIONS 

(1) If the wire of a pjip«ir mtichme Ik; atlaeked l>y the paper stock, what ie 
likely to Ixj the cause? 

(2) Why is antimony present in lead for sulpliil* niillH? 

(3) What compounds of lead are useful in the pulp or paja-r mill, and for 
what is each used? 

(4) What is the perceiiltige of aluminuin sulphate in Al 2 (SO,) 3 *lSUaO? 

Am. 51.4%. 

(5) Is boiled linseed oil a suitahle lubricant? Kxplain your answ<!r. 

(0) W'hat substance is used to make lead pencils? What is the principal 
element prestmt? 
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carbonate of lime (CaCOs), which are the two most important 
carbonates in the paper industry, have already been discussed. 

177. Silicon; Symbol, Si; Atomic Weight, 28.3; Valence, 4.— 
This clement is, next to oxygen, the most abundant in nature; 
it makes up 28 per cent of the earth’s crust. It is never found 
native, but always in compounds, either as an oxide or as a sili¬ 
cate. The oxide SiOs is usually called silica. Quartz is silica, 
and sands are composed largely of quartz. Practically every 
kind of n)ck contains silica to some extent. 

Silicon, like carbon, is a tetrad; it has four bonds. Like carbon, 
it exists in three allotropic forms—two of them crystalline and 
one amorphous. Theoretically, at least, and with much support 
from practical results, various series of compounds of silicon, just 
as intricate, varied, and numerous as those of carbon, may be 
constructed. 

Silicon combmes very readily with oxygen, but only one oxide 
is known; this is commonly called silica, the chemical name being 
either dUeic oxide or dlicon dioxide, and has the structural for¬ 
mula 0 — Si = 0. The element, which is a non-metal, may be 
isolated by electric reduction, by which process it is found as a 
brown powder or as fine, dark-gray scales that are similar to 
graphite; consequently, this form is called graphitoid dlicon. 
The alloy, ferrodlicon, finds an important application in the 
metallurgy of iron. 

Carborundum is the name given by its discoverer. Dr. Acheson, 
to dlicon carbide, SiC, which is prepared in the electric furnace; 
it is almost as hard as the diamond, for which reason it has wide 
use as an abrasive, taking the place of emery and corundum. 

Glass is a compound containing a wide range of substances, 
according to the purpose for which it is to be used; its chief 
constituent, however, is silica in the form of silicates of lime, lead, 
and soda. A great many important substances are silicates; thus, 
talc, asbestos, and mica are silicates of magnesia, and so is slate. 

Clays, including china clay, are silicates of alumina, differing 
from one another by reason of the presence of various impurities 
or, owing to the prraonce of more or less water of combination, 
having different physical properties. If alkalis, like soda, potash, 
or lime, or metals like iron and lead, are present, the clay will 
not be refractory, that is, it will not withstand very high tem¬ 
peratures, because these substances form silicates that fuse at 
lower temperatures. If the amount of water of combination 
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EXAMINATION QUESTIONS 


(1) Wliat are the chief causes for the presence of flower sulphur 
in cooling systems of paper mills? 

(2) How did the low melting point of sulphur bring about a 
groat change in the market? 

(3) How does the fact that sulphur combines readily with 
oxygen affect the sulphite pulp industry? 

(4) How is it that sulphuric acid is present to some extent in 
burner gases? 

(5) What is the difference between compounds ending in ite 
and those ending in (del 

(6) (a) What docs the reaction expressed by the following 
equations refer to? 

CaCOs + BOt + HjO = CaSOs + HjO + CO, 

CaSO, + HaO + SOa = CallaCSO,), 


(6) How many kilograms of limestone containing 95% CaCOj 
will produce 10,000 liters (1 liter weighs 1 kilogram) of cooking 
acid containing 1 % of combined SO, as CaSOs? Am. (6)87.7 Kg. 

(7) What is the reaction when quicklime is slaked with water? 

(8) (a) How is sulphate of lime obtained for “crown filler”? 
(6) How many pounds of the sodium compound and of the cal¬ 
cium compound arc required to make 100 pounds of crown filler 
containing 10% moisture in addition to the water normally 

Sec Art. 93. 

Sodium compound, 74.3 lb. 
Calcium compound, 58.1 lb. 

(9) What is the objection to the use of dolomite in the tower 
system for making srdphite liquor? 

(10) (o) What two members of the halogen group are of inter¬ 
est in the pulp and paper industry? (6) What is the valency of 
the members of the halogen group? 

123 


present as water of crystallization? 

Am. 
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(11) (a) When chlorine or its compounds are used for bleach¬ 
ing, is chlorine the active (direct) agent? (6) What is there in 
common between bleaching by chlorine and bleaching by ex¬ 
posure to air? 

(12) What substances likely to be present in paper stock do 
not become white when treated with a solution of bleaching 
powder? 

(13) What is meant (a) by the term “available chlorine”? 
(ft) by antichlors? 

(14) How is it that the two atoms of univalent chlorine in the 
anhydride CUO are apparently able to liberate two atoms of 
divalent oxygen in the reaction incidental to bleaching? 

(15) (a) Into what two general classes may elements be 
divided? (ft) Can this distinction be made in all cases? 

(l(i) Why does copper appear on a steel knife blade when 
dipped into a solution of copper sulphate? 

(17) What is the function of iron in writing ink? 

(18) What Ls the meaning of the suffixes ous and ic in such 
words as ferrous and ferric? 

(19) (a) What is the difference between cast iron and steel? 
(ft) What is meant by annealing? 

(20) Why do ochers tend to produce paper that is darker on 
the wire side? 

(21) How can copper sulphate be used as a test for the pres¬ 
ence of very small amounts of water? 

(22) (a) What is “half-and-half” solder? (ft) What principle 
is involved in the action of sprinkler heads? 

(23) What is the difference between corrosive sublimate and 
calomel? 

(24) (o) What is the difference between whiting and white 
lead? (ft) Why is zinc wliite paint preferable to white lead 
paint in a sulphate pulp mill? 

(25) (a) What is meant by a “drying oil”? (ft) Why is lin¬ 
seed oil boiled? 

(26) What are some of the by-products of making coke? 

(27) Mention two properties of (a) carbon monoxide; (ft) 
carbon dioxide. 
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ORGANIC CHEMISTRY 


ALIPHATIC COMPOUNDS 
GRAPHIC FORMULAS 

178. Empirical and Constitutional Fonnulas.—A fonnula like 
HaS 04 is called an empirical formula, because all that it shows 
is the number and kind of atoms in a molecule; it indicates neither 
how the atoms are arranged nor how the molecule splits up when 
taking part in a chemical reaction. If, however, the formula be 
written Hs-S 04 it is immediately inferred as soon as the for¬ 
mula is seen that, under proper conditions, the two hydrogens 
may be replaced by a bivalent clement or radical. The formula 
may also be written H H ‘804, indicating that Hj may be replaced 
by two univalent atoms or one atom of a dyad, and that metals of 
higher valence would require more than one molecule of sulphuric 
acid. (See Art. 76.) Such formulas are called constitutional 
formulas. Thus, ferrous sulphide, FeS, contains 1 atom of iron 
and 1 atom of sulphur, both of which are dyads in this case; 
consequently, the reaction indicated by the following equation 
may be expected 

FeS + H 2 SO 4 = Fe SOi -f- HjS 
and experiment shows this to be the case. 

179. Stereochemistry.—As previously stated, carbon has a 
valence of 4, that is, it has 4 bonds; hence, to satisfy it completely, 
each bond of a single carbon atom must be united to a univalent 
atom or to a univalent radical. In order that the resulting mole¬ 
cule may be stable, t.e., balanced, it was assumed by Van t Hoff 
that the carbon atom occupied the position of the center of 
gravity of a regular tetraedron (a solid whose four sides are all 

m 



126 


ELEMENTS OF CHEMISTKY 


§3 


cquilatciral trianglos, as shown in Fig. 10) imd the other four 
atoms or radicals or combinations of atoms and radicals were 
situated at the four vertexes, as illustrated in Fig. 10. This 
explanation of the structure of a carbon-hydrogen molecule may 
now be regarded as a theory, not enough being known as yet to 
enunciate it as a law. Referring to the figure, a carbon atom is 
shown at the center of gravity of a regular tetrahedron, and if 
there were a hydrogen atom at each vertex, 
the whole would represent a molecule having 
the formula CH4. All the full lines, which 
represent the bonds, are supposed to be of 
equal length. It is to be noted that the mole¬ 
cule itself is not a solid, but the atoms arc so 
arranged that planes may be passed through 
them (assuming them to be points), which will 
form a solid. That branch of chemistry that 
deals with the arrangement of atoms (and radicals) in space is 
called stereochemistry, stereo being the Greek word for solid. 

In the case of a radical, whether simple or compound, one (or 
more) of the bonds will be loft dangling; that is, it will not have 
an atom or radical at both ends of the line. Thus, the radical 
called hydroxyl, HO, has the structural formula H—0—. Here 
one bond of the oxygen atom (which is bivalent, a dyad) is 
attached to a hydrogen atom, while the other is free, thus leaving 
the hydroxyl radical in position to imite with a monad atom or 
radical; the hydroxyl is therefore univalent. 

180. Structural Formulas.—It is difficult to represent solids 
on a plane surface in a satisfactory manner; consequently, the 

H 

I 

molecule CIH 4 is usually expressed by H—C—^H. Here each of 

H 

the lines joining C to an H is a bond, there being four in this case, 
since carbon has 4 bonds. An expression of this kind is called a 
structural formvia. 

In any structural formula, the number of lines leading from 
any atom or radical indicates the valence of that atom or radi¬ 
cal; thus, in the above structural fonuula, one line leads from 
each H, showing that H is univalent, and since 4 lines lead 
from C, C is tetravalcnt (quadrivalent). The structural formula 
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for hydrochloric acid is H—Cl, which shows that both H and Cl 
are univalent; the structural formula for water may be written 


H—0—^H or 



0 , either 


formula showing that H is univalent; 


0 is divalent, there being one lino leading from each H and 2 
lines from 0 . 

The structural formula for sulphuric acid, the empirical foniiula 
for which is HjSOi, may be written 



'•0—H 


The first form shows the relations between the two radicals, 
while the second form shows the relations between the atoms. 
The properties of the acid indicate that the hydrogen is less 
firmly held than the other elements, because the hydrogen is 
given off free when the acid attacks metals. The first of the above 
structural formulas indicates two univalent hydrogen atoms and 
a bivalent sulphate radical; the second shows sulphur to be sexi- 
valent, oxygen bivalent, and hydrogen univalent. 

The structural formula for carbonic acid, HjCOa (which may 
H— 

be written CO-(OH) 2 ) is 

H—u 

having 4 lines leading from it, is tetravalent, 0 is divalent, and 
H is univalent. Note that each of the three O’s has two lines 
leading from it, each line indicating a bond. 

Note that in constitutional formulas, the various radicals are 
separated by dots (in some cases by parentheses), while in struc¬ 
tural formulas they are separated by lines. Enough concerning 
these two classes of formulas has now been given to enable the 
reader to understand everything that follows. 


Nc — 0, which shows that C, 


HOMOLOGOUS SERIES OF HYDROCARBONS 
181. Hydrocarbons. —As was previously stated, organic chemis¬ 
try deals with the carbon compounds, an enormous number of 
which are known, and the number theoretically possible is almost 
infinite. There is an exceedingly large number of compotmds 
containing only carbon and hydrogen, for which reason, they are 
called hydrocarbons, the simplest molecule of which is CH 4 , the 
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slraotural formula for which was given in Art. 180. The hydro¬ 
gen atoms of this molecule may be replaced, either single atoms 
or two or more, by other atoms of different elements or by radi¬ 
cals, thus yielding new compounds; also, like molecules may 
combine among themselves to form now compounds, one of 
the H’s being replaced with the radical CTTs, as shown herewith: 

11 H H H H II 

II II 

H—Cr-II H—C—C—H ll_C—(^—C—H, etc. 


H H H HUH 

(1114 O^Hc CsH, 

Here the H on the right end has been replaccHl in each case by 

H 

the combination —C—H. Note that each earlK)n atom has all 

I 

H 

four of its bonds engaged, for which reason the molecule is said 
to be saturated. Note also the chain-like arrangement and the 
fact that it may apparently be extended indefinitely. It is 
Ixjcausc of this fcatme that these comjwunds are called open- 
chain compounds. All compounds that may be represented 
by an open chain, whether their molecules are saturated or not, 
are called aliphatic compounds, the word aliphatic having refer¬ 
ence to the open-cliain arrangement. There is another class of 
hydrocarbons whose compounds may be represented by a closed 
chain; these are called dosed-dvain, or aromatic, compounds. 
For the present, only the aliphatic compounds will be considered. 

182. It will be observed that when the three compounds CH 4 , 
CjHe, and CaHg arc written in consecutive order as here printed, 
the difference between two consecutive compounds, subtracting 
atoms from atoms, is CHj, and if the chain were extended, this 
common difference would always be obtained; thus the next link 
in the chain would make the empirical formula C 4 H 10 , and the 
next CsHij, etc., as may be seen by adding to the above chains 
and counting the atoms. The compounds thus form a regular 
series, each term of which differs from the preceding by a constant 
quantity, in this case by CHj. Any series in which the terms are 
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related to one another in this manner is called a homologous 
series. 

The second term of the above scri^, CjHe, may be expressed 
by the constitutional formula CHs CHs, the third term by CHj- 
CHj CHs, the fourth term by CHj CHj CHj-CHs, etc., all the 
terms except the end terms being CHj. 

183. If the number of atoms of carbon in any term of the above 
homologous series be denoted byre, the number of atoms of hydro¬ 
gen in the same term will be 2re -b 2; for instance, in the third 
term, CaHg, re = 3 and H = 2X3-t-2 = 8;in the fifth term, 
CiiHu, re = 5 and 2 X 5 -f 2 = 12; in the first term, CHi, re = 1 
and 2 X 1 -b 2 = 4; etc. Hence, any term in this series may 
be expressed by C* -b Hs.+ j. There arc many such series of 
hydrocarbons, but only two will be considered here. Some of 
the other series arc: C„Hj„, the term containing the lowest known 
value of re being CjHi; C„Hj„_ 2 , the term containing the lowest 
known value of re being CJSa; CJIj^-i, the term containing the 
lowest known value of re Ixeing CsHo,’ C„Hs,^_ii, the term contain¬ 
ing the lowest known value of re being CoHel etc. In all these 
scries, the difference tetween any two consecutive terms is CHj. 


THE METHAIfE, OR PARAFFIN, SERIES 

184. Methane.—The compound denoted by the molecular 
formula CII4 is a gas, the chemical name of which is methane; 
it also has several other names, as marsh gas, fire damp, and 
light carburetted hydrogen. It is called marsh gas because it is 
found at the bottom of stagnant pools, bogs, marshes, etc., due 
to the slow decay of vegetable matter; it is also found in con¬ 
siderable quantities in coal mines, where it forms a dangerously 
explosive mixture with the oxygen of the air, which is readily 
ignited by a flame of any kind, thus causing the loss of many 
lives. For this reason it is called fire damp, the word damp in 
this case meaning gas; it is the most dreaded of the dangers that 
the miner has to face. It is called light carburetted lyrdrogen, 
because it is the lightest of all the hydrocarbons, bemg only 8 
times as heavy as hydrogen. Thus, the molecular weight of 
CH4 is 12 -b 4 = 16; the weight of a molecule of hydrogen, which 
contains two atoms, is 2; and 16 2 = 8. CsH 4 is also a gas; 

it is sometimes called heavy carburetted hydrogen, because it is 

D 
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much heavier than CHi, a molecule being 14 times as heavy as 
a molecule of hydrogen. 

186. It was stated in Art. 181 that the methane molecule was 
saturated, all the four bonds of the carlx>n atom being engaged. 
Assuming the atoms to be arranged as in Fig. 10, it is to be 
expected that methami would lai a very stable compound, and 
such is th(' ease; it c.'ui be made to enbu into combinations only 
with diflieulty. All the compounds in th(; series C„H 2„+2 are 
saturated, as will be evident after consulting the structural 
formulits of Art. 181, and they arc iilso very stable. For this 
reason, this series is (salknl the paraffin series, and the different 
compounds included in it arc called the paraffins. The word 
paraffin comes from two Latin woi'ds <hat mean little affinity, 
implying thereby tliat these comj)ounds do not have much 
affinity tor other compounds. 

The names of the fiist few compounds of the paraffin sernss and 
thc.'ir cmpirhial formulas are shown in the subjoined table. The 
name of every compound in this series ends 
Methane... CII4 in ane. Amane is also called pentane, and 

Ethane. C 2 II 6 this and aU subsequent compounds of the 

Propane.... CgHs scries are formed by adding ane to the 

Butane. C 4 H 10 Grecik form of the word denoting the num- 

Anianc. C 6 H 12 ber of atoms of carbon, as pentane, hexane 

Hexane.... CcHm heptane, octane, etc. The mineral lubricat¬ 
ing oils are chiefly hydrocarbons of the 
panoffin series, which is also frequently called the methane series. 

186. In connection with the foregoing compounds of the paraf¬ 
fin series, the first three, methane, ethane, and propane, are 
gases at ordinary temperatures; beginning with butane and 
extending to Citdl32, they are liquids; from C 16 H 34 to CeoHi 22 , 
the highest compound known of tliis series, the compounds are 
solids. In general, the lower in the scries the compound is 
(the smaller the number of atoms in, and the less the molecular 
weight of, the molecule) the lower the boiling point; also, the 
higher the boiling point, the thicker and more viscous is the 
liquid. The first solids are waxes, which gradually become 
denser and harder as the molecular weight increases. They are 
ciilliKl paraffin waxes, and are graded according to melting point. 
Commercial waxes contain several members of the paraffin series. 
Their principal use in the papwr industry is for waxing and 
sizing paper to render it water resistant. 
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187. Radicals. —It was previously stated that the hydrogen 
atoms of methane and other paraffins may be replaced by other 
elements or radicals, though with difficulty; this is particularly 
true of the halogens, chlorine, bromine, and iodine. Indeed 
the halogens are usually the best means of breaking into the 
paraffin molecule. For example, all the following compounds, 
which may be considered as formed by replacing the hydrogen 
of methane by halogens, are known: 


CH4 

CHsCl 

CHjClj 

CHCls 

CCI4 

CH4 

CH,Br 

CH 2 Br 2 

■ CHBr, 

CBr 4 

CH4 

CHal 

CH2I2 

CHI, 

CI4 


To show that these results are possible, theoretically at least, the 
molecular formula for methane might be written GHsII, in which 
case, the radical CHa is called methyl. Some of the important 
radicals arc given here; others will be mentioned later. Nearly 
all organic acids will be found to contain the charactoristic 
radical COOH, the structural formula of which may be expressed 
as 0 

II which shows that there is one free carlmn l)ond 

— C—0—H, 

for uniting with another radical. 

Methyl CHa —(3iaractcristic of paraffins 
Hydroxyl OH —Characteristic of alcohols 
Carboxyl COOH—Characteristic of acids 
Amidogen NHj —Characteristic of amines 
Nitroxyl NOa —Characteristic of exfJosives 
The amines are organic bases, which are derived from ammonia, 
NHa, by replacing an H with a r.-ulical, such as CHj. Thus, 
methylamine may be written NH 2 CII 3 (omitting the dot), in 
which case, the structunil formula would be built up from the 
ammonia radical NHj by substituting the methyl radical (which 
is, of course, univalent) for one atom of hydrogen. It is likewise 
possible to make two and even three such substitutions, and thus 
obtain NH(CH,)j and N(CHs) 3 , as indicated by the following 


structural formulas: 



H 

CH, 

1 

CH, 

CH, 

1 

N—H 

1 

1 

N—H 

1 

1 

N—CH, 

1 

N-CH, 

1 

1 

H 

1 

H 

1 

H 

CH, 


Ammonia Methylamine Uhncthylamiiic Trimethylamine 
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188. Radicals arc fonnod from the other paraffins in the same 
way that methyl is formed from methane, i.e., by taking out one 
atom of hydrogen; and their names are formed by changing the 
ane in the name of the compound to yl. For example, methyl, 
CHj, from methane, CH 4 ; ^yl, C 2 H 6 , from ethane, CjHe; in a 
similar manner are formed jmopyl, CsH?, butyl, CiHj, and amyl, 
CjHii. Ethane may therefore written as C 2 H 6 H, propane as 
CjHvH, etc. If one H in NHj be replaced by ethyl, the com¬ 
pound is called ethylamine, though strictly speaking, it should 
be numoethylamim, mono meaning one, and the constitutional 
formula is NHsCCsHs); if two H’s are replaced by ethyl radicals, 
the compound is called diethylamine, di meaning two, and the 
constitutional formula is NH(C 2 H 6 ) 2 ; if three H’s are replaced by 
ethyl radicals, the compound is called triethylamine, tri meaning 
three, and the constitutional formula is N(C 2 H 6 ) 3 . The nomen¬ 
clature of other compwunds formtKl by substituting paraffin 
radicals, called alkyl radicals, for the H’s in NH 3 and the con¬ 
stitutional formulas for the resulting compounds follow a similar 
rule. Evidently, the formula for an alkyl radical is G„H 2 » 4 .), 
there being one less H than in the paraffin molecule, whose for¬ 
mula is GJl 2 »+ 2 . 


189. Isomers.—Many compounds in organic chemistry have 
the same number and kinds of atoms and the same molecular 
weights, but, nevertheless, have very different properties; for 
instance, the empirical formula G 2 H 6 O represents two very 
different substances: ethyl alcohol (ordinary grain alcohol) and 
dimethyl oxide, commonly called methyl ether. The difference 
is explained by their structural formulas, which show a different 
arrangement of their molecules, and by their constitutional 
formulas; thus. 


GjHsOH 

H H 

1 I 

H—C—G—OH 


(GH,)20 
H II 

I 1 

H—G^O—G—H 


H H H H 

Ethyl alcohol Methyl ether 

The structural formula for methyl ether might have been written 

GH,. 

showing at a glance that 

CH3^ 


in a more condensed form as 
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two univalent methyl radicals are united to a bivalent oxygen 
atom. Compounds of this kind are called isomers or isomerides, 
the word isomer being derived from two Greek words isos and 
i^os, meaning equal and parts, respectively; hence, the word 
isomer means equal parts. Such compounds are said to be 
isomeric, and when two or more substances with different proper, 
ties are found to have the same dements and the same number 
of atoms of each clement, merdy differing in the arrangement or 
space relations of the dements or radicals, they are said to be 
examples of isomerism; they are isomeric. 

190. Polymers.—There are many compounds in organic 
chemistry which have the same percentage composition but 
different molecular weights. A striking example is acetylene, 
CjHj, and benzene, CeHj. Here the empirical formula, CH, 
would answer for both, in so far as it shows the relative weights 
of the carbon and hydrogen. The two substances, however, are 
widely different, as is well known, acetylene being a gas and 
bbnzene a liquid. Compounds of this kind arc called polymers. 
It may be noted that acetylene belongs to the homologous series 
CnHs„_ 2 , while benzene belongs to the homologous scries C„H!„_8, 
both compounds being the lowest terms of their respective scries. 
The word polymer comes from two Greek words, polys (many) 
and mcros (parts), meaning many parts, as distinguished from 
isomer, which means equal parts. An isomer has the same per¬ 
centage composition and an equal number of atoms in the mole¬ 
cule, while a polymer has the same percentage composition but a 
different number of atoms in the molecule; consequently, the 
molecular weights of isomers are equal, but the molecular weights 
of polymers are not equal. Typical polymers, familiar to the 
papermaker, are starch, (CeHioOe)., and cellulose, (CeHioOs).; 
they have the same percentage composition but different molec¬ 
ular weights. 


ALCOHOLS, ACIDS, ADD ALDEHYDES 

191. Alcohols.—If one or more hydrogen atoms of a member 
of the paraffin series be replaced with the same number of hy¬ 
droxyl radicals, the resulting compound is called an alcohol; it 
is really a hydrate of the paraffin radical. For example, if one 
atom of hydrogen in methane be replaced with hydroxyl, the 
constitutional formula for the compound so obtained is CHtOH, 
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which is properly called methyl hydrate or meUiyl hydroxide, the 
common names for which are methyl alcohol and wood alcohol, 
now legally termed “methyl hydrate” in Canada and “methanol” 
in the United States. The words hydrate and hydroxide have 
pracitically the same meaning, but many writers prefer to restrict 
the use of hj'droxidc to apply only to alkalis, iis KOH, NaOH, 
NH 4 OH, etc., using the word hydrate when the hydroxyl radical 
occurs in compounds tliixt are Jiot classified as alkalis. 

In the s.ime manner arc formed the formulas for ethyl alcohol 
(variously known as grain alcohol, proof spirits, etc.), amyl 
alcohol (tlic chief constituent of fusel oil), etc. Thus, from 
ethane, C 2 H 0 , is derived CallsOH (ethyl alcohol); from amane, 
Csllij, is derived CjlIuOH (amyl alcohol); etc. These might be 
called ethyl hydrate, amyl hydrate, etc. Any alcohol formed in 
this manner, by substituting one; hydroxyl for one hydrogen atom, 
is nalh'd a motudovne alcohol, man meaning one. It is at once 
evident that the monatomi(! alcohols of the paraffin group have 
th(! gimcral formula C„H 2 „+iOH. The structural fonnulas fot 
the three alcohols mentioned are shown herewith. It will be 

11 IT H H ir II H II 

H—C—OH H-C—('—on H—C^C (i—C—C—OH 

H IT IT IT H H IT H 

Methyl alcohol Ethyl alcohol Amyl alcohol 

perceived that the alciohols of this group also form a homologous 

series. 

192. Methyl Alcohol.—Mtithyl tileohol has a specific gravity 
of .812, its boiling jmint is 6 ()°C., and its constitutional formula is 
CII 3 OH; it is obtained as one of the products of the destructive 
distillation of wood, which is the reason for calling it “wood” 
alcohol. It will be recidled that it was previously stated that 
methane was found in swamps, bogs, etc., and resulted from 
fho decay of vegetable matter. Large quantities of wood were 
formerly burned in kilns for the charcoal; all the other products 
that were formed were wasted, except small amounts of tarry 
matter that (K)zed out of the kiln, and a liquid known as pyro- 
ligncmie acid, a crude form of aciotic acid, whh^h was obtaint^d in 
the same way. Wliile some of the wood was burned in the proc¬ 
ess, the greater part was distilled, i.e., the gases and liquids were 
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driven off and the charcoal (solid part) was left behind. The 
industry of wood distillation is now carried on scientifically, 
and products such as methyl alcohol, acetic acid, acetate of lime, 
acetone, disinfectants, shingle stains, tar, and charcoal are re¬ 
covered in largo quantities. The test results are obtained from 
the hard woods, as birch, maple, etc. 

193, Methyl alcohol is a good solvent for gums, such as rosin, 
shellac, and others used in varnishes. It is one of the agents 
employed for denaturing ethyl alcohol, i.e., m.aking it unfit for 
drinking. Another name for dcnatunsd alcohol is methylaied 
spiritu; it contains from 5 to 10 per cent of methyl alcohol, 
and should not therefore bo called wood alcohol, as is sometimes 
done through carelessness or ignorance. Methyl alcohol is a 
very deadly poison, and should on no account be used in foods 
or beverages, in surgical or first-fud work, or for external applica¬ 
tions; even the fumes from it are very deleterious, and they have 
been known to cause blindness. 

194. Ethyl Alcohol.—Ethyl alcohol has a specific gravity of 
.806, its boiling point is 78°C., and its constitutional formula is 
C 2 H 6 OH. It is frequently called grain alcohol, to distinguish 
it from wood alcohol, because it is produced when wheat, rye, 
com, barley, or rice jenmnt, which is one of the stages in their 
decay. It is to be noted that only certain parts of the cereal 
ferment, those containing sugar and starches. The boiling point 
of methyl alcohol is 66°C., while that of ethyl alcohol is 78°C.; 
it is this fact tliat makes wood alcohol a good denaturing agent, 
because the boiling points of the two are so close together that 
those alcohols cannot be separated by fractional distillation. 
When the word “ alcohol ” is used without qualification, it is under¬ 
stood that ethyl alcohol is referred to. Under proper conditions, 
alcohol makes an excellent fuel for internal combustion engines;it 
is a very useful solvent for many gums, varnishes, and resins for 
use in the arts, and it is a very satisfactory preservative for or¬ 
ganic tissue. 

196. What is called proof spirit is alcohol with only so much 
water mixed with it that gunpowder moistened with it will just 
fail of ignition when a flame is applied to it; the addition of a 
very little more alcohol will enable the mixture to ignite the pow¬ 
der on application of a lighted match. The “strength” of proof 
spirit is about 50 per cent alcohol, or 100 proof, the strength of 
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chemically pure, absolute alcohol being 100 jnsr cent alcohol, 
or 200 proof. A mixture containing 90 per cent alcohol and 10 
per cent water is 180 proof. If the percentage of aleoholis 
known, the proof is found by doubling the per cent; if the proof is 
known, the per eent of alcohol may bo found by dividing the proof 
by 2; the results thus obtained will be approximately correct. 

Alcohol behaves very curiously with water, with which it 
mixes in all proportions. If, say, 50 c.c. of each arc mixed, the 
volume of the mixture will not be 100 c.c., but only 98 c.c., as 
was mentioned in Physics. Consequently, there is a difference in 
the value of percentage by weight and percentage by volume, and 
it is customary to state which is meant when reporting an analysis. 

196 . Alcohol is prepared by distilling it from its fermenting 
source. The strongest alcohol used in commerce is known as 
S. V. R. {spirUus vini reclificalus), so called because the alcohol, 
thought by its early discoverers to be the soul or spirit of wine, 
was strengthened or “rectified” by distillation and redistillation. 
When fruit juice ferments, it becomes a wine; whem wine is dis¬ 
tilled, brandy is produced; and when brandy is distilled (with 
the addition of lime), alcohol, otherwise called rectified spirits 
or high wine, is produced. A large proportion of all the alcohol 
now made is produced from wheat, barley, com, and rye; also 
from molasses obtained in the manufacture of sugar. In fruits, 
it is their sugar that is fermented; but in cereals, their starch is 
first changed into sugar and then fermented. 

It will be shown later that woody materials are closely related 
to starch; because of this, it has been foxmd possible to treat the 
waste liquor from sulphite pulp mills in sueh a way as to produce 
alcohol. Note that the alcohol produced by fermenting the 
sugars obtained from wood waste or sulphite waste liquors is 
ethyl alcohol, while that produced from wood merely by distillar 
tion on heating the wood is wood alcohol—methyl alcohol. 

197 . Amyl AlcohoL—Amyl alcohol exhibits strongly the prop¬ 
erty of isomerism, there being eight different substances having 
the empirical formula CtHijO. What is ordinarily known as 
amyl alcohol is usually expressed by the formula CsHnOH, and 
is the chief constituent of fusel oil. Amyl alcohol is largely used 
in artificial flavoring extracts, also as a vehicle for metallic 
paints, when combined with aeetic acid as amyl acetate; painters 
call amyl acetate baPana oil because of its odor. 
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198. Glycerine.—The alcohols so far mentioned have all been 
monatomic (also called monohydric), one hydroxyl replacing one 
hydrogen atom. There are other alcohols, however, in which 
two, three, etc., hydroxyls replace a corresponding number of 


hydrogen atoms. One of 
structural formula 

H H H 

1 1 1 

H—C—C—C—H 

I I I 

H H H 

lYopiuio 


derived from propane, has the 
OH OH OH 

I I I 

H—C-C-C—H 

I I I 

H H H 

Glycerine 


and is usually expressed by the constitutional fonnulaCjH6(OH)j. 
This compound is commonly called glycerine, and the radical 
CjHb is called glyceryl. The glyceryl radical is trivalcnt, since 
the three carbon atoms have 3 X 4 = 12 bonds and 5 of them are 
joined direct to hydrogen atoms and 4 more hold the carbons 
together; hence, the structural formula for glycerine may be writ- 
yOn 

ten CjHiJ^OH. As shown by its constitutional formula, glycer- 
\)H 

ine is an alcohol; and, as may be inferred, one, two, or all 
three of the hydroxyls may be replaced with other radicals, in 
which case, the resulting compounds may be called glycerides. 

When the hydroxyl radicals of glycerine are replaced with NOj 
radicals, trinitroglycerine, which is commonly called nitroglycerine, 
CaHsCNOsjs, is formed. It is a yellow, oily liquid and is one of 
the most powerful explosives known. Other explosives, as dyna¬ 
mite, are formed by mixing nitroglycerine with other substances— 
sawdust, or other absorbents. 

199. Organic Bases.—It was previously stated that the hy¬ 
droxyl radical was a characteristic of organic bases; it acts in the 
same way as in the inorganic bases, the alkalis, for instance. 
Thus, sodium nitrate is made by treating sodium hydroxide with 
nitric acid, according to the reaction, NaOH + HNO$ = NaNOi 
+ HjO, the products being sodium nitrate and water. In a 
similar manner, ethyl nitrate may be prepared by treating ethyl 
alcohol with nitric acid, in accordance with the reaction 

CjHbOH + HNO, = CjHbNO, + H,0 
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th(i products being ethyl nitrate and water. Therefore, as 
befon! stated, the alcohols may be regarded as hydrates, ethyl 
alcohol being, properly spenking in chemical terms, ethyl hydrate. 
Organic salts, called esters (see Art. 227), are produced when alco¬ 
hols combine with acids that contain the radical COOH, called 
carboxyl. Amyl acetate, referred to alwe, which is formed 
when amyl alcohol combines with acetic acid, is an ester. 

200. The halogens, chlorine, bromine, and iodine, readily 
enter into the paraffin radical, under proper conditions. Chlorine 
will displace successive hydrogen atoms from methane, all four 
even, forming in the last case carbon tetrachloride, CCI 4 , as men¬ 
tioned in Art. 187, which is a volatile liquid that is very useful 
as a solvent and fire extinguisher. When three hydrogen atoms 
arc repliiccd by chlorine, trichlarmeihane, or chloroform, CHCI 3 , 
is produced. If iodine is used instead of chlorine to replace the 
hydrogen, iodoform, CHI 3 , is produced. Both of these com¬ 
pounds are used in surgery: chloroform as an anesthetic (a name 
for substances that produce unconsciousness), and iodoform as 
an antiseptic (a name for substances that fight disease germs). 

201. The rcpLacement of hydrogen with halogens in hydro¬ 
carbons is a very important reaction in synthetic chemistry, 
which deals with the buildmg up of compounds from atoms and 
molecules. The study of these processes has made it possible to 
handle the complex mixtures in the waste liquors of sulphite 
mills, sawdust, etc., so that alcohol may bo produced; under 
proper conditions, cellulose may bo made into sugar—^the sugar 
cane docs something like that. 

202. Aldehydes.—When an alcohol is oxidized by replacing 
2 atoms of hydrogen with 1 atom of oxygen, the resulting com¬ 
pound is called an aldehyde. The two hydrogen atoms thus 
withdrawn unite with an oxygen atom ,to form water. The 
reaction in the case of methyl alcohol is expressed by the equation 

CH 3 OH + 0 = CHjO + HaO 

The compound CHjO (which may also be written H-COH or 
H CHO) is called formic aldehyde, commonly known as for¬ 
maldehyde. The word eddekyde is made up from the words 
alcohol dehydrogenatum (which mean to dehydrogenize alcohol) 
by using the fiist two letters of the first word and the first five 
letters of the second word; thus, al -f dehyd = aldchyd or 
aldehyde. Formaldehyde is, also known as formalin, and may 
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bo produced by burning alcohol without a sufficient supply of 
air. It is a very powerful disinfectant, being much used to 
disinfect houses that have contained cases of infectious or con¬ 
tagious diseases. It docs not bleach like sulphur dioxide, SOj, 
or injure fabrics or colors, and its vapor penetrates every crevice. 
When inhaled, it is not, for a moment, noticeably disagreeable, 
but it very soon attacks the membrane of the throat, causing a 
dry soreness. The odor is similar to that noticed in the neighbor¬ 
hood of a cage of white mice. 

From ethyl alcohol CjHbOH is derived the aldehyde C 2 H 4 O or 
CHs'CHO, which is called acetaldehyde. Each term of the para¬ 
ffin series has its al<»hol, and each alcohol has its aldehyde. The 
general formula for an aldehyde is C„H2*0, which differs from 
the general formula for a paraffin by having an oxygen atom in 
place of two hydrogen atoms; thus, C,H 2 „+ 2 —2H + O = C„H 2 „ 0 . 
The alcohols, therefore, form a homologous series, and the 
aldehydes also form a similar series. The radical COH or CHO 
is characteristic of all aldehydes. 

203. The Fatty Acids. —If an aldehyde be oxidized by the 
addition of one atom of oxygen, the result is an acid that bears 
practically the same name as the aldehyde from which it was 
formed. Thus, from formic aldehyde is obtained formic add, 
as indicated by the reaction 

CHsO -I- 0 = CH2O2 = H-COOH 
Likewise, from acetaldehyde is obtained acetic acid, as indicated 
by the reaction 

CjILO + 0 = C2II4O2 = CH5COOH 

The acids, therefore, form another homologous scries. Now 
considering the four scries derived from methane—( 1 ) the paraf¬ 
fins, (2) the alcohols, (3) the aldehydes, (4) the acids—it will 
be observed that each term differs from the next succeeding term 
by CH2. For instance, the lowest acid is formic, CH2O2, the 
next higher acid is acetic, C2H4O2, and C2H402 — CH2O2 = CH2. 

The relations of the four series are beautifully shown by the 
structural formulas for the first two terms (see next page). 

It will be noted that the alcohols and acids contain the hydroxyl 
radical, but the aldehydes do not. 

204, If an electric drying oven is available, one that has the 
wire of the heating coils exposed, such as is used for drying pulp 
samples, an aldehyde can be made by putting a little alcohol in 
a flat (shallow) dish and placing it in the oven; the aldehyde is 
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formed by passing uleohol over heated metals. Wood alcohol 
so treated will give formic aldehyde (otherwise called formalde¬ 
hyde and formalin). Formaldehyde was stated to be a disin¬ 
fectant, but do not add it to glue or gelatine size; the mixture 
will certainly “keep,” because it will be impossible to use the 
insoluble, curdy stuff that is produced by the action of the 
formaldehyde. 

The general formula for an aldehyde is R COH (frequently 
written R’CHO), in which R represents one atom of hydrogen 
or one alkyl radical (sec Art. 188). Thus, formaldehyde is 
H-CHO and acetaldehyde is CHj-CHO. The CHO radical 
characterizes the aldehydes. The lower members of the homol¬ 
ogous series of aldehydes are gases; but, like the paraffins, the 
higher members are liquids and solids. When the word aldehyde 
is used without any qualification, acetaldehyde is always meant, 
just as alcohol so used always means ethyl alcohol. Some talking 
machine records, mouth pieces for pipes, billiard balls, etc., are 
made of a material called bakelite, produced by special treatment 
during reactions between formaldehyde and carbolic acid (also 
called phenoT). 

206. The aldehydes exhibit the phenomenon of polymerization 
(see Art. 190). One of the polymers of formaldehyde is para¬ 
formaldehyde, CaHjOj, which may be written (H-CHO)8; it is a 
white powder, and can be compressed into tablets, for use as a 
preservative. 

206. Acetic acid, CHsCOOH, formed by oxidation of acetalde¬ 
hyde, is produced in wine, cider, or other fermented fruit juices 
by an organism called mycoderma aeeti, and the product is vine- 
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gar. The orgaiUBm k a sort of a plant, like yeast, and is popu¬ 
larly called mother of vinegar. 

The empirical formula for an acid of the series derived from 
the paraffins is CiflanOj, while the constitutional formula may 
be written Cn-iH 2 ,_iCOOH; these acids are called fatty acids, 
because the animal and vegetable fats and oils are largely com¬ 
posed of these acids. The lower members of the series are 
liquids, but the higher ones, beginning with capric acid, CiaHioOs 
= CoHuCOOH, are solids at ordinary temperatures. The 
liquids are soluble in water, but after propionic acid, the solu¬ 
bility decreases rapidly; the solids are insoluble in water, but 
arc soluble in alcohol and in ether. The names of some of these 
acids are given in the following table: 

Formic acid, CHjOj, or HCOOH. Boils at lOC’C. 

Acetic acid, C,H 402 , or CH 3 COOH. Boils at IIS^C. 

Propionic acid, CjHoOj, or CjHsCOOH. Boils at 140°C. 

Butyric acid, C 4 H 8 OS, or C 3 H 7 COOH. Boils at ICS^C. 

Valeric acid, CiJHioOj, or C 4 H,COOH. Boils at 185“C. 

Palmitic acid, CieHsaOs, or CisHsiCOOH. Melts at 62‘’C. 
Stearic acid, CisHsoOa, or CitHssCOOH. Melts at GO’C. 

Palmitic acid is obtained from cocoa butter, from animal fats, 
and from palm oil; stearic acid is obtained from tallow. There 
does not appear to be much in common between vinegar and 
tallow, yet acetic acid (the acid of vinegar) and stearic acid 
(the acid of tallow) both have the same general formula, 
C»_iHsn_iCOOH, n being the number of the term in the 
series; it also represents the total number of carbon atoms in 
the acid, that is, it equals C«_i + C = C„ the C being taken 
from the COOH. 

Another acid, which is quite closely related to the last two acids 
mentioned above, but which belongs to a different serit*, is 
oleic acid, which has the formula G 18 HS 4 O 2 = CitHssCOOH; it 
is found in olive oil and in many animal and vegetable oils. 


ETHERS AMD KETONES 

207. Ethers.—Ethers are derived from alcohols by substitut¬ 
ing a compound radical for the hydrogen in the hydroxyl radical 
of the alcohol. For example, methyl alcohol is CHsOH; sub¬ 
stituting CH, for H in OH, the result is CH3OCH,, which is 
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called methyl ether; also, making a similar substitution in ethyl 
alcohol, the result is CjHsOCzHb, which is called ethyl ether. 
Representing the compound radical by R, the general formula 
for an ether when both radicals are alike is ROR or RsO, which 
corresponds to the formula for water, HjO = HOH, when H is 
written in place of R. The two ethers mentioned might be 
written as (CHslsO and (CsHbIjO, to correspond with the R 2 O 
form. Similarly, the formula for amyl ether is (C6Hu)20, 
derived from amyl alcohol, CbHuOH. 

The structural formulas for these ethers are interesting. The 
complete structural formtila for methyl ether was given in Art. 
189, and a condensed formula was also given. The complete 
structural formula for ethyl ether and the condensed formula arc 
given herewith; thiiy show how the single oxygen atom holds the 
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II II 

II H II II 



Kthyl etlu-r 

two alkyl radicals. Since water may be termed hydrogen oxide, 
the ethers may be termed oxides also, and the three so far men¬ 
tioned may be called methyl oxide, ethyl oxide, and amyl oxide. 
The constitutional formula for ethyl ether may be written either 
CbHb- OC 2 Hsor, inamore extended form, CH3CH2()0H2CH2; 
and the constitutional formula for amyl ether may be written 
CbHii' O-CbHii or it may also l)c written in a somewhat more 
extended form as CH 3 '(CH 2)4 0 - (CHbIi CHs. 

208. Ethyl ether may be prepared by cautiously mixing alcohol 
with strong sulphuric acid, forming the compound known .as 
ethyUndphuric acid, according to the equation 

H 2 SO 4 + CaHs OH = HC 2 HBSO 4 -I- H 2 O 
Heating with an additional amount of alcohol, the ethylsulphuric 
acid, HC 2 H 3 S 04 , undergoes a further change, and the reaction 
produces ethyl ether and sulphuric acid, in accordance with the 
equation 

HC2H6SO4 + C2H3OH = (GjHtlsO + H,S 04 
From the fact that sulphuric acid is generally used in the 
preparation of ethyl ether (other acids may be used), it is fre¬ 
quently called sulphuric ether. When the word ether is used 
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without any qualification, ethyl (sulphuric) ether is always 
meant, in the same way that alcohol always means ethyl alcohol. 

209. Ether is very volatile and inflammable; its boiling point 
is 35®C., and ite specific gravity is .736 at 0 ° C. At temperatures 
below 35“C., ether is a colorless liquid of p)eeuliar odor; it is a 
good solvent for oils and fats, and is used to extract these from 
mixtures, as in the case of rosin size. While free rosin is soluble 
in ether, rosin soap is not, but is soluble in water. So the white 
size, containing free rasin in suspension, may be shaken up with 
ether in a special container; the ether docs not mix with the 
water, and it dissolves the rosin. After shaking, the size and 
ether are left for a short, time, and the other rises to the top 
(being lighter than water), carrying the dissolved rosin with 
it. By using a separatory funnel, the water can be run off from 
below the ether-rosin mixture, which is poured into a dish. 'I’he 
ether evaporates and leaves the rosin behind, which can then be 
weighed. This principle is very widely applied in analysis. 

The use of ether in surgery as an anesthetic is well known. 

210. Compound Ethers. —The ethers so far described may be 
represented by the general formula ROR or R 2 O. The two 
radicals need not be alike, in which case, the general formula 
may be represented by ROR'; thus, if one of the radicals is 
methyl and the other ethyl, the corresponding ether is called 
methylethyl ether, and its formula is CH 3 OC 2 H 6 , which may also 

be written Ethers of this kind are known as com- 

C 2 H/ 

pound ethers. Another compound ether is elhylamyl ether, 
C2H3 

C! 2 H 60 C 2 lIn or yO. As may be supposc'd, th(Te are a 

cjel/ 

large number of compound ethers. 

211. Ketones and Acetone. —The salt formed by the reaction 
of acetic acid with a base is called an acetate. Whenever an 
acetate is subjected to dry distillation, a volatile liquid called 
acetone is formed. The empirical formula for acetone is CjHeO, 

CH. 

and the condensed structural formula is yCO. The latter 
formula shows that the difference between acetone and methyl 
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ether Ues in the substitution of the bivalent radical CO for the 
oxygen atom. There are a whole series of these compounds, cor¬ 
responding to the ethers, and the general formula is R-CO-R or 
R CO R'; they are called ketones, and acetone is the first of 
the series. Acetone is also called dimethyl heUrne, di signifying 
that there are two methyl radicals. Like the ethers, the radi¬ 
cals may be different, giving compound ketones, as ethylmelhyl 

ketone, CsIU(X)CH, = ^O. 

CH/ 

In connection with the distillation of wood, Art. 192, acetate 
of lime was mentioned; this comp)ound has the formula 
(CHjCOOlsCa, the calcium replacing the hydrogen of the 
acid. When acetate of lime (calcium acetate) is heated, it 
breaks up and forms acetone and carbonate of lime (calcium 
carbonate) in accordance with the equation, 

(GH,COO)jCa = (CH,)jCO + CaCOj 
Acetone is a good solvent, and very large quantities are used in 
making cordite, which is a mixture of nitroglycerine, guncotton 
(also called nitrocellulose), and vaseline, and which is a very 
powerful explosive. The acetone used to dissolve and blend 
these ingredients of cordite is afterward evaporated and re¬ 
covered. It may be mentioned that celluloid is readily dissolved 
by acetone. 


QUESTIONS 

(1) What do you underetand by stereochemistry? 

(2) What alcohol is obtained by (a) fermenting waste liquor from a sul¬ 
phite mill? (b) By distilling wood? 

(.3) What is the general formula of the monatomic idcohols of the aliphatic 
group? 

(4) What element is always present in an organic base? 

(5) What is chloroform ? 

(0) Define (o) a compound ether; (h) an aldehyde. 


MINERAL OILS 

212. Crude Petroleum. —The so-called mlnerul oils are 

chiefly hydrocarbons of the paraflBn series, and have the general 
formula C,Hj„+ 2 . What are called the asphaltic oils belong in 
some measure to another grotip. The mixture of mineral oils 
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known as etude petroleum is obtained from wells, but was first 
found as springs in various countries. Crude petroleiun is a 
thick, dark-^eenish fluid that is a mixture of compounds that 
belong chiefly to the paraflBn series. Some of these compounds 
are very volatile liquids of low boiling points; others have higher 
boiling points, and some arc solids. The most practical way of 
separating the different compounds is by employing the process 
of fractional distillation, which is based on differences in their 
boiling points. 

213. Fractional Distillation.—Fractional distillation is accom¬ 
plished by boiling the mixture (the bciling point of which rises 
as the more volatile portions are driven off), passing the vapors 
through a condensing apparatus (called a worm), and changing 
the receiver for the condensed liquid (called “cutting the dis¬ 
tillation”) according to the boiling point or specific gravity 
desired in the didiUate (condensed vapor). Pennsylvania 
crude petroleum is thus divided into naphtha, burning oils, gas 
and fuel oils, lubricating oils, wax, and coke (or pitch), the crude, 
or natural, oil being heated in a direct-fired still. It is easier to 
control the process by taking the specific gravity than by taking 
the temperature; consequently, the Bcamnd hydrometer is used 
as a guide to the separation of the “fractions” of the distillate. 
The specific gravity corresponds, however, to a definite boiling 
point, so that, theoretically, either method of testing might be 
used. 

The first set of fractions, obtained as above, is further separ 
rated, either by means of a special type of condenser (fractional 
condensation) or by redistillation, and as many as twenty prod¬ 
ucts are recovered. Even these arc subject to further separa¬ 
tion, but the range of temperature is, of course, more limited. 
Thus, from one fractionation of crude oil might be obtained; 

1. Petrolic ether. 

2. Gasoline. 

3. Kerosene. 

4. Spindle oils. 

6. Light engine oils. 

6. Heavy engine oils. 

7. Cylinder oils. 

8. Petrolatum (vaseline). 

9. Paraffin wax. 

10. Pitch or coke. 


10 
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It will readily be seen that the foregoing classification is 
arbitrary, the compounds referred to being commercial and not 
of the same nature as a chemical compound. For instance, there 
are many grades of gasoline, which would not be the case if 
gasoline were a definite chemical compound; and as the demand 
increastis out of proportion to the supply, the boiling point of the 
mixture sold under that name is continually being raised, in 
ord(!r to include fractions that formerly went into burning oils. 
Proper blending gives a fuel of great power, but one that has a 
greater tendency to deposit carbon after ignition. It has recently 
been found, however, that the vapors of the higher boiling- 
pf)int compounds can be “cracked” into compounds having 
lower boiling points by causing the vapors to impinge on highly 
heated surfaces before condensation, which increases the yield. 

Sometimes, the process of condensation is used as a means of 
sepai'ation. The liquids arc rapidly vaporized, and the various 
eomjK)nents are separated in successively cooler parts of the 
system. This process is known as fractional condensation. 

FATS AND OILS 

214. Animal and Vegetable Fats.—All the mineral oils arc 
hydnxiarbons; but there is another large class of oils and fats, 
composed of hydrogen, carbon, and oxygen, which is obtained 
from animals and plants, and which arc commonly designated 
as fats. The fats are glycerides of the fatty acids, the acid 
replacing the hydroxyl. It will be remembered that the formula 
for glycerine is C 3 Ht(OH )3 (Art. 198). The formula shows that 
the glyceryl radical is trivalent, as is also evident from the con¬ 
densed structural formula for glycerine. By taking out a 
hydrogen atom from each of three molecules of a fatty acid, 
thus leaving one bond free, they will unite with glyceryl to form 
a fat; thus, 

.CiaHsiOj ^CisHssOs yCiaHssOj 

C3II6.. Ci«H3i03 GsHiry-ClsHssOj CsH3^Cl8H830l 

XlieHsiOj CisHsjOs v^igHssOj 

Falmitin Stearine Olein 

These three fats are commonly called palmitin, stearin, and 
olein, and are the principal fats of animal and vegetable origin; 
there is another, called margarine, which was formerly supposed 
to be intermediate between stearine and palmitin and to have 
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the formula CsH 6 (Ci 7 H 8305 ) 3 , but this has been shown to be a 
mixture, margaric acid, CnHaiOi, not being derived from animal 
fats in this form. 

215. Soaps .—A soap is a salt of a fatty atad, usually stearic, 
palmitic, or oleic acid, in which a metal, generally sodium or 
potassium, replaces the glycerine of the original fat, the reaction 
being called saponification. Sodium produces hard soaps and 
potassium produces soft soaps. The fat and alkali are cooked 
in a huge kettle until the saponification is complete, when the 
addition of common salt causes the soap to separate and rise, 
while the glycerine dissolves in the water present and is drawn 
off at the bottom, to be recovered. The glycerine is even more 
valuable than the soap; it is used in pharmaceuticals, explosives, 
and, with litharge, as a cement for lining sulphite digesters. 
Soap made from oleic acid is soft and slushy; hence, it may be 
used in mixtures to regulate the hardness of soaps. (Sec Art. 67.) 


PRINCIPLES OF LUBRICATION 

216. Pure Mineral Oils not Adapted to all Cases .—A glance 
at the list of fractions given in Art. 212 shows that most of the 
lubricating oils come from petroleum. For high-speed, light 
machinery and in ring or immersion oiling, petroleum oils may 
be used for lubrication without admixture. It has been found, 
however, that those oils are lacking in a quality which, for want 
of a better terra, may be termed “oiliness.” For heavy service, 
where the pressure is great, and whore the “body” of the oil is 
relied upon to prevent the “seizing” of one metal upon the other, 
it has been found best to mix a small amount of animal or vege¬ 
table oil with the mineral oil; this is also necessary in some eases 
where moisture is present, as in the lubrication of the cylinders 
of steam engines. Tallow, and castor, rape, neatsfoot, and 
other oils have been used in such cases to mix with mineral oils. 

Sometimes, animal and vegetable oils become acid and lose 
some of their glycerine under the influence of heat or bacterial 
action. The presence of the free fatty acids thus produced has 
usually been considered detrimental in lubricating oils; but 
recent investigators have found that small amounts of free fatty 
acids added to the mineral oils reduce the friction as much as 
large amounts of the original neutral oils. 
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Tho fatty acids are known to combine slowly with metals, and 
it is probable that this property assists in lubrication. Liquids 
that do not wet a surface will not act as lubricants; for example, 
mercury, which has a tendency to gather into globules instead 
of spreading out as a film. Except in those tearmgs in which 
the journals arc bathed in oil, it is necessary to preserve tho 
oil film between the contact surfaces, and this is greatly assisted 
by the viscosity of the oil. The specific gravity (i.e., density) of 
the oil is of little importance m lubrication; it is chiefly valuable 
as a means of identification and for purposes of comparison. 

The temperatures at which inflammable gases are given off 
from oils, referred to as the “flash” and “fire” points, relate 
more to fire and accident risks than to lubrication. Their 
detennination is useful for comparative purposes, and they 
indicate the class of oil used and the stage of its refining. 

217. Theory of Lubrication. —On the whole, there has not yet 
Ijeon enunciated a thoroughly satisfactory theory of lubrication. 
The view that lubrication (see Friction in Section on Physics) is 
a purely physical matter is being modified to the extent, at least, 
of considering the acidity of the oil and the nature of the metal 
or metals in contact. It may be that in the future, considera¬ 
tion will be given to the use of special oil mixtures for each metal, 
as well as to the pressures on, the speeds of and the heating of the 
lubricated surfaces. 

The simplest explanation of lubrication is that the surfaces in 
contact arc really rough, no matter how smooth they may appear 
to be, and the friction between them is greater than between 
them and the layer of lubricant that separates them. 


THE CARBOHYDRATES 

218. Sugars, Gums, and Starches. —A large number of com¬ 
pounds of the aliphatic group of hydrocarbons are called carbo¬ 
hydrates, because the proportions of hydrogen and oxygen arc 
tho same as in water, that is, there are twice as many hydro¬ 
gen atoms as oxygen atoms. This class includes sugars, gums, 
starches, and cellulose, the chief constituent of wood fibers. 
The hydroxyl OH is very prominent in all these compounds.' 

It will be recalled that glycerine is propane, CsHj, from which 
three atoms of hydrogen have been taken and replaced with three 
hydroxyls, thus making the formula for glycerine CsHj(OH)i. 
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the formula CsH 6 (Ci 7 H 8305 ) 3 , but this has been shown to be a 
mixture, margaric acid, CnHaiOi, not being derived from animal 
fats in this form. 

215. Soaps .—A soap is a salt of a fatty atad, usually stearic, 
palmitic, or oleic acid, in which a metal, generally sodium or 
potassium, replaces the glycerine of the original fat, the reaction 
being called saponification. Sodium produces hard soaps and 
potassium produces soft soaps. The fat and alkali are cooked 
in a huge kettle until the saponification is complete, when the 
addition of common salt causes the soap to separate and rise, 
while the glycerine dissolves in the water present and is drawn 
off at the bottom, to be recovered. The glycerine is even more 
valuable than the soap; it is used in pharmaceuticals, explosives, 
and, with litharge, as a cement for lining sulphite digesters. 
Soap made from oleic acid is soft and slushy; hence, it may be 
used in mixtures to regulate the hardness of soaps. (Sec Art. 67.) 


PRINCIPLES OF LUBRICATION 

216. Pure Mineral Oils not Adapted to all Cases .—A glance 
at the list of fractions given in Art. 212 shows that most of the 
lubricating oils come from petroleum. For high-speed, light 
machinery and in ring or immersion oiling, petroleum oils may 
be used for lubrication without admixture. It has been found, 
however, that those oils are lacking in a quality which, for want 
of a better terra, may be termed “oiliness.” For heavy service, 
where the pressure is great, and whore the “body” of the oil is 
relied upon to prevent the “seizing” of one metal upon the other, 
it has been found best to mix a small amount of animal or vege¬ 
table oil with the mineral oil; this is also necessary in some eases 
where moisture is present, as in the lubrication of the cylinders 
of steam engines. Tallow, and castor, rape, neatsfoot, and 
other oils have been used in such cases to mix with mineral oils. 

Sometimes, animal and vegetable oils become acid and lose 
some of their glycerine under the influence of heat or bacterial 
action. The presence of the free fatty acids thus produced has 
usually been considered detrimental in lubricating oils; but 
recent investigators have found that small amounts of free fatty 
acids added to the mineral oils reduce the friction as much as 
large amounts of the original neutral oils. 
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sugars are called aldoses. It will now be apparent that the names 
of all sugars end in ose. 

Dextrose and levulosc arc monosaccharides; they can be com¬ 
bined, eliminating water, and the resulting sugars are called 
disaccharides, which arc commonly known as cane sugars or 
sucroses. Maple sugar and be(;t sugar belong to this class, and 
are chemically identical. The empirical formula for cane sugar 
(sucrose) is CijHjsOn; in the presence of water, it can bo split 
up into dextrose and levulose. 

Sugars have a way of multiplying their molecules, or, rather, 
forming clusters of molecules (potymerization); and the com¬ 
pounds thus formed are called polyoses. Starch, C&HioOj, is a 
polyose and cellulose is another. Just how many molecules are 
thus grouped is not known, so the general formula for a polyose 
is (CellioOe)!. These polyoses are the products of natural 
processes of synthesis, starting with the carbon dioxide and 
moisture of the air and with water and soluble mineral matters 
from the soil. Starches may be resolved by hydrolysis into 
sugars, passing through intermediate stages, which yield sub¬ 
stances of similar composition called gums, one of which is 
dextrine. Dextrine is used in coating and pasting paper, making 
adhesive paper (the back of postage stamps, for example), and 
sometimes as an ingredient in sizing. Starch itself has adhesive 
properties, and it is used for pasting and sizing, for which purpose 
it is frequently modified by partial hydrolysis, 

CELLULOSE 

219. Wood Structure.—Plants (the word includes trees and 
all kinds of plants) contain cellulose, ligno-cellulose, (or lignin) 
starches, gums, resins, coloring matter, inorganic (mineral) 
substances in varying jjroportions, and water; all these sub¬ 
stances are manufactured by nature. The skeleton of all 
plant structure is the cellulose fiber, which takes many forms in 
different plants—short, stiff fibers in straw; long, flexible ones in 
spruce, and very long fibers in flax and other textile plants. 
Some cellulose remains in the form of cells, which are useless 
in paper making. The cotton fiber, which grows as hair on the 
cotton seed, contains very little foreign matter (it is 90% cellu¬ 
lose) and is readily purified. 

Wood is composed of cellulose and lignin (ligno-cellulose), 
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with a variety of other Bubstances of more or less acid nature, 
and a little mineral matter, which appears as ash when wood is 
burned; the ash content of spruce is only 0.3%. The principal 
solid constituents of spruce, according to Klason, are: 


Cellulose 53% 

Lignin 29% 

Spruce Gums, sugars, etc. 13% 

Resins, fats, etc. 4% 
i Albuminates 1% 

These proportions vary for different species of spruce, in fact, 
they vary for different parts of the same tree; but the cellulose 
content of dry wood may be taken as 50%. Tho amount of 
water in wood varies greatly; in green timber, it is about equal 
to the weight of actual wood substance. 


220. Composition of Cellulose.—Cellulose is a carbohydrate, 
and it is related in some way to the sugare and starches in the 
clustering of its molecules. It is known that carbon, hydrogen, 
and oxygen are present in amounts that may bo expressed 
empirically by the formula CeHioOs or by some multiple of it. 
This is the same basic formula as is used to express the propor¬ 
tions of these elements in starches, though a variety of arrange¬ 
ments of atoms occurs. There are also different celluloses, but 
their basic formula as given above is the same; the difference lies 
chiefly in the products derived by chemical disintegration. To 
the papermaker all cellulose “looks alike.” 

It has not been settled just how many of the basic units con¬ 
stitute tho cellulose aggregate, so it is usually written (CeHioOs),. 
Recently it has been suggested, with some support from facts, 
that the individual fiber may be considered as a molecule; and 
one argument in favor of this idea is that when cellulose is ni¬ 
trated to guncotton, tho fibers are not altered in appearance 
under the microscope, in spite of the fact that several NOa groups 
are taken into the molecule and some molecules of water are 
taken out. 


221. Cellulose Nitrates and Acetates.—Nitrates of the cellu¬ 
lose aggregate are important as explosives (guncotton is chiefly 
hexa-nitrate) and in compounds, such as celluloid; they are solu¬ 
ble in mixtures of alcohol and ether and, as before mentioned, in 
acetone, and the solution is called collodion, which is much used 
by photographers. 
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These solutions can be evaporated to a thick consistency and 
pressed through fine orifices, forming a thread of any desired 
thickness that is denitrated upon evaporation of the solvent and 
immersion in a solution such as magnesium sulphide. The 
product is artificial silk or luster cellulose. (See Art. 66.) 

Acetic acid can bo made to enter the ceUuiose, and the product, 
when dissolved in chloroform, can be recovered by evaporation 
ns threads or as molded objects. Cellulose acetates are not ex¬ 
plosive, and are to be preferred to the nitrates for this reason. 
They are largely used for movie films, threads, coating fine wire 
for insulation, etc. These and similar compounds are referred 
to as cellulose esters. 

The cellulose aggregate is remarkable for the very drastic 
treatment it will survive; in fact, it requires rather drastic treat¬ 
ment to affect it at all. It is treated with a mixture of concen¬ 
trated nitric and sulphuric acids in making guncotton, the sul¬ 
phuric acid being added to remove and hold the molecules of 
water taken out. After nitration, in that severe reaction, it 
cun be denitrated, and then becomes cellulose again. 

222. Mercerization.—^Alkali hydrates have an interesting 
effect on cellulose known as mercerization, so called after an 
investigator named Mercer, who first described it. 

When sodium hydroxide, at a strength of 10% to 15%, is 
brought into contact with the cotton fiber at temperatures of 
about 15°C. to 20°C., the physical appearance of the fiber is 
altered, changing from a flat to a swollen shape. When this 
action takes place in the woven fibers, there is considerable 
shrinkage. If the fabric be held in place during the reaction, the 
alkali being subsequently removed by water, the fabric will have 
acquired certain properties of light refraction that cause a fine 
sheen, almost like that of silk. The cellulose is found to have 
taken up water, and its composition may be expressed by the 
formula CijHj/)io-HsO. 

The fact that cellulose is thus acted upon by acids and alkalis is 
important to the papermaker, as a warning to avoid the use of 
strong chemicals and to remove all chemical residues. It also 
shows that the cellulose molecule has some faint acid and basic 
properties, and this knowledge is useful in understanding the 
sizing, coloring, and other treatment of fibers. 

223. Hydrated CeUuiose.—Under the pressure of the calenders 
in the presence of moisture or upon long beating, cellulose takes 
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up water in a similar way; it acquires a greasy feeling and is said 
to be hydrated. It is this reaction that produce the slow stock 
necessary for bond and bank-note papers. If the process be 
prolonged, the product becomes quite translucent, and vegetable 
parchment or grease-proof papers arc eventually produced. Wax 
papers are not to be confused with grease-proof papers, as they 
are water-proofed only by running the paper through melted 
paraffin wax. The parchmentizing may Ito produced by treating 
the paper with strong sulphuric acid under special conditions 
of time and with great care that the acid is washed completely 
and quickly from the paper. 

224. Oxidation of Cellulose.—Of almost equal importance 
with the behavior of cellulose toward acids and alkalis is its 
indifference to oxidizing agents, unless they are very active. 
Coloring matters in wood pulp or rag fibers may be destroyed 
completely by bleaching with oxidizing agents, and with little 
or no loss of cellulose. However, if care is not taken, as explained 
in the Section on Bleaching, the cellulose molecule is oxidized 
to oxy-cellulose, which is a powdery substance of no papermaking 
value whatever, and which is easily affected by chemicals. 

225. Treating Wood for Production of Cellulose.—^The princi¬ 
pal object in the cooking of wood is the removal of the non¬ 
cellulose portions from the solution. The principle involved is 
hydrolysis, the cellulose being loosely bound to the lignin, which 
is the chief non-cellulose substance. The cellulose is quite 
easily isolated by splitting the association; but if the action is 
too vigorous, the cellulose molecule is more or less broken down. 
By continued boiling with dilute acid, it is possible to produce 
glucose, from which alcohol may be obtained, a product now 
commercially derived from sawdust. 

If the pulp bo intended for wrapping, board, or other paper 
products in which high whites or delicate shades or the permanence 
of the product are not essential, it is not necessary to remove 
the non-cellulose portions completely, while in other paper pro¬ 
ducts, the nearer the product comes to pure cellulose, the better. 

226. Soda and Sulphate Processes.—Not considering me¬ 
chanically prepared pulp, there are two main Imes of chemical 
treatment—one alkaline and the other acid—and both processes 
are aided by heat and pressure. Both are processes of hydrolysis, 
accompanied to some extent by saponification, especially in the 
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case of rosinous woods, though the soaps formed are probably- 
decomposed in the course of the several reactions. There are 
two alkaline processes, known as the soda process and the sulphate 
process. The latter might be called a modified soda prpeess, for 
the reason that the principal constituent in the cooking liquor 
is caustic soda. It is called the sulphate process Iwcause sulphate 
of soda, called salt cake, is used to i-cplace the soda lost in the 
process. The burning of the solids in the cooking of liquors 
reduces some of the sulphate to sulphide„and this sulphide has a 
decided effect in resolving the non-cellulose portion of the wood. 

The word hydrolysis does not mean hydration; it means the 
chemical decomposition of a compound that ensues when the 
group HjO (water) is absorbed by it, causing the formation of 
new compounds. 

227. Esters.—Esters, also called ethereal salts, may be defined 
in several ways: (1) An ester is a compound of an alcohol with 
an acid, water being liberated during the reaction; thus, the 
reaction between alcohol and acetic acid is expressed by 

CjHsOH -I- CH3COOH = CH3COOC3H6 -I- HjO, 
the products being ethyl acetate, also called acetic ethyl ester, and 
water. 

(2) An ester is formed by substituting a hydrocarbon radical 
for the hydrogen in the carboxyl (COOH) of an acid. In the 
equation above given, substituting the ethyl radical, CjHs, for 
the hydrogen in the carboxyl radical in acetic acid gives 
(-'HsCOOCjHs, the formula for acetic ethyl ester, formerly 
called acetic ether. 

(3) An ester may bo regarded as an ether in which one of the 
alkyl radicals has been replaced by an acid radical; this accounts 
for the term ethereal salt. Thus, the formula for ethyl ether is 
CjHsOCjHs; writing the formula for acetic acid as CHbCO-OH, 
and substituting the acid radical CHsCO for the first alkyl 
radical, the result is CH 3 C 0 - 0 -CjHj = CH 3 COOCsH 3 , when 
the dots are omitted. 

228, Isolation of Cellulose from Wood.—^There is no general 
acceptance of theories as to the processes going on to the ulti¬ 
mate isolation of cellulose from the complex mixture in woods. 
It has been found that even water, at high temperature and pres¬ 
sure, begins to break up the wood by hydrolysis (that is, by 
entry of water molecules) into esters and other compounds and 
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thus forming new compounds. For instance, take the case of 
ethyl acetate, which will combine, under certain conditions, with 
water, and form acetic acid and alcohol, as shown by the equation, 
CH 3 COOC 2 H 6 + H 2 O = CHaCOOH + CallsOH. 

This reaction is called hydrolysis. See definition. Art. 226. 
Cane sugar may be similarly hydrolyzed (see Art. 216); thus, 

CijHjsOii + HsO = C6Hi206(dcxtrose) + CBHi206(levulose) 

It is evident, therefore, that in all cases, the first effect of 
cooking wood is hydrolysis. The pixisencc of alkali (soda in 
alkaline liquors, and calcium in sulphite liquors) neutralizes 
any acids formed. It is evident that the action of alkali solutions 
containing 4% to 6 % of sodium hydroxide will be much more 
drastic, even after a portion has been neutralized, than the action 
of acid sulphite of lime solutions carrying under 1}4% of lime 
salt. The v.alucs mentioned are those in common use. Con¬ 
sequently, the waste liquora of the soda or sulphate processes 
do not yield the variety of useful compounds that arc found in 
the sulphite liquors. 

QUESTIONS 

(1) What do you iiiidersUind by («) fmctional distillation? (6) fractional 
condensation? 

(2) Why do oils reduce the friction between rubbing surfaces? 

(3) Name some well-known carbohydrates. 

(4) Why is neutral rosin size a soap? 

(5) What are the effects on cellulose of («) acids? (h) alkalis? (c) 
oxidizing agents? 

CLOSED-CHAIN, OR RING, COMPOUNDS 

AROMATIC, OR BENZENE, SERIES 

229. Unsaturated Hydrocarbons. —Hydrocarbons that do not 
have the general formula, C Jl 8 ,^^ 2 , can combine with a halogen 
without exchanging hydrogen atoms for halogen atoms, that is, 
they can add halogen atoms directly to their molecules; for 
which reason, such hydrocarbons are said to be unsaturated. 
Hydrocarbons of the paraffin series cannot do this, and they 
are therefore said to be saturated. All the Imnds of the carbons 
in a saturated hydrocarbon are engaged, and before a halogen 
atom, chlorine, bromine, etc., can enter the molecule, a hydrogen 
atom must be taken out. 
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Consider a molecule represented by the formula CtHi; this 
may be regarded as composed of two equal radicals CHi and CHj. 
If four of the eight carbon bonds be supposed to be engaged in 
holding the two carbon atoms, the structural formula for the 


molecule may be written 



and the constitutional 


formula may be written CH 2 : CHj, the double dot indicating 
that the two CH j groups are united by a double bond. Similarly, 
the molecule CjHa may be regarded as composed of two CH 
groups united by a triple bond; thus, H — C = C — H. The 
constitutional formula may then be written CH [ CH. 


230. These assumptions are based on the following considera¬ 
tions: Referring to Fig. 10 and the accompanying description, 
the U'traedron is supposed to represent the positions of the atoms 



W W («> 

Fio. 11. 


in the molecule of methane CH 4 . The carbon atom is situated 
at the center of gravity of the tetraedron, and there is a hydrogen 
atom at each of the four corners, which are the vertexes of the 
four solid angles. When two such molecules are linked, they 
may be supposed to be joined as illustrated at ( 6 ), Fig. 11. 
This leaves three corners free, that is, there are three bonds 
united to hydrogen atoms that may be replaced with other atoms 
or radicals. The case of double linking is illustrated in (o). 
Fig. 11. Here two edges touch, instead of two comers, and two 
comers are left free, that is, there are two bonds united to hydro- 
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gen atoms that may be replaced with other atoms or radicals. 
The case of triple linking is illustrated in (c), Fig. 11. Here two 
sides touch, and there is only one bond united to a hydrogen atom 
that can be replaced with another atom or radical. 

231. The compounds so far discussed have all belonged to the 
open-chain, or aliphatic, group; they arc called open-chain 
compounds because the carbon atoms are supposed to be linked 
together in such a way that there are terminal carbon atoms, 
each attached to only one carbon atom. There are, however, 
certain hydrocarbons in which each carbon atom is attached to 
two carbon atoms, as illustrated at (a) in the two following 
diagrammatic structural formulas: 



C-C-C-C 


(o) (6) 

Here each carbon bond is attached to two carbon atoms including 
the terminal carbon atoms. The arrangement may be better 
shown by arranging the carbon atoms in the form of a ring, as 
shown at (6) These two diagrams show only the relation of the 
carbon atoms; the hydrogen or other atoms or radicals will, 
of course, be attached to the ends of the free bonds. The reason 
for the terms closed-chain and ring will now be evident. 

232. The Benzene Series.—The general formula for the 
benzene series is CnH 2 «- 8 , and the lowest term of the series is 
CjHe, which is the formula for benzene, from which the series 
derives its name. From the fact that some of the compounds 
of this scries have very pleasant, aromatic scents, the scries is 
frequently called the aromatic series; and since the compounds 
arc of the closed-chain type, the name aromatic is applied to the 
entire group, in contrast to aliphatic, which is applied to the 
open-chain group. 

The first four members of the benzene series are: 

Benzene or benzol, CeHj, Boiling point, 80“C. 

Toluene or toluol, CtH», Boiling point, llO^C. 

Xylene or xylol, CsHio, Boiling point, 139®C. 

Mesitylene, C>H«, Boiling point, Ifid’C. 

Benzene is chiefly derived from coal tar; it is a colorless liquid, 
lighter than water, and has an odor resembling that of coal gas. 
It solidifies at 3°C. and is highly inflammable. It is to be noted 
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that hendm (note spelling) is a mixture of several products of 
the paraffin series, and is obtained from petroleum; it is an 
entirely different sul)stance from benzene, which is frequently 
called benzol. 

233. The Benzene Ring. —In order to explain the structure of 
the benzene molecule, it is assumed that the carbon atoms !irc 
situated at the six corners of a h(ixagon, and that they arc double- 
linked on one side and single-linked on the other side of each 
cartxm atom; this leaves one bond free for attachment to a 
monad atom or radical. The arrangement is shown in (o). 
Fig. 12. The structural formula for benzene is shown in (6), 

H 


V. C 





(a) H 

(<>) 


Kii. IB. 

Fig. 12, and is usually called the benzene ring; this is quite fre¬ 
quently represented by a plane figure, as at (c), in which case, 
it is understood that a CH group is located at each corner, even 
though the letters do not appear there. 

The benzene ring plays the same important part in the aro¬ 
matic compounds that the structural formula for methane does 
in the aliphatic compounds. There are but few compounds in 
which the carbon atoms in the ring arc replaced, and most of the 
reactions result in the substitution of elements or radicals (as 
NOs) for the hydrogen atoms or for CH groups. This indicates 
a very stable inner ring of carbon atoms. The prefix phen is 
characteristic of the names of compounds containing the benzene 
nucleus. 

234. Formation of Benzene Compounds. —It will be recalled 
that it was shown that methane, CH*, may be written CHjfi, 
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gen atoms that may be replaced with other atoms or radicals. 
The case of triple linking is illustrated in (c), Fig. 11. Here two 
sides touch, and there is only one bond united to a hydrogen atom 
that can be replaced with another atom or radical. 

231. The compounds so far discussed have all belonged to the 
open-chain, or aliphatic, group; they arc called open-chain 
compounds because the carbon atoms are supposed to be linked 
together in such a way that there are terminal carbon atoms, 
each attached to only one carbon atom. There are, however, 
certain hydrocarbons in which each carbon atom is attached to 
two carbon atoms, as illustrated at (a) in the two following 
diagrammatic structural formulas: 



C-C-C-C 


(o) (6) 

Here each carbon bond is attached to two carbon atoms including 
the terminal carbon atoms. The arrangement may be better 
shown by arranging the carbon atoms in the form of a ring, as 
shown at (6) These two diagrams show only the relation of the 
carbon atoms; the hydrogen or other atoms or radicals will, 
of course, be attached to the ends of the free bonds. The reason 
for the terms closed-chain and ring will now be evident. 

232. The Benzene Series.—The general formula for the 
benzene series is CnH 2 «- 8 , and the lowest term of the series is 
CjHe, which is the formula for benzene, from which the series 
derives its name. From the fact that some of the compounds 
of this scries have very pleasant, aromatic scents, the scries is 
frequently called the aromatic series; and since the compounds 
arc of the closed-chain type, the name aromatic is applied to the 
entire group, in contrast to aliphatic, which is applied to the 
open-chain group. 

The first four members of the benzene series are: 

Benzene or benzol, CeHj, Boiling point, 80“C. 

Toluene or toluol, CtH», Boiling point, llO^C. 

Xylene or xylol, CsHio, Boiling point, 139®C. 

Mesitylene, C>H«, Boiling point, Ifid’C. 

Benzene is chiefly derived from coal tar; it is a colorless liquid, 
lighter than water, and has an odor resembling that of coal gas. 
It solidifies at 3°C. and is highly inflammable. It is to be noted 
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1. Catechol (pyrocateehol) 

2. Resorcinol 

3. Quinol (hydroquinol) 


8p. Gh. Mbltino Pt. BoiLCfa Pr. 

1.344 lOi-C. 240“C. 

1.272 116°C. 276'’C. 

169°C. 286‘‘C. 


It will be noted that the physical properties of these throe com¬ 
pounds are widely different; how, then, can they be distinguished 
chemically? By referring to the benzene ring of Art. 236, it 
will be manifest on examination that the two hydroxyls may be 
arranged in throe different ways, and only three; thus, one may 
be placed at 1 and the other at 2, one at 1 and the other at 3, 
and one at 1 and the other at 4, as shown in Fig. 13. 



Rg. 13. 


Evidently, these are the only different positions, insofar as the 
relative arrangements of the radicals is concerned. In (o), there 
is no intervening carbon atom between the two hydroxyls, and 
compounds of this kind are called ortho compounds, ortlio mean¬ 
ing straight; in (6), there is one carbon atom between the two 
hydroxyls, and compounds of this kind are called meta com- 
poimds, meta meaning between; in (c), the arrangement is sym¬ 
metrical, the two hydroxyls being opposite each other, and such 
compounds are called para compounds, para meaning across. 
The first arrangement applies to catechol, which is called ortho- 
dihydroxybemene, (hdihydroxybenzene, or 1 :2 dihydrozybemene. 
The second arrangement applies to ■ resorcinol, which is called 
meta-dihydroxybemene, mrdihydroxybemene, or 1 :3 dihydroxy- 
bemene. The third arrangement represents quinol, which is 
called para-dihydroxybemene, p-dihydroxybemene, or 1 :4 dihy- 
droxybenzene. The figures refer to the numbers at the corners. 

237. Nitrification of Benzene.—Benzene and the other mem¬ 
bers of the series can be nitrified to produce nitrobenzol, etc.; 
in fact, many elements' and radicals may be introduced into the 
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benzene ring. li one nitroxyl (NOj) be introduced, the result 
will be a mono-nitro compound. There can be but one mono- 
nitrobeneene, because the nitroxyl may be placed at any one of 
the six comers, as was the case with hydroxyl. 

In the case of toluol, there can be three mononitrotoluols, 
because if the empirical formula CtHb be written 
CeHsCHs, and the methyl radical be placed at, 
say, 1, in place of the hydrogen atom, the nitroxyl 
may be placed at 2 or 6, at 3 or 5, or at 4, thus 
giving three different combinations, and the result 
will be three different compounds. The same 
result will be obtained if the methyl radical be 
placed at any one of the other corners. This 
phenomenon, whereby different compounds arc 
obtained by altering the position of a radical in the molecule, 
is called metamerism, and compounds that can be so altered 
are called metamerides. Metamerism 
is a special case of isomerism, and an 
example of it has been given previously 
in Art. 236. The complete stmctural 
formula for meta-mononitrotoluol is 
shown herewith; this would usually 
be expressed as m-nitrotoluol. When 
the nitroxyl is placed at 2 or 6, the 
compound is called o-nitrotoluol, and 
if placed at 4, it is called p-nitrotoluol. 
If three nitroxyls are introduced, the 
result is the well-known explosive, tri¬ 
nitrotoluol, commonly called T.N.T. 

238. Some Other Benzene Compounds.—If one of the hydro¬ 
gen atoms of the benzene ring be replaced with amidogen, NHj, 
see Art. 187, the formula becomes CjHeNHj, and the 
compound is called aniline, which is the starting 
point for a large number of dyes. The abbreviated 
structural formula is here shown. It is also called 
aminohemene and phmylamine because of the amido¬ 
gen radical, and it may be prepared by reducing 
nitrobenzene with iron and hydrochloric acid, accord¬ 
ing to the equation 


H—C, 


H—C' 


C—H 


C—NOj 


H 


NHb 


C,HJ^O, + 3Fe + 6HC1 
11 


C JIbNH, ■+■ 2H,0 + 3FeCl, 
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239. There are a whole series of acids; if but one carboxyl be 
made to replace one hydrogen atom in the benzene, the resulting 
acid thus formed is called benzoic acid or momcarboxybemme, 
CeHsCOOH. If CHO be substituted for one hydrogen atom, 
the resulting compound is bemcddehyde, CeHsCHO, which is 
the well-known fragrant oil of bitter almonds. 

240. Hydroxybenzoio acid has the constitutional formula 
C 6 H 4 ( 0 H)C 0 ()H, which shows that one atom of hydrogen has 
been replaced with hydroxyl and another atom with carboxyl. As 
in the case of dihydroxybenzene, there are three metamerides, 
the most important of which is 1 :2 hydroxybenzoic add, which is 
commonly called salicylic acid. There is also nalicyl aldehyde, 
C6H4(0H)('H0. The complete structural formulas for these 
two compounds is shown in Fig. 14, together with the abbre¬ 
viated structural formulas. Salicyl aldehyde is the odoriferous 
jirinciplo of the meadow-sweet spira)a. 



Salicyliu acid Salicylic uldeliydo 

Fia, 14. 


Salts formed by the reaction of salicylic acid with bases are called 
salicylates, the most important of which is sodium salicylate, 
(/ 8 H 4 (OH)COONa, which pofisesses powerful antiseptic proper¬ 
ties, and is frequently used for the preservation of meat and other 
food articles. Methyl salicylate, C«H 4 0H C()0 CH 3 is the 
natur.al oil of wintergrem. The salicylates are much used in the 
treatment of rheumatism. 


241. Amino Compounds.—The formula for aniline, CaHsNHj, 
may be regarded in two ways; 1st, as though it were 
“ formed by replacing an atom of hydrogen in the ben¬ 
zene ring with amidogen, in which case, it is called 
amindbenzem; 2d, as though it were formed from 
ammonia, NH», by replacing an atom of hydrogen 
with phenyl, in which case, it is called phenylatnine. 
The compounds formed by successive replacements 
of h 5 ’'drogen in ammonia and the introduction of these 
® ammonia residues into other compounds, form a very 
important and interesting section of organic chemistry, especially 
in coiiucction with the manufacture of dyestuffs. 
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An important aniline compound is paranitraniline or paranitro- 
aniline which is used to obtain paranitraniline red, by an indirect 
process. There are also orihonitraniline and metanitraniline. 
All three crystallize in long, yellow needles of different shades. 

242. Other series of hydrocarbons are composed of benzene in 
pairs and triplets, as in the case of naphthalene and anthracene, 
the complete and abbreviated structural formulas for which are 
given in Fig. 15. 


i f 

nV V Vw 

I II I 
c ^0-a 

k k 

Nnphthftli^no CioUa 


I II II I 

a-c^ 0 0 jc-B 

a a a 

Aiitlirui'cno CmITio 


Other elements and radicals may be substituted for the hydro¬ 
gen in these two compounds, thus giving rise to products that are 
of interest and value in dyestuffs. Thus, naphthol is derived by 
substituting hydroxyl for one of the hydrogen atoms in naphtha¬ 
lene, and it is to be supposed that there will be several naphthols, 
according to the position of the hydroxyl; two arc known, which 
are called alpha naphthol and beta naphthol, also written 
cMiaphlhol and ^aphOiol. Similarly, by replacing a hydrogen 
atom with amidogen, two naphthylamincs arc formed, viz., 
alpha naphthylaminc and beta naphlhylamine. 


OH 



a-uapliltinl /i-naphthol 
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243. Hiazo Compounds.—A diazo compound may be defined 
aa one that contains two doubly-linked nitrogen atoms, each of 
which is linked to a monad atom or radical, of the general form 
R N :N R', or R N=NR'; here the single dots indicate one bond 
and the double dots two bonds. The formula for azobenzene 
is C«HiN:NC(JH 6 . The radical represented in the general 
formula by R'may be replaced with a monad element or radical; 
thus, diazo-benzene chloride has th<i formula CjHsN :NC 1 . 

The azo bodies are of great importance in dyestuffs. The 
azo colors depend largely on the reactions between the chlorides 
of CeHsNj (a group called diazonium, which behaves somewhat 
like ammonium, NH 4 ) and the amino bodies of the aromatic 
series. The simpler forms are yellow; then, by increasing the 
weight of the molecule by introducing paraffin or aromatic 
radicals, the color changes to orange, red, blue, and violet. 

244. It is beyond the province of this Section to go farther in 
connection with the subject of organic chemistry. From what 
has been stated, it will be perceived that the chemistry of the 
carbon compounds is a study of fascinating interest. 


QUESTIONS 

(1) Whttt « .an ester? 

(2) Wliat is the principal difference Ixitwccn the benzene scries and the 
paraffin scries? 

(3) Name the compounds repn'senti'd by the following structural formulas: 




NO, 

V\ 


/^\nh, 


An 

\/ 

v 


V 

(«) 

(ft) 

(c) 

(<D 

(4) What group 

of substaQCGS related to the benzene 

series is of most 


interest to the paper maker? What is the principal source? 

(5) What is the difference between carbonic acid and carbolic acid? 
(0) Besides water, what are the two chief constituents of wood? 
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EXAMINATION QUESTIONS 

(1) (a) How docs the valence of carbon affect the likelihood of 
its forming many compounds? (6) What is the similarity be¬ 
tween carbon and silicon? 

(2) (a) What are the chief constituents of glass? (6) What 
is water glass? 

(3) How does heating to redness spoil a clay for paper-mill 
use as a filler? 

(4) (a) What are the allotropic forms of carbon? (6) What 
is the difference between anthracite and steam coal? 

(5) What is the source of coal-tar dyes? 

(6) (o) What arc the two oxides of carbon, and under what 
conditions are they formed? (6) Why is the burning of coal 
under a steam boiler a wasteful procedure? 

(7) (o) How does carbon act as a reducing agent? (6) What 
is producer gas? 

(8) (o) What is a hydrocarbon? (b) Into what two large 
groups are hydrocarbons divided? 

(9) (o) What is the simplest saturated hydrocarbon? (b) 
What is another name for saturated hydrocarbons? (c) What 
is marsh gas? 

(10) (a) What is a homologous series? What radical is 
characteristic of (b) alcohols? (c) organic acids? 

(11) What is the general formula of (o) the paraffins? (b) 
the ethers? (c) How are fatty acids formed from hydrocarbons? 

(12) (a) What is the chief source of lubricating oils? (b) 
What effect has fatty acid in lubricating oils? (c) What pur¬ 
poses are served in determining the flash point of an oil? 

(13) (a) What is a monatomic alcohol? (b) Name two alco¬ 
hols that are likely to be used in the pulp and paper industry, 
(c) What is proof spirit? (d) What are the sources of ethyl 
alcohol in commerce? 


16S 
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243. Hiazo Compounds.—A diazo compound may be defined 
aa one that contains two doubly-linked nitrogen atoms, each of 
which is linked to a monad atom or radical, of the general form 
R N :N R', or R N=NR'; here the single dots indicate one bond 
and the double dots two bonds. The formula for azobenzene 
is C«HiN:NC(JH 6 . The radical represented in the general 
formula by R'may be replaced with a monad element or radical; 
thus, diazo-benzene chloride has th<i formula CjHsN :NC 1 . 

The azo bodies are of great importance in dyestuffs. The 
azo colors depend largely on the reactions between the chlorides 
of CeHsNj (a group called diazonium, which behaves somewhat 
like ammonium, NH 4 ) and the amino bodies of the aromatic 
series. The simpler forms are yellow; then, by increasing the 
weight of the molecule by introducing paraffin or aromatic 
radicals, the color changes to orange, red, blue, and violet. 

244. It is beyond the province of this Section to go farther in 
connection with the subject of organic chemistry. From what 
has been stated, it will be perceived that the chemistry of the 
carbon compounds is a study of fascinating interest. 


QUESTIONS 

(1) Whttt « .an ester? 

(2) Wliat is the principal difference Ixitwccn the benzene scries and the 
paraffin scries? 

(3) Name the compounds repn'senti'd by the following structural formulas: 




NO, 

V\ 


/^\nh, 


An 

\/ 

v 


V 

(«) 

(ft) 

(c) 

(<D 

(4) What group 

of substaQCGS related to the benzene 

series is of most 


interest to the paper maker? What is the principal source? 

(5) What is the difference between carbonic acid and carbolic acid? 
(0) Besides water, what are the two chief constituents of wood? 
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A 

Abiotic acid, $3, pp33, 53 
Aiisrissas, axis of, |1. pioi 
Alssolutft pn^ure, §1, pi 30 
velocity, §1. pl42 
Acceleration, radial, |lfpl53 
representation of, §1, pl33 
Accumulators, or storage, cells, $2, p53 
lead. $2, p59 
Acetaldehyde, §3, pl39 
Acetic acid, §3, pp139. 140 

use of in bleaching, (3, p85 
ether, 13, pl54 
Acetone, fi3. pi 43 
Acid 53, pp47, 50 

abiotic, 53, pp33. 53 
acetic, 53. ppl^IO, 140 
beusoic, §3, p162 
butyric, 53, pl41 
capric, 53 , pl41 
carbolic, 53, pl60 
carbonic, 53, pIlU 
formic, 53, pl30 
hydrobcnxoic. 53, pl02 
hydrochloric, 53, p85 
hydrocyanic, 53. pKM) 
hydroxybenzoic, 53, pl62 
manganic, 53, plOl 
margaric, §3, pl47 
oleic. 53 . pl41 
palmitic, S3, p141 
permanganic. S3. plOl 
propionic. |3, pl41 
prussic, |3, pi 00 
pyroligneous, 53. pl34 
salicyoilio, §3, pi 02 
stearic, 53. pl41 
sulphuric. 53. pp67, 68, 85 
tannic, §3, pi 00 
vaWio, 53 , pl41 
Acid salt, 53, p50 
stool, 53 , p95 

Acids, diluting, with water, 53. pO 
fatty, 53 . pi 36 
used in bleaching, §3, p85 
Acidulated 53, p6 

Action line, 51. pl 

Aotmtl velocity of discharge (pipes), 
fl. pl97 


Ad<lcndum (Def.)t 51. p84 
circle iDef.), §1, p84 
Adju8table-HtH*ed motor, 52, p127 
Agents, oxidising and reducing (Def.), 
53 . p43 

Air, composition of. §3, p40 
dry (/)c/.), 53 , p22 
gap, 52 , p83 

Air-slaked 53, p72 

Alcohol, ethyl, methyl, grain, wood, amyl, 
53 , pp] .14-130 
preparation of, 53, pl30 
Alcohols, 53 , pl33 

Aldehyde, general formula for, §3. pl40 
Aldchycb's, 53. p]38 
Aldoses. 53 . pl50 
Aliphatic compounds, 53, pl28 
Alkali (/)<■/.), 53 . p47 
Alkaline earths (Def.), 53, p48 
Alkyl rsflicals, 53. pl32 
Allotropy (Def.), 53. p64 
Alloy Ktecls, 53, p97 
Alloys (Def.), 53, pl03 
copper, 53, p103 
lead, 53 , pl04 
some properties of, 53, pl07 
Alternating current (Def.), 52. p9 
current generators, 52. pl29 
current, real and apparent power of, §2, 
p148 

Alternation (Def.), 52, pl33 
Alternations and frequency, 52, pl33 
Alternator (Def.), 52, pl29 
Alternator-armature windings, 52. t>130 
field excitation, 52, 130 
single-, two-, and three-phase, 52, pl30 
two- and three-phase, 52, p135 
Alternators, revolving field, 52, pl34 
Alum, ammonium, S3, p57 
papermaker's, 53. p57 
poUsrium, 53 , p57 
sodium, 53, p57 
use of in bleaching, 53, p85 
Alumina, 53, plU9 
Aluminum, 53. p109 
Aluminum oxide, 53, pl09 
sulphate, §3. pllO 
Alums, 53 . pp07, 110 

reaction of, with water, 53, p57 
Amalgam, gold and sodium, 53, pl06 
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Amfttganmtion pronew, (3. pl09 
AmaiganiB, f3. plOO 
Amane. (3, pl30 
American wire gauge, (2, p46 
Amidogen, {3, pl31 
AtnineR. (3, pl31 
Amino compounds, (3> pl62 
Aminobeniene. §3, pplOl, ir>2 
Ammeter, Internal resutanee of, (2, p87 
Ammeter, Weston, {2, p86 
connections, $2, p87 
Ammonia. S3, p43 

molecular formula of, S3, pM 
Ammonium, properties of, S3, p54 
Amnionium hydroxide, S3, p&l 
Amorphous (Di/.), S3> p32 
Ampere S2, pll 

Ampere-turns {Def.), S2, pn7 
Amyl acetate, S3> ppl36, 138 
alcohol, S3. ppl34.130 
ether, S3, pl42 
or pentyl, S3, pl32 
Analysiri {)>*•/.), S3, pp3, 55 
of water, S3, p6 
Analytic procera {Def.), S3. p55 
Angle of elevation, SI. pHO 
of friction, Sl> p03 
Angular velocity, SI, p1&2 
Anhydride (Daf.), S3, p50 
Anhydrous (Def.), S3, p22 
Aniline, 83, pi 61 
Animal fats, S3, pl46 
Annealing, S3. p67 
Annular gears, §1. pOO 
Anode (Def.), {2. pl9 
Anthracene, S3, pl63 
Aiitichlors, |3, p80 
Apparent power (Daf.), S2, pl50 
Arc, eireular, o.g. of, SI, Pl04 
Area, any t>lane, e.g. of, Sl> plU 
Area of semicircle, c.g. of, 51, pHl 
Areas, c.g. of symmetrical. 81, pl63 

plane, center of gravity of, SI. pplO.V 
115 

Arguments 11, P^l 

Arm, weight or power {Def.), SI. p33 
of force, SI, P24 
Armature (/>a/.), 82. pll2 
Armature of magnet, 82, p73 

windings, alternator, |2, pl30 
Aromatic compounds, S3, pl28 
series, S3, pl57 

Arsentous oxide, use of in testing bleach, 
S3, p85 

Artificial magnets, S2, p65 
silk. S3. p44 
Asphaltic oils, S3, pl44 
Atom {t>rj.), S3, pl8 
Atomic weight (7^.). S3, p2ft 
weights, table of. S3, p59 . 
Atmospheric line, SI, pl73 


Aututransfornicr, |2, pi47 
Avogadro's law, S3, pl8 
Axis of abscissas, or axb of X, SI, plOl 
of moments, SI, pl02 
of ordinates, or axis of Y, tl, pl61 
Axle, wheel and, 81, P''>6 
Aso compounds, S3, pl64 
Asobensene, S3, pl64 

B 

H. (b. B. wire gauge. S2, p46 
Back o.m.f., 82, pl24 
Bakclite. 83. pHO 
Barium sulphate, S3, pill 
Buryt(». S3, pill 
Base (/>c/.), S3, p47 
Bases, organic, $3, pl37 
Basic steel, S3, p95 
Battery (/>«/.), 62, p7 
ston^c, 82. p58 
Bauxite, S3, plOO 
Bcckton white, 83. pill 
Boll, electric, wiring for, §2, p82 
Belt pulleys, §1, p30 
Bent lever. Si, P^l 

Benseno compounds, formation of, S3. pl58 
nitrification of, S3, pl60 
Bcnccne or bcnxol, S3, pl57 
ring, 63, pl58 
Bories, S3, pl57 

Benxinc, difference between, and beniene, 
63. pl58 

Bcnsoic acid. |3, pl62 
Bessemer steel, S3, p05 
l^el gears, SI, p89 
Bicarbonate of soda, S3, p56 
Bichloride of mercury, S3, plOO 
Bipolar dynamo, S2. pll3 
Bivalent (D(/.), S3, p39 
Black ash (Def.), S3. p73 
lead. S3. pHO 

Blast furnace {Def,), 63, pOl 
Bleach, determining strength of, S3. p84 
use of arseniouB oxide in teBtiiut, S3, p35 
Bleaching, acids used in, §3, p85 
principles of, S3, p79 
three classes of agents in, |3, p81 
use of sodium sulphite and bisulphite 
in, S3. p86 

use of sulphur dioxide in, S3, l)86 
Bleaching by electrolysis, |3, p87 
powder, S3, p83 
powder, strength of, S3, p84 
Block power, 62, pl53 
Block, pulley, SI, p48 

and tackle {Def.), SI, p48 
Bluestone, |3, pl03 
Blue vitriol, S3. p99 
Bodies, formulas for falling, SI, 

BoUed S3. pll3 
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Bone bkokt $3, pll7 
dry (3, p22 

Bornite, (3, p63 

"‘Breaking" the oirciiit {Def.), %2, pl05 
Breaks (.in oiU), |3, pi 13 
Broken line, c.g. of, {1, plOl 
Bromine, properties of, {3, p78 
Brushes |2, pl07 

number of, for dynamo, |2, pi 13 
Building up the field {Def.), (2, pi 19 
Butane, S3, pl30 
Butyl, |3, pl32 

Buying eleotzio power, (2, pl51 
C 

Calcium, S3, p70 

Calcium acetate iDef.), |3, p85 

bisulphite, how obtained, §3, p71 
cyanamide, |3, p44 
hydrate, or hydroxide, S3, p21 
hydroxide, or hydrate, S3, p71 
oxide, S3, p21 
Calomel, §3, pl09 
Cano sugars, S3, pl50 
Capadty of copper wire, table of carrying, 
S2. !>32 

of motor, relation of, to load, S2. pl28 
Caprie acid, §3, pI41 
Carbohydrates, S3, pl48 
Carbolic acid, S3. plfi9 
Carbon, combined (Def.), S3, p94 
effects of. on iron, S3, p94 
gas-rotort. S3. pll7 
graphitic, S3, p04 
oxides of, S3, pi 17 
three forms of. S3. pll4 
Carbon compounds, S3, plI4 
dioxide, S3. ppllS, lifi 
monoxide, |3, ppllS, 119 
monoxide, use of in gas ongiu^i S3, pllS 
tetrachloride, S3, pi 38 
Carbonic acid, S3, pn9 
anhydride, §3, pllS 
Carborundum, {3. pl20 
Carboxyl. S3, pl31 
Cast iron (Z>^.), S3. pOfi 
Catalysis (De/.), S3. p23 
Catalyst iDef,), S3. p23 
illustration of, |3, pdQ 
Catalytic poisons S3, 

Catechol, S3. pl60 
Cathode (Def.), S2. pl9 
Caustic potash, S3, pfil 
soda. S3, p51 

Celt, primary (Def.), S2, pp7, .'Ml 
Cells, secondary or storage, §2, 
wet and dry, S2, pfifi 
Cells in multiple or parallel. S2, p24 
in series, E.M.F. of, S2, p20 
Celluloid. S3. pl61 


Cellulose, action of alkali hydiutes on, S3> 
plfi2 

composition of, $3, pl.51 
hydrated, S3, pl52 
isolation of, from wood, S3, pl64 
luster, S3, p]52 
oxidation of, S3, plS3 
treating wood for production of, S3, 
pi 53 

acetates, S3, pl62 
nitrates. S3, pl51 
(•enter, instantaneous, Sl» pl32 
Center of gravity (o.g.). SK 

of any quadrilateral, SI, plOl 
of broken line, SI. plOl 
of circular are. SI. pl04 
of cone, §1, pll6 
of curved line, $1. pl05 
of frustum, SI. pll7 
of lines, SI, pplOO, 105 
of piano areas, SU ppl05, 115 
of pyramid, §1, pll6 
of rectangle, |1, pl06 
of rectangular prismoid, SI. pll7 
of regular polygon. §1. pl06 
of right line, SI, plOl 
of sector, SI, pill 
of segment, SI. pill 
of Btnnieircic (arc), $1. pl05 
of scmi-rt'ctangular trajiesoid, SI. plOO 
of simple solids. SI. pll5 
of s<ilid of revolution, §1. pll8 
of solids, SI, pp] 15-119 
of symmetrical areas, SI, pl05 
of system of bodice, SI. pHH 
of trapHsoid, SI. pl(@ 
of triangle. §1, pl07 
of truncated cylinder, SI. plI5 
Center of moments. SI. p22 
Ontral forces, Si. pl63 
Centrifugal force, SI. pl63 

of flywheels and disks, SI. pl55 
Centripetal force, SI. pl33 
CeruBsiio, S3, pl03 
C. O. S. system, SI. pl73 
Chaloopyrite, S3, p63 
Chalk (Def.), S3, p70 
Charcmil, S3, pll7 
animal, §3, pll7 
Charge, electric, S2, p5 
Charging a storage battery, f2, p58 
Chenuad eompound {Def.), |3, p4 
equations. S3, p44 
law of atoms in, S3, p45 
experiments. S3, p5 
nomenelftturc, S3. pp65, 00 
properties of matter, S3. p3 
reaction, S3, p4 
Chili saltpeter (D^.), §3, p69 
China clay, S3, p22 
wood oil, S3, pll3 
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Chloride of Umo, |3, p83 
mercury, 53, plOO 
Chlorine, properties of, 53. p77 
Chloroform. 53. pl38 
(’hronie-steel, |3, p97 
Chrome yellow, 63. plOfi 
Cinnabar. 53. pl08 

Circles, pitch, addendum, and root. 51. 
Giroiut, electric (Def.), 52. p8 

external ami internal (.Def.), 52, p8 
internal and external, 52, p09 
magnetic, 52. p71 
in dynamo, 52. pi 14 
multiple or parallel. 52. p21 
open and closed (Def.), 52, p8 
series, 52, pl9 

resistance of, 52, p20 
short (Def.), 62. p43 

Circuits, combination of scries and parallel 
or multiple. 52, p30 
divided, 52, p22 
electric, 52. pl8 

resistance of jArallcI or multiple, 
52, p22 

CireuUr arc, c.g. of, 51» pl94 
mils (Def.), \2, p45 
pitch. 51 i p35 
Clockwise rotation, 51. p21 
CliMed cliain, explanation of, 53» pl37 
compounds, 53, pl28 
circuit (Def.), |2, p8 
Coal. 53, pliri 

Coofficient of contraction. 51. pl®0 
of disolinrRe, 51 . pl91 
of efflux, 11, pi 91 
of friction, 51 . p92 

(water), table of, 51. pl99 
of velocity, 51 . pl^ 

Coil, cltwcd, inducing current in. 52. plOO 
primary, 52 . pl05 
secondary, 52, pl05 
winding non-inductively, 52. p94 
Coke, 53, pltt) 

(Collecting rings, or collectors (Duf.), 
52. pl07 

Collodion, 53 . pp44, 131 
Colloids, 53 . plOO 
Colored pigments, |3, pll2 
Colors, temper. 53, p07 
Combined carbon (Def.), 53, p94 
Combustion (Def.), 53. p05 
to support. 53 , p8 
Commutating poles. 52. pl2l 
Commutator (Def.), 52, pll3 
of motor, 52 , pl23 
Compass (Def.), 52, p93 
needle, 52. p93 

('ompensators, starting. 52. pl48 
Components of a foice, 51. pl® 
Composition of forci^, 51, p3 
of velQciti<H». 51 . Pl41 


Compound, chemical (Def.), 53, p4 
ethers, 53, pl43 
lever. 51 . p42 
law of. 51. p43 
velm'ity ratio of. 51. p44 
pulley, 5 I 1 P*^^ 

Compound-wound dynamos, 52, pl20 
Concurrent forces, 51. pl7 
Condensation, fractional, 53, pl4C 
Conductance (Def.), 52, p24 
Conductor (Def.), 52. p6 

(any shape), r^istance of copper, 52, 
p48 

direction of current in, 62, p7Q 
of movement of, 52 , pi22 
influence of area on resistance, 52, p4fi 
of length on rcsistantn.' of, 52, p44 
losses, 52 , p43 

magnetic field around, 52. p74 
C-unductors, attraction and repulsion Im- 
tween. 52, p7(> 

Cone, e.g. of, 61,1»119 
Conical tube, discharge through, 51. pl92 
('onmK’ting cells in multiple or parallel, 52, 
p24 

Connections, ammeter, 52, p87 
Connections for dynamo. 52, ppll9, 120 
for motor. 52, pl24 
for voltmeter, 52, J>89 
Constitutional formulas, |3, pi 25 
('ontiuuuus eurrent (Def.), §2, pp7, 9 
Contraet<*d vein, 51. pl90 
Coiitraetion, Coeflicient of, |1, pllK) 

Copper, 53 . pl02 
Copper alloyB, 53, pl03 

conductor (any shape), resistanee of, 
52 . p48 

sulphate, 53. pl03 
wire, resistance of (table), 52, p47 
rule for resistance of, 52, p47 
table of carrying capadty of, 52. 
p52 

Cordite, 53. pl44 
Core (of magnet), 52. p80 
Corrosive sublimate, 63, pl09 
Corundum, 53. pl09 
Cost of lighting, 52. pl52 

of operating motor, 52, pl52 
per kilowatt-hour, 52 , pl32 
Coulomb (Def.). \2, pll 
Counter (f.m.f., 52. pl24 
Counterclockwise rotation, 51. p21 
Couple, moment of a, 51. p29 
Couples, {1, p28 

Couples and momenta, difference between, 

5). P30 

Crown gear, 51. p90 
ailer, 53 . p74 

Crowning or crown of puUoy, 51. p80 
Current, alternating (D$f.), 52, p9 
direct or continuous, 52. p9 
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Current, direction of induced, (2, p97 
(mutual induction), (2, pl05 
field, Bouroes of, {2, pll7 
flow of, direction of, |2, pl4 
induced {Dej.), $2, p07 
direo^on of, {2, pl04 
three ways of gcncmting, {2, plOO 
pulsating, (2, pill 
strength of, (2, pll 
(dynamo), (2, pllO 
Current electricity {Def.), |2, p? 

induced by mechanical work, |2, pl02 
in shunts, calculation of, |2, p22 
Curved line, c.g. of, Sli pl05 
Cut'outs, Butomatio, $2, p33 
Cyanides, |3. p99 
Cyanogen, (3, pQ9 
Cycle {Def.), 82, p9 
Cycloidal system of gear teeth, (1, pSG 
Cylinder, truncated, c.g. of, 81, plir> 

D 

D'Arsonval galvanometer, 82, p84 
Definite proportions, law of, |3, p31 
Degree, electrical, §2, plSfi 
Dehydrating (i)</.), i'll P21 
Deliquescent 83, pl9 

Density, flux, 82. p73 
Dt lector galvanometer, |2, p90 
Dextrine, (3, |>150 
Dextrose, 83. pl49 

Diagrams of motion, scales of, 81, pl32 
Diameter of pipe for given discharge, 81* 
p204 

Diametral pitch, 81, pS^ 

Diaso>bcnsoiie cblorido, }3, plA4 
THaso compounds, 83, plb^ 

Diasonium, 83, pi 64 
Differential pulley, §1, p50 
Dilute solution tDs/.), |3, pO 
Diluting acids with water, 83, pO 
Direct current (f>e/.), of, 82, p9 
Direct>current dynamos. 82, pl07 
motor, voltage of, 82. pl24 
motors, |2, pl21 

Direction of current in conductor, |2, p76 
(mutual induction), 82, pl05 
induced current. 82. pi^7, 104 
lines of force around conductor, 82, 
p76 

movement of conductor, 8«> Pl22 
rotation of synchronous motor, |2, pl38 
Discharge, actual velocity of (pipes), 81» 
pl07 

coeflicient of, 81 f pl91 
given, diameter of |Mpc for, 81, p204 
units of, 81> Pl35 
Disohanie from long pipe, 81. p202 
from short pipe, |1, p2U2 
from very short pipe, 81. Pl^ 


Discharge, head to produce, f 1, p203 
Discharge tltrough conical tube, 81. plfl2 
through noxsle, §1, pl93 
through short tube, 81. p191 
through standard orifice, |1. plOl 
Discharging a storage battery, 82, p38 
Distillate, 83. pl45 
Distillation, fractional, 83, pl45 
Divalent (De/.), 83, p39 
Divided circuits, 82, p22 
Dolomite, 83, p75 

Dolomites, magnesium and calcium, 83, p75 
DoubloK'urved teeth, 81. p3Q 
Double linking, 83. pl36 
salts (Dc/.), |3, p67 
thread, 81. p73 
wedge, 81 1 p70 
Driers (paint,) 83, pi 13 
Driven, or driven pulley, 81. p30 
Driver, or driving pulley, 81. p30 
Drop, Hue, 82, pr>3 
Dry cells, 82. p36 
Drying oils, 83, pl12 

Dutch process of preparing white lead, 83, 
pllO 

Dyad (De/.), 83. p39 
Dynamic electricity §2, p7 

Dyiiamirai (Dc/.), §1, ppl, 131 
Dynamo {DtJ.), 81, ppl, 131 

bipolar and multiple, |2, pi 13 
magnetic circuit in, §2, pi 14 
numl»cr of brushes for, 82. pi 13 
parts of, 82, pi 12 

Dynamo connections, f2, ppl 19, 120 
windings, 82. ppll9, 120 
Dytiainos, coniiiound-wouud, 82, pl20 
direct-current, 82. pl07 
scif-excited, 82, pllS 
separatcly-exciti^, §2, pll7 
series-wound, 82. pi 19 
shunt-wound, 82, pi 13 
Dyne {Dtf.), 81, pl72 

E 

Earths, alkaline {Dttf.}, §3, p48 
Efficiency. 81. p86: i2, p38 

computing, by first method, |1, p9? 

second method, |1, p08 
mechanical, 81. p98 
Efficiency of motors, 82. pl28 
of transformer, §2, pI47 
Efflux, coefficient of, 81. pl^l 
velocity of, fl, pl86 
Electric bell, wiring for, 82t p82 
charges, 82, p3 
circuit {Def.), 82, p8 
circuits, f2. pl8 
stress, 82, p3 

Electrical degrees, |2, pl85 
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Kleotrieity, current or dynamic, 12, p7 
flow of. (2, pU 
nature of, {2. p2 
positive and negative, (2, p4 
static or frictional. {2, p3 
voltaic or galvanic (Def.), $2, pl9 
KIcetrode {Def.), §2, p7 
Klectrodcs, consumption of, |2, p57 
ElcctrolyHis (Dff.), 52, pl29; |3, pp9 
bleaching by. 53, p87 
Electrolyte {Def), 62 p3, 63, p9 
Electrolytic bleach, 53, p87 
processes, §2, pl2ti 
Electromagnetic induction, §2, p97 
Electromagnetism, 52, p74 
Eleetromagneto. 52. p80 
strength of, 52 , p31 
Electromotive force {Def.), 52, pl3 
Electro-plating, 52, pl29; 53. p98 
Element (Def.), 53, p4 
primary {Def.), 52, p7 
Elements, abbreviations of names of 
chemical, 53, pp30, 39 
Elevation, angle of, 51, pH9 
Emery, §3, pl09 
E. M. F., or c. m. f., 52. pl4 
counter or back, 52. pl24 
induced, value of, 52, pll3 
of cells in series. 52. p20 
Empirical formulas {Def.), 63, pJ25 
Emulsion (/)</.), 53, pAS 
Endless screw, 51, p76 
Eimrgy, forms of, 52, p38 
units of. 51 , pl71 

Energy and work, rclarion between, 51, 
pl71 

Epsom salts, 53. p75 
Equations, chemical, 53, p44 
Equilibmnt {Def.), 51, pl9 
Equilibrium, neutral, 51, pl24 
stable and unstable, 51, pl23 
static, 51. pl23 

of concurrent forcro, law of, 51, P20 
Equivalent head, 51, pl83 
Erg {Def.), 51. pl72 
Esters, 53, pl34 
Etching glasB, 53. p77 
Ethane, 63. pl30 
Ethereal salte, 53, pl54 
Ether, general formula for, 53, pl42 
propertioB of, 53, pl43 
Ethers. 53, pl41 

compound, 53, pl43 
Ethyl, 53. pl32 
Ethyl alcohol, 53, ppl34, 185 
ether. 53. pl42 
Eudiometer, 53, pl3 
Ezpurimentei chemical, 63. p6 

precautions to be observed in, 53, p5 
Extenders ipaint), |3, pill 
External oirouit {Def.), 52 pp8, 99 


F 

Face of pulley, 51, p80 
Factor, powfff, 52, plSO 
Fall block {Def.), 51. 

Falling bodies. 51, ppl44-150 
formulM for, 51 , Pl43 
Fats, animal and vegetable, 53, pl46 
Fatty acids, S3, pl30 
table of, 53, pl41 
Feldspar, 53. p52 
Ferrosilicon, 53. pl20 
Field, building up. 62. pi 10 
magnetic, 52. p71 

revolving, of induction motor, f2, pl41 
strength of, 52, p72 
(dynamo), 52, pll5 
Field density, 52, p72 

excitation, alternator, 52, pl30 
of dynamo {Def.), 52, pll2 
Filler (for paper), 53. pl21 
Final velocity, 51. pl34 
Fire damp. 53. pl29 

point (of oil), 53. pl48 
Fimt-class lever, 51, p33 
First law of motion, 51. p3 
Fixed-and-meter rate, 52, pl53 
Fixed pulley, 51 • p47 
Flash point (of oil), 53, pi 18 
Flow of current, direction of, 52. pl4 
of electricity, meaning of, 52. p9 
Flowers of sulphur, 53, ptt4 
Fluid friction, 51. pOl 
Fluorine, 63. p76 
Fluor-spar, 63, p78 
Flux {Def.). 53, p93 
magnetic, 52. p73 
Flux density, 52, p73 

Flywheels and disks, centrifugal force of, 
51. pl85 

Follower {D^.), 51, p82 
Fool's gold {Def.), 53. p91 
Foots {Def.), 53. pll2 
Force, centripetal and centrifugal.51. pl03 
components of a. 51. pl3 
dynamical formula for, 51, pl33 
lines of, 52, p70 
direction of, 52, p70 
around conductor, 52, p7d 
representing, by a line, 51* Pl 
Force polygon. 51, Pl3 
Forces, central, 51, Pl®® 
comparison of. 51, pl 
composition of, 51, P® 
concurrent, |1, pl7 

law of equilibrium of concurrent, f 1, p20 

parallelogram of, 51, p7 

polygon of. 61, pl2 

resolution of, |1, pl4 

resultant of parallel, fl, p26 

triangle of, 51 , pl® 
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Formaldehyde, {3, pl88 
Formalin, f3, pl38 
Formic amd, $3. pl39 
aldehyde, |3, pl38 
FormulaB, oonstitutioual, |3, pl26 
empirical, $3, pl23 
molooular, |3, p34 
Formulas, structural, {3, pp33. 126 
Fractloual condeosation, |3, pl46 
distillation, {3, pl45 
Frequency {Def.), |2. pl34 
and alternations, |2, pl33 
Frictional electricity, (2, p3 
Friction, angle of, (1, p93 
cause of, (1, p91 
coefiident of, {1, p92 
coeffidents of (watery table of. U, plOO 
effect of on motion, (!> 
fluid, $1, p91 
iournal, §1, p95 
kinds of, (1, p90 
rolling, (1, pp91, 95 
sliding, $1, pOl 
Fructose, §3, pl49 
Fruit sugar, $3, pl40 
Frustum, c.g. of, $1, pll7 
Fulcrum (Def.), )lt p33 
Functions (Dtf.), |1, p201 
Furnace, blast. {3, p91 

rererbortory or puddling, |3, p96 
Fuses, a, p52 

Q 

Qalena, |3, pp63, 103 
Gall nuts, (3, plOO 
Galvanic electricity (Def.), (2, pl9 
Galvanised iron, (8, p98 
Galvanometer, D’Arsonval, {2, pS4 
detector, §2, p90 
Galvanometers, f2, p84 
Gauge pressure. (!> Pl30 
Gas engines, principle of, {3. pi 18 
making, |3, pll5 
Gas-retort carbon, (3, pll7 
Gear, crown, fl, p90 
worm, $1, p90 

GMr teeth, cycloidal and involute, SI, p80 
double and single curved, SI, p80 
shape of, Sli p86 
trains, Sli 

wheels, or gears, ^1, p84 
Gears, bevel, Sl> p89 
helical, SI* P^ 
interzud, or annular. Sli pfl9 
pitch of, Sl> pfl3 
q^al, Sli pM 
velocity nttio of, §1* pAA 
Generators, alternating-current, S^* pl20 
Glass, etching of, S3i p77 
Glucose, S3> 

Glycerides, S^i Pl37 


Glycerine, |3, pl37 
Glyceryl, S3, pl37 
Gold. S3. pl09 
fool’s, S3i p91 

Grain alcohol. S3. ppl34,135 
Gram molecule (Def.), S3, p40 

molecular volume (Def.), S3, p49 
Grape sugar, S3, pl49 
Graphite, S3. pll6 
artificial, S3, pll6 
Graphitic carbon, S3, p94 
Graphitoid silicon, |3, pl20 
Gravity, center of, Sit p99 
of lines, Sli pplOO-lOS 
plane arc«a, SI, ppl05-115 
Bulids, SI, ppll5-119 
GrcBee-proof papers. S3, pl53 
Gretm vitriol. $3, p99 
Gums, S3, ppl48, 150 
Guncotton. S3. ppl44, 151 
Gypsum, S3. pp22, 63, 74 
(in paint), S3, pi 12 

H 

Halogens, the, S3, p76 
Head, equivalent, SI, pl88 
hydrostatic, |1. pl87 
loss of, SI, pl96 

Head to produce given discharge. SI, p203 
Heavy rarburetted hydrogen, S3, pl29 
Helical gears, $1, p90 
Helix (Def.), $1. p71 
Hematite, S3. p91 
Ileplad (Def.), §3. p39 
Ucptavalent (Def.), S3, p39 
Hexad (Def.). §3, p39 
Hexane, $3, pl30 
Hexavalent (Def.), S3, p39 
Homologous scries, S3. pl20 
Horsepower, SI, pl74 
formulas for, SI, pl31^ 
metric, fl, pl76 

Horsepower and kilowatt, relation between, 
S2. p40 

Uorsepowor-hour, §1, pl83 
Horsepower-year, §2, pl53 
Hurtful resistances, {1, p97 
Hydraeid (Def.), S3, p76 
Hydrate (Def.), S3, p48 
Hydrated cullulose, Sd, pl52 
lime. S3, p71 

HydralM of paraffin radicals, S3, pl33 
Hydration (Def.), S3, p21 
Hydraulics (Def.), SI, pl84 
Hydrobenioic acid. S3, pl62 
Hydrocarbons, S3, pl27 
saturated, S3, pl55 

single, double, and triple Unking, S3, 
pl5G 

UDsaturated, S3, pl55 
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Hydrochloric acid, use of in bleaching, 
§3, p86 

Hydrocyanic acidi S3. plOO 
Hydrodyiiamics (,Def^), SI* pl84 
Hydrofluoric acid, §3. p7r) 

Hydrogen, derivation of word. 83, p8 
peroxide, 83, p42 

ae bleaching agent, |3, p82 
Hydrokinotica (De/.), 81* pl84 
Hydrolyais (/)«/.), 83. plM 
Hydroetatic head, 81* pl87 
Hydroxide {Dc/.), 83. p48 
llydroxybenzoio acid, 83, plfl2 
Hydroxyl, 83, pp^, 131 
(He/.), 83. PP48* 51 
Hydroxyl group, 83, p51 
Hygroecopic water (He/.), 83, p22 
•‘Hypo" (He/.), 83. p33 
Hypolhoflis (He/.), 83, p28 
Hypothetical metal. 83, p54 

I 


Idle gear. 81. p87 
Idlera (gears), 81. p87 
Ignition, loss on {Def.), 83, p74 
Impulse (force), 81* Pl23 
Incandescent lamp, 82, p52 
Inclined plane, 81, p63 
discussion of, §1, p67 
motion on, fl. plfll 
velocity ratio of, 81. P55 
Indicator §3, p47 

(steam-engine), 81,pl78 
Indicator diagram, 81. pl78 
Induced (Dif.), 82, pO® 
it^ucctl current (Def.), §2, p97 
direction of, 62, 104 
three ways of generating. 82. plOO 
Induct'd c.m.f., value of. 82. pi 15 
Inducing current in closed coil, 82. plOO 
Induction, electromagnetic. 82. p97 
magnetic, 62, pOb 
mutual, 62, p105 
self. 82. p104 
Induction motor, 82, plOi 

revolving field of, 82, pMl 
IniUal velocity, 81. pl33 
Inks, blue-black, plOO 
siiviHiblc, 83, plOO 
writing, 83, plOO 
"in phase,” meaning of, §2, pl40 
Input (He/.), §2, p39 
Instantaneous center, 81* pl.52 
Insulators, as applied in electricity (He/.), 
82. pp6, 43 

Internal circuit (He/O. 52, pp8, 99 
gears, 81. P90 
Interpolation, 81. p201 
Involute system of gear teeth, |1, p86 


Iodine, properties of, 83. p78 

use of in testing bleach, §3, p78 
Iodoform, §3, pl38 
Ion (He/.), I'l. p50 
Iron, cast. 83. p95 

compounds of, 83, p98 
effects of impurities on, 83. p94 
l^ivamscd, 83, p98 
nickel-plated, 83, p98 
properties of, 83, p90 
spathic, 83, p91 
Isomeric, 83, pl33 
Isomcrides, 83, pi 33 
Isomers, 83, pi 32 

J 

Jackscrew, 81. p75 
Japan driers, or .lapaiis, 83, pll3 
Joint, toggle or knee, 81* p77 
Joint resistance, 82, p20 
Joule (He/.), 81. Pl73; 82. p35 
Journal friction, 81. p95 

K 

Ketones, 83. pl43 
Ketoses, 83, pl49 

Kilowatt and horsepower, relation between 
82. p40 

Kilowatt (He/.), 81* pl70; 62. p37 
Kilowatt-hour (He/.), 81* pl83; |2, p37 
cost per, 82, pl52 
Kinetics (Def.), §1* Pl31 
Knee joint, 81* p77 

L 

Lakes (color compound) |3, p68 
Lamp, incandescent. 62, p52 
Lamp black, 83, pll7 
I,aw (Def.), 83. p28 

Avogadro’s, |3, pl8 
Ohm’s, 82, pl7 

Law of atoms in obeniical equations, §3. p45 
of definite proportions, 83, p31 
of equilibrium of concurrent foiws, 81. 
p20 

of motion, 81* p3 
of multiple proportions, 83, p30 
Lead, 63. pl03 
red, |3, pi06 
sugar of, 63, pl06 

Lead accumulator, chemical reaction* of, 

§3, pl05 

accumulators, 82, p59 
acetate, 83, pl06 
alloys, 83, pl04 
carbonate, 83, pl07 
chromate, 83. pl06 
monoxide, 83, pl05 
nitrate, 83, pl06 
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L^id peroxide, or dioxide, |3, pl05 
pipe, {3, pl04 
sulphate, §3, pl05 
Leakage, magsetie, |2, p83 
Loft-haod rotation, (1, p21 
thr(»d, SI, p73 
Ijcver, analysis of the, SL p34 
compound, SL p42 
law of the, SI, pp34, 36 
of safety valve. SL pl22 
Levers, classes of, SL p33 

straight and bent, SI • p41 
Levulose, S3> pi40 

light carburetted hydrogen, S3, pl2Q 
Lighting, cost of, §2, pl52 
Ijignin, S3, pl50 
Ligtio-cellulose, S3, plSO. 

Lime (Def.), §3, p70 
fin soap), S3, p<>3 
chloride of, §3, p83 
hydrated, S3, p71 
milk of, §3, p71 
slaked, S3, p71 
sulphate of, S3, p74 
Lime burning, S3, p71 

compounds (Def), §3, p20 
linicsWne as raw material, S3, pTO 
Limestones, magnesium, 63. p76 
Lime water, 63, p71 
Lino, atmospheric, §1, pl78 
curved, c.g. of, SI, pl05 
medial (OeJ.), SL plOb 
Line drop (De/.), §2, pp3l. r>3 

and line loss, relation of voltJige to, 
62. p54 
loss, 62. p33 
of action, il, pi 

Lines, center of gravity of, SL pplOO- 
105 

Lines of force (magnetic), 62, p70 
direction of, 62, p70 

around conductor, 62, p75 
Linoleate boiled {Def.), 53, pll3 
Linseed oil, 63, pll2 
Li(]uid osone, caution regarding, S3, p82 
Litharge, S3> pl05 
Lithoponc. S3, plU 
Load (/)«/.), IL p33 
Loading (in paper), $3. pl21 
Loadstone (Dc/.), S2, p06 
Long pipe, discharge from, |1, pl99 
Long tube {.Def.), 81, pl98 
Loss, line, S2, p53 
Loss of head, SL 

of potential. 82, p31 
on ignition {Def.), S3, p74 
Losses, Copper or I*Il, 82. pl27 
conductor, 82, p43 
core, 82. pl28 

friction and windage, 82, pl27 
motor, S2, Pl27 


Lubricating oils, qualities of, S3, pl47 
Lubrication, theory of, S3, pl48 
Luster cellulose, S3, pi52 

M 

Machines, simple, SL p33 
Magnesium, properties of, $3. p75 
Magnesium limestones, S3. p7r) 
sulphite, S3. p76 
Magnetite, S3, p75 
Magnet (I>f/.). 82, p65 
armature of. 82. p73 
natural and artificial, 82, p65 
permanent, 82, p60 
temporary, 82, p69 
Magnet poles, 82. p06 
Magnetic field, $2. p71 
circuit, 82. p71 
in dynamo, 82. pll4 
field around conductor, $2, p74 
flux, 82, p73 
iuduction, 82, p68 
leakage, 62, p83 
substances. 62. p69 
Magnctisiii, distribution of, 62, p67 
nature of, 62, p73 
Magnetite, 63, p91 

“Making" the circuit {Def.), 62, pl06 
Malachite, |3, pi 02 
Matiganese, 63. plOl 

effect of, on iron, |3, p94 
Manganic acid, S3, plOl 
Marble {Def.), 63, p70 
Margaric aci<l, 63, pl47 
Margarin. 63. pl40 
Marsh gas, 53. pl29 

Matter, chemical and pliysieal properties 
of. S3, p3 

Maxwell {Drf.), 62, p70 
Mean effective presaure, SL pl79 
velocity (of dischoDKe), 61, pl34 
Measuring resistance, 62, p92 
Mechanical efficiency, SL p98 
Mechanics (Def.), 61, pl 
Medial line (/>«/.), §1, plOO 
Meg or mega (prefix), meaning of, §2, p49 
Megohm {Def.), 62, p49 
Merccrisation, 63, pl52 
Mercuric chloride, 63, pl09 
sulphide, 63, pl08 
Mercurous chloride, 63, pl09 
Mercury, 63, pl08 
Mcsitylene, 53, pl57 
Meta compounds, 63, plOO 
Metal, hypothetical. |3, p54 
Metallurgy {Def.), 63. p91 
Metals (Def.), 63. pp40, 87 
Metamerides, 63. pl61 
Metamerism, f3, pl61 
Metanitraniline, S3, plfi3 
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Meter, venturi, fl* 

Motcr>kilogram (Dc/.), {1, pl73 
Meters, watt and watt-hour, f2, p89 
Metlianc, (3, i)129 
Methane scries, §3, pl30 
Methyl, |3. pl3i 
Methyl alcohol, {3, pl34 
ether, §3, pH2 
hydrate, |3, pl34 
salicylate, {3, plh2 
Metric horsepower, $1, pl76 
Mho {Def.), |2. p24 

Micr or micro (profit), ra<.«mng of, (2. p49 
Microhm §2, p49 

Milk of lime. $3, p71 
Mils and circular mils |2. p46 

Mineral oils, §3, pl44 
Mixture {Def.), 53, p4 
Molecular formulas, |3, p34 
volume, gram, 53, p49 
weight (Dc/.J, 53t p30 
Molecule fJ5c/.), 53, pl7 
gram (/>c/.), |3, p49 
sise oi, 53, pl3 
Moment, §1, p22 

resultant, Sit p23 

Moniuuts and eouples, difference between, 

51. p30 

Moment arm, 51t p24 

of a nouplc. 51f p20 
Moments, axis of. 51t p102 
renter of, 51, p22 
origin of. 51 t p22 
unit of measurement of, 51> p22 
Momentum, 51> Pl34 
unit of, lit pl35 
Monad (D«/.), 53, p39 
Moiiocarboxybenseiie, 53, pl32 
Motion, generating by weUthts, 51> pl55 
on inclined plane, 51i Pl31 
three laws of, 51t p3 
Mother of vincKar, 53, pl41 
Motor, adiustablo-speed, 52. pl27 
commutator of, 52, pl23 
cost of operating, 52, plo2 
direct-current, voltage of, 52, pl24 
direction of rotarion of synchronous, 

52, pl38 

induction, 52, pl39 
relation of i»pacity to load, 52, pl28 
revolving field of, 52, pl41 
serioH. speed of, 52, pl25 
single-phase, 52, pl44 
speed of synchronoiu. 52, pl38 
squirrel-cage, 52, pl43 
shunt, speed of, 52, ppl24, 126 
synchronous, disadvantages of. 
pl38 

Motor connecrions, 52, pi24 
losses. 52, pl27 
rotates, w^ a, 52, pl2d 


Motor windiuj^, 52, pl24 
Motors, direct-eurrent, 52. pl21 
efficiency of, 52 , pl28 
Movable pulley, 51, P49 
Multiple circuits, 52. p21 

resistance of, 52, p22 
connections, use of, 52, p33 
proportions, law of, 53, p36 
thread. 51, p73 
Multipolar dynamo, §2, pllS 
Mutual induction. 52, pl05 

N 

Naphthalene, |3, pl03 
Naphthol. 53, pl63 
Nascent {Dtf.), 53, p42 
Natural magnets, 52, p6fi 
Negative electricity, 52, p4 
Neutral equilibrium, 51, pl24 
lino (of magnet), |2, p68 
Neutralise (Ps/.), 53, p4d 
Nickel, occurrence of, |3, plOl 
Nickel-plated iron, |3, p98 
Nickcl-^tcel, 53, p97 
Niter iDef.), 53. p74 
cake {.Def.), 53, p74 
Nitrated (Def.), §3. p44 
Nitrocellulose, 53, pp44,144 
Nitrogen, properties of, 53, p43 
Nitn>glyccrine, §3, pl37 
Nitroxyl, 53, pl31 

Nomenclature, chemical, 53. ppfifi. 90 
of organic compounds, §3, pl32 
Non-conductors (Def.), 52, pH 
Non-inductively, winding coil, 52, p94 
Nun-magnetic substances, 52. p69 
Non-metals (i>e/.), |3, p46 
Newth pole (Def.), 52, p66 
Nossle, disclmrge through, 51« pl23 
Nut (Z)e/.). II. p72 
Nut galls, 53, piOO 

0 


12 . 


OcherB,S3, p99 
Octad (i)c/.), 63, p39 
Octavalent 53, p39 

Ohm (i)«/-). 52, pl6 
Ohmmoters, 52, p90 
Ohm’s law, 52. pl7 

applied to parts of circuit, 52 . p28 
Oil, boiled, 53, pll3 

china wood, soya bean, tung, 53, plI3 
linseed, 53, pll2 
Oils, asplialtic, 53, pl44 
drying, |3, pi 12 
mineral, §3, pl44 
qualities of lubricating, 53, pl47 
used in vehicles, 63, pll2 
Oleic acid, |3, pUl 
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Olttn, t3» pl4d 

Open-oham compounds, |3, pl2^ 

Open Mrouit (Wo» }2, p8 
Open-hearth process, 13, p95 
Ordinates. |1, plOl 
Ore (Ds/.). |3, p43 
Orgamo bases, |3, pl37 

compounds, nomenclature of, |3, pi 32 
BubstancM {Def.), {3, plU 
Orifice, sise of, |1, pl88 

in bottom of vessel, {1, pl8H 
standard (Def.), {1, pl89 
discharge through, (1. pl91 
Origin of moments, (1, p22 
Orr's white, $3, pill 
Ortho compounds, fi3, pi 60 
Ortbomtraiiitine, |3, pl03 
Output (Def.), $2. p39 
Oxidation (D^.), {3, p42 
Oxide (Def.), (3, p43 
Oxidising agent (Def.), ft3, p43 
Oxy-cellulose, {3, pl63 
Oxygen, derivation of wonl, |3, p8 
properties of, (3, p4l 
Osone, (3, p42 

as bleaching agent, }3, p81 
caution regarding liquid, (3, p82 

r 

Piunts and painting, )3, pllO 
Palmatin, |3, pl46 
]*almitie acid, {3, pl41 
Papermakor’s alum, {3, pllO 
Papers, grease-proof, (3, pl53 
Para compounds, &3, plOO 
Paraffin series, f3. pl30 
waxes, {3, pl30 
Paraffins. {3, pl30 
Faraformaidchydo, S3, pHO 
Paralie! eireuits. S3, |^1 

rosistance of, {2, p22 
connections, use of, S2. p33 
Parallelogram of forces, §1, p7 
I’aranitraiiilinot or paranitnwniline, S3, 
pl63 

Parchment, vegetable, S3. pl63 
Patli of a body, Si> p32 
Pentad (Def.), S3, p30 
Pentane, S3, pl30 
Pentavalent (Def.), S3. p39 
Permanent ms«net, S2. p66 
Permanganate of potash, {3, plOl 
Permanganic acid, S3. plOl 
Petroleum, crude, S3, pl45 
Phen, use of as prefix, S3. plfiS 
Phenol, 13, ppl40. 159 
Phenyl (Def.), S3, pl69 
Phenylamine, |3, pl62 
Pfaenylbensene, $3, pl61 
Phosphorus, effect of, on iron, |3, p94 
12 


PiokhiMt iron, S3. p98 
Pig iron, S3, p94 
Pigment KPef), |3. pllO 
Aments, colored, S3. pll2 
Pinholes in galvanised iron, t3, p98 
Pinion (gear), Sl> p90 
Pipe, short, §1. pl99 
very short, §1. pl9S 
Pitch, circular and diametral, SI, p35 
Pitch circle (Def.), $1. p84 
of gears, §1, p85 
(of screw), SI, p71 
Plano, inclined, |1, p63 
Plane area, e.g. of any, SI, plU 
Plaster of Paris, §3, pp22, 74 
Plasticity (of clay), S3, pl21 
Plumbago, S3. pll6 
Poisons, catalytic, f3, p70 
Pole (Def.), S2. p7 
Pole-piece (Def^, \2, p70 
Poles, commutating, $2, pl21 
north and south, S2. pGO 
of a magnet, §2, p66 
determining, S2, p67 
solenoid, S2, p80 
Pob’gon, force, SI. pl3 

rtHCular, c.g. of, SI. plOff 
Polygon of forces, SI. pl2 
Polyphase (D^.), S2, pl37 
Polymera, S3. pl33 
Ponolith, S3, pill 
Pusitive electricity, S2. p4 
Potable water, S3. p26 
Potash (Def.), S3, p47 
Potash lye, $3, p51 
Putaasium, properties of, S3, p52 
Potassium ferrocyanide, S3, plOO 

hydrate or hydroxide (Def.), S3, l>47 
permanganate, S3. plOl 
as bleaching agent, S3, p33 
Potential (/>e/.), S2, pl2 
loss of, S2. pSl 
Powder, bleaching, S3. p33 
Power, block, S2, pl53 

buying and selling, SI. pl32 
electric, S2. pl51 
formulas containing F, S2, p41 
or force (De/.). SI. p33 
(rate of doing work). SI. Pl74 
real and apparent, of alternating 
current, S2. pl48 
theoretical, SI. p96 
units of, SI. pl74 
Power arm (Def.), SI. p33 
factor, S2. pl50 

Precipitate, precipitation, precipitant, §3, 

p26 

(Def.), S8. p72 

Prefixes hyper, hypo, per, etc., |3, p66 
Pressure, absolute and gauge, fl* pl30 
mean effective, {1, pl79 
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Primary cells, {2, p66 
coil, &2, pl05 

element or cell {Def.), (2, p7 
of induction motor, $2, pl30 
Prismoid, rectangular, c.g. of, Jl* 

Profile, tooth. |1. p86 
Projectiles. |l,pl47 
Proof spirit, |3, pl36 
Propane, 83. pl30 
l*ropioni« acid, |3, pl41 
Propyl, fi3, pl32 

I*ruw»iate of potash, yellow, §3, plOO 
ProBsic acid, §3, plOO 
Puddling furnace, 53, p06 
Pulley (f>c/.), 51, p47 
compound, §1, pB5 
crowning or crown of, 51 . p80 
differential. §1. p50 
face of, 51» 
fixed, 51. p47 

movable, 51 . p40 

Pulley block, 51. p43 
Pulleys, belt, |1, p80 

combination of, 51» p62 
driver and driven, 51, p80 
speed ratio of, §1, p31 
velocity ratio of, 51, pf^® 
l^ilaating current, 52, pill 
Pymniid, c.g. of, 51, pH® 

Pyrites, iron, 53, pp<i3, 91 
I'yroligeneous acid, 53, pl34 

Q 

Quadrilateral, c.g. of any, 61. pHO 
Quadrivalent . 53. p39 
Quarts, 53. pl20 
Quicklime, §3, p71 
Quieksilver, 53, plOS 
Quinol, 53, pl60 
Quinquivalent {Def.), §3. p39 

R 

Ruck (gear), 51, pl*® 

Raiiial accektration. 51, pl^S 
Radical (!>«/.), (chem.), 53, p48 
Radicals (organic). §3, pl31 
Radius of curvature, 51, pi32 
Range of projectile, 51, pl47 
Rate, fixed-and-meter, 52, pl33 
Ratio, velocity, 51, p33 
Reaction, chemical. 53, p4 
Real power {Def.), (alt. cur.), 52, pl50 
Recaleacence, 53, p06 
Rcetanglc. c g. of, 51, plO® 

Red lead, 53. pl06 
Reduced {Def.), (chem.), 53, p42 
Reducing agent {Def.), §3, p43 
Reduction {Def.), (chem ), |3, p43 
Regular polygon, c.g. of, §1, pKW ^ 
Residual volts {D^.), 52, pll8 


Ucsinate boiled {Def.), 53, pi 13 
Resistance (electrical) (Di/.), 52, plG 
effect of temperature on, 52, pr)0 
joiTit, 52 , p20 
measuring. 52, p92 
with ammeter and voltmeter, 52. p95 
of ammeter, internal, 52, p37 
copper wire, rule for, 52, p47 
of copper wire (table), 52, p47 
of oopper conductor (any shape), 52. p48 
multiple circuits, 52 , p22 
parallel circuits, 52 . p22 
series circuit, |2, p20 
various materials, 52. p30 
voltmeter, |2, p88 
Resistance hot {Def.), §2, p06 
Resistances, hurtful. §1, p97 
Resolution of forces, §1, pl4 
vcloeitioB, |1, pl41 
Resorcinol, §3, pKM) 

Resultant {Def.), 51. P® 

of parallel forces, 51 , p2® 
of velocity, §1, pl42 
Resultant moment, 51, p23 
Retardation, §1,pl33 
Retorts (in gas making), 53, pll6 
Reverbertory furnace, 53, p90 
Revolving field alternators, 52, pl,34 
field of induction motor, 52. pMl 
]lh(‘Ostat, 52. p92 

sliding'Contart, 52, p92 
starting. §2, pl26 
Right line, e.g. of, 51, pl®l 
hand, rule of. 52, p98 
Right-band rotation, 51, p21 
thread, 51, p73 
Ring, bensene, §3, pl58 

explanation of (chem), 53, pl87 
Rinj^, collecting, or slip {Def.), 52, pl07 
Rousting lead ore, 53, pl03 
Uolhng friction, §1, pp91. 95 
Root circle (Def.), 51, P®4 
lloMn, $3, pp33, ,53 

Rotation, left-hand, or counterclockwise, 
51, P21 

right-hand, or cteckwisc, 51, p21 
Rotor {DeJ.), 52, ppl34, 139 
Rubber, vulcanising of, 53, p®5 
Rubbing surface, 51, 

Rule of the right hand, 52, p98 

S 

Safcty-valvo lever, 51, pl22 
Bal (* salt), 53, p56 
ammoniac, 53, p5® 
soda, 53. p55 
volatile. 53, p5® 

Saleratus, 53, p60 
Salicylates, 53, pl®2 
Salicylic acid, 53. pI62 
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Salt (De/.), 13. pS5 

normal or neutral. jS, p56 
Salt oako (D^.), (3, p73 
Salts, double |3, p57 
Epsom, |3, p75 

Having prefixes mon, bi, and tri, {3. p56 
Saponification, §3, pl47 
Saturated (molecule) (De/.), §3, pl28 
hydrocarbons, {3, pi55 
Scales of diagram. 51. pl32 
Screw, 51. p71 

endless, 51. p76 
velocity ratio of, 51. p74 
Screw jock, |1, p75 

thread 51, p7l 

threads, classification of, 51, p72 
Second law of motion. 51. p3 
Secondary cells, §2, p58 
coil, 52 , pl05 

of induetioii motor, 52, pl30 
Second-class lever, 51. p34 
Sector, c.g. of, 51, pill 
Segment, c.g. of, §1, plU 
Self-excited dynantos, §2, pll 8 
Self-induction, 52, pl04 
Semicircle, c.g. of (arc), 51. pl05 
Semi-rcotangular trapesohl, c.g. of, 51. pl09 
Separately-excited dynamos, |2, pi 17 
Scptivalent {De/.), §3, p30 
Scrim, bonxeiic, or aromatic, 53, pl57 
e.m.f. of cells in, 52 , p 20 
homologous, 53. pl29 
methane, 53, pl30 
paraffin, §3, pl30 

Scries and parallel circuits, combination of, 
52 . p.30 

circuit, 52. pl9 
reiuBtance of. § 2 . p 20 
connections, use of, 52, p32 
motor, speed of, §2, pl25 
Series-wound dynamos. 52, pU9 
Sexavalent (Dtf/.), 53. p39 
Sharp V thrmd, 51. p72 
Sheave (Det/.), 51. p48 
Sheet tin, |3, pl08 
Short circuit (Def,), 52. p43 
pipe {Def.), 51, pl98 
tube {Def.). |1. pl98 
discharge through, 51. plOl 
Shunt (Def.), 52. p 22 
Shunt motor, speed of, 52, prl24, 126 
Shunts, current in. 52, p22 
Shunt-wound dynamos, 52, pllS 
Silica, 53 p,ll^ 

Plicate of soda. 53. Pl21 
SilioaieB, 53. Pl 20 
Silicon, effect of. on iron, p94 
three forms of, 53. pl 20 
Silk, artifioial, 53, pp44, 152 
Simple machines, 51. p33 
sofida, 04 . of, 51. Pll3 


Single thread, 51, p73 
wedge, 51 , pTO 
Single-curved teeth, 51. p86 
Single-phase alternator (Def.), 52, pl30 
motor. 52 , pl44 
Smalts (Def.), 53. p89 
Slag (Def.), S3, p93 
Slaked, water or air, 53. p72 
Slaked lime, 53. pp21, 71 
Sliding fricti<m, 51, p91 
BUp (Def.), 52 , pl40 
Slip rings (Def.), 52, pl07 
Soaps, 53 , pl47 

manufacture of, 53, p53 
Soda (Def.), 53, p47 
baking, 53, pSG 
washing, 53 , p56 
Soda ash (Def.), 53, p72 
lyc, 53 . phi 
process, §3, pl53 
description of, §3, p73 
Sodium, properties of, 53. p.'>2 
Sodium amalgam, 53, pl09 
bicarbonate, 53, p5d 
bichromate, 53. plOB 
bisulpnite (antichlor), §3, p86 
hydrate or hydroxide (DcJ.), 53, p47 
permanganate, S3, pi 01 
peroxide as bleaching agent, 53, p82 
salicylate, §3. pl62 
silicate, S3, pl21 
thiosulphate (antichlor), §3, p86 
Solenoid, §2, p79 
poles of, 52 , p80 

Solid of revolution, c.g. of, 5 I. pU8 
Solids, center of gravity of, 51. pp]15>119 
Solution, dilute (Def.), 53, p6 
Solvent (Def.), 53, plO 
South polo (Def.), 52 , p60 
Soya bean oil, 53, pll3 
Spathic iron, 53, p91 
Speed of scrim motor. 52, pl25 
of shunt motor, 52, ppl24,126 
of synchronous motor, 52, pl38 
Speed ratio of pulleys, 51. pSl 
Spelter, 53, pl07 
Spiral gears, |1, p90 
Square mils (Def.), 52, p46 
Squirrol-cage motor, 52. pi43 
Stable equilibrium, 51. pl23 
Stability, 51. pl23 
Standard orifioo, 51 • pl39 

discharge through, 51. Pl91 
Stannous chloride, 53. pl08 
Btarchm, 53. ppl48, 150 
Starting box (,for motor;, 52. pl26 
compensaton, 52. pl48 
rheostat (for motor), 52 , pl26 
Static (D^.), 52 , p5 
Static electricity, §2. p3 
equilibrium, 51 . pl28 
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Statics VDel.), !I, pi 
Stator {Dt}.), 12, ppl34. 139 
8teario acid, {3, pl41 
Btoarin, (3, pl46 
Btoel W.), 53. p95 

acid aad buic, 53, p95 
Bessemer, 53, p93 
tempering, 53, p07 
Stools, alloy, 53, p97 
Stop-down toansformor (/></.), 53, pl45 
Step-up transformer (Do/.), 53, pl45 
Stereo(;hemUtry, 53, pl25 
Storage battery, uses of, 53, p39 
cells, 53, p58 

chemical reactions of, 53, pl05 
Straight lover, |1, p41 
Strength of current (i>e/.). 53, pH 
of current (dynamo), 53, pllG 
of Bold, 53, p72 
of field (dynamo). 52, pll6 
Structural formulmi, 53, pp39, 125 
Sublime and sublimation (i>(/.), 53, p34 
Hucrosee, 53, pi 50 
Suffixes ate, ic. Ho, ous, 53, pOO 
Sugar, fruit, 53, pl49 
grape. 53, pl49 
Sugar of lead, 53, pl05 
Sugars, 53, pl48 
oauo, 53, pl49 
Sulphate process, 53, pl54 
description of, 53, p73 
Sulphur, effect of, on iron, 53, p94 
flowers of, 53, p94 
orourrence of, 53, p53 
oxides of, 53. p55 
properties of, 53, p54 
Sulphur dioxide, properties of. 53, p67 
use of in bleaching. 53. }>35 
trioxidc, properties of, 53, p57 
Sulphuric acid, action of, on water, 53, p20 
manufacture of, 53, p63 
use of in bleaching, 53, p85 
anhydride, 53, p67 
ether, S3, pl42 
Synchronous (iV.), 52, pl37 
SynubronouB motor, 52. pl37 

direction of rotation of, 52, pl38 
speed of. 52, pl38 
Synthesis 53, p56 
Synthetic chemistry S3, pl38 

T 

Table of carrying capacity of copper wire, 
52. p52 

Tackle (Da/.), 51. p48 
Tangent (£></.), 51, P93 
Tannic acid, 53, plOO 
lar, 53. pU5 

products from, 53. pllfi 
Temper colors, 53, p97 


Temperature, effect of on reeistanoe. 52, p50 
Tempering steel, 53, p97 
Temporary magnet, 52, p€9 
Tetrad (Z>a/<), 53, p39 
Tetravalent iDtf.), 53, p39 
Thooretioal (Daf.), 51, p4S 
power, 51, p9fl 
velocity of efflux, 51, pl37 
Theory (Daf.). 53, p28 
Thinners (paint), 53. pll3 
Thio, definition of prefix, 53, p86 
Third law of motion, 51, p3 
Third-class lever, 51, p34 
Thistle tube {Def.), 53, plO 
Thread, multiple, 51, p73 

right-hand or left-hand, 51, p73 
screw, 51, p71 
Threads per inch, 51, p73 
Three laws of motion, 51, p3 
Three-phase alternator (DaA), 52, pl30 
alti^nutor, 52. pl35 
Time effect (!></•), 51, pl34 
Tin, 53, pl08 

block, 53, pl08 
sheet, 53, pl08 
Tin plate. 53. p98 

salts, or crystals, 63, pl08 
Toggle joint, 51, p77 
Toluene, or toluol, 53. pl57 
Tooth profile (i)a/.), 51, p89 
Torque {.Dtf.), 52, pl41 

unit of measurement of, 51, p22 
Twin, gear, 51, p38 
Trajectory, 51, plSO 
Transformer, efficiency of, 52, pl47 
principle of the, 52, pl4i> 
step-up and stepHlown, 52. pl45 
Transforment, 52. pl44 
I'ranslation (De/.). 51, P24 
Trapesoid, c.g. of, 51, pl08 
Triad (Da/.), 53, p30 
Triangle, c.g. of, 51, pl07 
of forces, 51, plO 
Trinitrotoluol (T.N.T.), 53, pl61 
Triple linking, 53. pl56 
Trivalent iPef.), 53, p39 
Truncated cylinder, c.g. of, 51, pll3 
Tube, conical, discharge through, 51, Pl92 
long (Da/.), 51. pl98 
short WD, 51. Pl98 
discharge, through, 51, pl91 
Tung cnl, 53, pll3 
Turpentine, 53. pi 13 
driers, 53, pll3 

Two-phase alternator (Da/.), 52, plBO 
atternator, 52, pl35 

U 

Uniform velocity, representation of| |1 
pi31 
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Umvalent (D«/.), |3, p39 
UoMturated bydrocrnTbou, |3, pl55 
Unstable equiUbrium. |1. pl23 

V 

Valence (Dsf.), |3, p38 
Valerio aoidi |3, pl41 

Variable velocity, representation of, |1, 
pI3S 

Vegetable fats, {3, pl46 
parchment, |3, pl53 
Vehiok {Dtf,), i8, pllO 
Vehiclre, chIb used in, {3, pll2 
Vein, contracted, $1, plOO 
Velocitiee, combination of uniform and 
variable, il. pl43 

compraiiiott and resolution of. }1, 
pl41 

Velocity, absolute. Sl,pl42 

actual, of discharge (pipes), |1, pl97 
angular, (1, pl52 
coefficient of, |1, pl90 
final, pl34 
initial, 11. pl33 
mean (of dischaivc}, |1, pl84 
rreultant, {1, pl42 
theoretical, of efflux, {1, pl87 
uniform, representation of, }t, pl31 
variable, representation of, pl33 
Volodty due to head, |1, pl87 
of efflux, SI, pl86 
from long pipe, SI, 
from long tube, SI, 
from short pipe, SI, pl98 
Veluoity ratio, SI, p38 • 
of inclined plane, $1, 
of gears, Sl> pSfi 
of pulleys, SI, pB3 
of screw, SI, p74 
of worm and wheel, |1, p76 
Vena contracta, SI, pl^ 

Venturi meter, Si, 

VermilUon, S3, pl08 
Vin^r, mother of, 83, pl41 
Vitriols, S3, p90 
Volt and voltage S2, pl4 

Voltaic electrioity (Ds/.), S2> pl^ 
Volt*oouiomb (.Os/.), S2, p35 
Voltameter, S3, p6 

Voltage, relation of to line drop and line 
loss. S2. p54 

Voltage of direct'current motor, S3, pl24 
Voltmeter, internal resistance of, 82, p8S 
Weston, 82. p88 
Voltmeter connections, 82, p89 
Volts, residual, 82, pllS 
Volume, gram molecular, 83, p49 
V thread, |1« p72 
Vulcanisation (JDi/O, I3, pfiS 
Vulcaoiring rubbert S3, pft5 


W 

Water, analysis of, S3, p6 
hydroscopic, S3, p22 
impurities in, SS, p24 
permsnentiy hard, S3, p26 
potitble, S3, p26 
properties of, |3, pl9 
special properties of, S3, p28 
temporuily Imrd, S3, p23 
uses of, S3, p24 
Water glass, S3, pl21 

of crystallisation, S3, p22 
of condition S3, p22 

of hydration, S3. p22 
slaked (i>e/.). S3. p72 
Watt (DafO. §1. Pl75; 82. p38 
Watt*hour, SI, plB3 
meter, S2, p38 
meters, 82, p89 
Watt meters, 82, p89 
Watt^oond (Dtf.), 82. p38 
Waxes, paraffin, S3, pl30 
Wedge, analysis of, SI, p83 
single and double, fl, p70 
Weight, atomic KPtf.), 83, p29 
molecular {.Dtf.), S3. p30 
Weight arm iPef,), SI, p33 
or load (/>«/.), §1, p33 
Weston ammeter, 82, p86 
voltmeter, 82, p88 
Wet cells, 82. p56 
Wheatstone bruige, 82. p93 
Wheel and axle, SI, p38 
White lead, S3, pl07 

preparation of, S3, pill 
White vitriol, S3, p09 
Whiting. S3, pplll. 112 
Whitwixrth thread, SI, p72 
Windings, alternator armature, 82, pl30 
for dynamo, |2, ppll9, 120 
for motor, 82, pl24 
Windlass, SI, P^7 

Wire, copper, resistance of (table), 82, p47 
rule for resistance of, 82, p47 
Wire gauge, B. de B., or American, 82, p46 
Wood, composition of, S3, pl50 
Wood alcohol, S3, p}34 
Work, graphic representation of, |1, pl77 
and energy, relation between, §1| 
pl71 

current induced by mechanical, 12, 
pl02 

units of, 81, Pl72 
Worm, Si, p76 

and wheel, 81, p78 
(for dUtillation), S3, pl4S 
Worm gear, 81, pOO 
wheel, |1, p76 
velocity ratio of, 11, p76 
Wrought iron. |3, pQ6 . . 
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X 


z 


Xylone, or xylol, |3, pl57 
Y 

Yellow pruasiatc of potash, i3, plOO 


Zinc. 53. pl07 

alloys, 53. pl07 
blende, 53, pl07 
oxide, 53, plU 
white, 53, pill 













PREFACE 


In numerous communities where night sci^ih ana cxvension 
claves have been started or planned, or wifero mm wished to 
study privately, there has been difficulty in fin^g suitable 
textbooks. No books were available in English, which brought 
together the fundamental subjects of mathematics -and element¬ 
ary science and the principles and practice of pulp and' paper 
manufacture. Books that treated of the processes employed 
in this industry were too technical, too general, out of date, or so 
descriptive of European machinery and practice as to be unsuit¬ 
able. for use on this Continent. Furthermore, a textbook was 
required that would supply the need of the man who must study 
atjhome because he could not or would not attend classes. 

Successful men are constantly studying; and it is only by 
studying that they continue to be successful: >There are many 
men, from acid maker and reel-boy to superintendent and mana¬ 
ger, who waqt to learn more about the industiy that gives them a 
livelihood and by study to fit themselves for promotion and in¬ 
creased earning power. Pulp and paper makers want to under¬ 
stand' the work they are doing—the how and why of all the 
various processes. Most operations in this industry are, to some 
degree, technical, being essentially either mechanical or chemical. 
It is necessary, therefore, that the person who aspires to under¬ 
stand these processes should obtain a knowledge of the imdei^ 
lying laws of Nature through the study of the elementary sciences 
and mathematics, and be trained to reason clearly and logically. 

After considerable study of the situation by the Committee 
on Education for the Technical Section of the Canadian Pulp 
and Paper Association and the Committee on Vocational Educa¬ 
tion for the Technical Association of the (U. 8.) Pulp and Paper 
Industry, a joint meeting of these committees was held in Buffalo 
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in September, 1918, and a Joint Executive Committee wafl ap¬ 
pointed to proceed with plans for the preparation of the text, its 
publication, and the distribution of the books. The scope of the 
work was defined at this meeting, when it was decided to provide 
for preliminary instruction in fundamental Mathematics and 
Elementary Science, as well ns in the manufacturing operations 
involved in modem pulp and paper mill practice. 

The Joint Educational Committee then chose an Editor, 
Associate Editor, and Editorial Advisor, and directed the Editor 
to organize a staff of authors consisting of the best available men 
in their special fines, each to contribute a section dealing with his 
specialty. A general outline, with an estimated budget, was 
presented at the annual meetings in January and February, 1919, 
of the Canadian Pulp and Paper Association, the Technical 
Association of the Pulp and Paper Industry and the American 
Paper and Pulp Association. It received the unanimous approval 
and hearty support of all, and the budget asked was raised by 
an appropriation of the Canadian Pulp and Paper Association 
and contributions from paper and pulp manufacturers and allied 
industries in the United States, through the efforts of. the 
Technical Association of the Pulp and Paper Industry. 

To prepare and publish such a work is a large undertaking; 
its successful accomplishment is unique, as evidenced by these 
volumes, in that it represents the cooperative effort of the Pulp 
and Paper Industry of a whole Continent. 

The work is conveniently divided into sections and bound into 
volumes for reference purposes; it is also available in pamphlet 
form for the benefit of students who wish to master one part 
at a time, and for convenience in the class room. This latter 
arrangement makes it very easy to select special courses of 
study; for instance, the man who is specially interested, say, in 
the manufacture of pulp or in the coloring of paper or in any 
other special feature of the industry, can select and study the 
special pamphlets bearing on those subjects and need not study 
others not relating particularly to the subject in which he is 
interested, unless he so desires. The scope of the work enables 
the man with but little education to study in the most efficient 
manner the preliminary subjects that are necessary to a 
thorough understanding of the principles involved in the manu¬ 
facturing processes and operations; these subjects also afford an 
excellent review and reference textbook to others. The work 



PREFACE 


vii 


is thus especially adapted to the class room, to home study, 
and for use as a reference book. 

It is expected that universities and other educational agencies 
will institute correspondence and class room instruction in 
Pulp and Paper Technology and Practice with the aid of these 
volumes. The aim of the Committee is to bring an adequate 
opportunity for education in his vocation within the reach of 
every one in the industry. To have a vocational education 
means to bo familiar with the past accomplishments of one’s trade 
and to be able to pass on present experience for the benefit of 
those who will follow. 

To obtain the best results, the text must be diligently studied; 
a few hours of earnest application each week will bo wcU repaid 
through increased earning power and added interest in the daily 
work of the miU. To understand a process fully, as in making 
acid or sizing paper, is like having a light turned on when one 
has been working in the dark. As a help to the student, many 
practical examples for practice and study and review questions 
have been incorporated in the text; these should be conscientiously 
answered. 

The Editor extends his sincere thanks to the Committee and 
others, who have been a constant support and a source of in¬ 
spiration and encouragement; he desires especially to mention 
Mr. George Carruthers, Chairman, and Mr. R. S. Kellogg, 
Secretary, of the Joint Executive Committee; Mr. J. J. Clark, 
Associate Editor, Mr. T. J. Foster, Editorial Advisor, and Mr. 
John Erhardt of the McGraw-Hill Book Company, Inc. 

The Committee and the Editor have been generously assisted 
on every hand; busy men have written and reviewed manuscript, 
and equipment firms have contributed drawings of great value 
and have freely given helpful service and advice. Among these 
kind and generous friends of the enterprise are: Mr. 0. Bache- 
Wiig, Mr. James Beveridge, Mr. J. Brooks Beveridge, Mr. H. 
P. Carruth, Mr. Martin L. Griflin, Mr. H. R. Harrigan, Mr. 
Arthur Burgess Larcher, Mr. J. 0. Mason, Mr. Elis Olsson, Mr. 
George K. Spence, Mr. Edwin Sutermeister, Mr. F. G. Wheeler, 
and American Writing Paper Co., Dominion Engineering Works, 
E. I. Dupont de Nemours Co., F. C. Huyck & Sons, Hydraulic 
Machinery Co., Improved Paper Machinery Co., E. D. Jones 
& Sens Co., A. D. Little, Inc., National Aniline and Chemical 
Works, Process Engineers, Pusey & Jones Co., Rice, Barton A 
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